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PREFACE TO THIRD EDITION. 

In preparing a Third Edition for the press, I have 
adhered to my original plan of publishing these Lectures 
just as they were taken down by the short-hand writers. 
I have, however, altered here and there a mere word or 
two, and in a few places, where it appeared to be called 
for, I have added an explanatory sentence. 

Other brief additions [enclosed in square brackets] 
deal chiefly with facts which have been discovered since 
the Second Edition (a very large one) was published. 

I have not reprinted the polemical part of the Preface 
to that edition. Professor ZoUner's charges, there alluded 
to, were withdrawn by himself: — ^while those of Professor 
Clausius were so fully met by me in the Philosophical 
Magazine for May 1879 that his reply has not, so far 
as I know, even yet appeared. And the reference to 
Mohr's work has been amplified, and embodied in 
the text of the book. 

Here my Preface might have ended, had it not been 
that a new critic has appeared on the scene, in the form 
of Professor du Bois-Reymond, who, in his capacity of 
Secretary to the Royal Academy of Sciences of Berlin^ 
considered himself justified in speaking as follows at 
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a gala meeting of that Academy on March 28th, 
1878:1— 

* Foreign investigators, in their ignorance of the German lan- 
guage, often discovered for the second time things long known to us. 

*Not unfrequently, even when better informed, they took ad- 
vantage of the presumed right of independent discovery to cite 
their German predecessors only by the way or not at all. The 
Germans, on the other hand, showed a perfect national impartiality 
which was far more to their credit than their linguistic superiority. 
Indeed they never even conceived the possibility of national 
jealousy between learned men who seek nothing but the One Truth, 
but live, ideally, with the investigators of all countries as with 
their equals, without even imagining how little this; feeling is 
reciprocated, chiefly because foreigners know so little of us. 

* In other nations great pains were taken to find out among them- 
selves the germs of new discoveries, and iii one way or another 
this always succeeded. The German man of science only wished 
to find the true germ, whether it might be in a fellow-countryman 
or in a foreigner, and he never hesitated to recognise, as probably 
the first discoverer, a foreigner, if there was the slightest reason 
for the supposition. He was far more pleased to do historical 
justice than hurt to deprive Germany of a doubtful glory. 

* In the same way it was far from the thought of German men 
of science to exaggerate the importance of a first chance observa- 
tion, in order out of it to add to Germany's scientific credit. 

'What weight would others not have given to the fact, quite 
unnoticed by us, that the first galvanic phenomenon, which besides 
gave Volta the key to Galvani's researches, was observed here in 
Berlin by one of our predecessors ? 

* The national feeling does not blind German scientific men to 
the fact that the seeking out of such Priority is a double-edged 
weapon. For if an Irish physicist living in England and a 
Scottish physicist (who need no such addition to their fame) had 
Spectrmn Analysis in their pocket ten years before Kirchhoff and 

1 The obviously offensive intention which dictated this speech rendered 
me anxious to avoid all suspicion of having heightened it in translation : — 
so, at my request, my colleague Dr. Crum Brown has kindly made the 
subjoined version for me. 
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Bunsen, why did they not make out of it what Bunsen and Kirch- 
hoff did ? 

*Why? A Scottish man of science, whose name has been 
recently much before us, tells us in his Lectures on some Recent 
Advances in Physical Science. The German investigator knows all 
that is going on in Science, or at least has some one by him who does. 
If a German comes on a new idea, he can at once see, or be told, 
whether another has it or not, and in the latter case he can print 
the idea, and so secure the priority : the poor Britons, on the other 
hand, make the most splendid discoveries in the world without 
ever guessing that they have struck on anything new — like the 
Bourgeois GentHhomtne^ they speak prose without knowing it, — and 
let the priority slip them. The wily Germans I who, instead of 
contenting themselves like other innocent folks with their mother 
tongue, sneak into foreign languages to spy out the discoveries 
that are being made. 

*The unpleasant impression produced by these statements in 
the key of national antipathy is increased by other passages in these 
Lectures, The author makes it his special business to elucidate 
the history of the law of the conservation of energy, and tracks 
this law back to Newton's third law of motion, — the equality of 
action and reaction. Newton's second explanation of his third law 
is, he tells us, a nearly complete expression of the conservation of 
energy. 

*As the science of Mechanics depends on Newton's laws of 
motion, of course the conservation of energy can be somehow read 
out of them, or rather read into them. And we need not doubt 
that a head like Newton's had, in private, as much knowledge of 
the conservation of energy as could be had in his time. It is 
another question what view he took of it, and what was his position 
towards it as manifested in his works. Whoever is acquainted with 
the history of this doctrine knows Descartes's original but un- 
successful notions ; their correction by Leibniz : Leibniz's conception 
of the material world substantially agreeing with that now held. 
He knows that Newton in his Optics also disproved Descartes's 
opinion, although without mentioning its correction by Leibniz, 
and without himself undertaking this correction ; that the Cos- 
mogony-speculator called in God to put the planetary system right 
when it had gone wrong in consequence of accumulated perturba- 
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tions, which scarcely accords with the conservation of energy. To 
one who knows this epoch it will not seem impossible that the 
dissensions between Leibniz and Newton disgusted the latter with 
the subject, and formed the cause why the law of the conservation 
of energy received then so little assent in England. Certain it is 
that on the Continent, during the first half of last century, this law 
in the form given to it by Leibniz was the common property of 
scientifically educated persons, as it is now. This is no hidden 
mystery : it is easy to make it out from the literature of the last 
ten years. He who has all this before him can only shrug his 
shoulders at the artificial attempts to put Newton at the head of 
those to whom we owe the law of the conservation of energy. 
Perhaps the author of the Lectures is not sufficiently acquainted 
with the history on which he undertakes to throw light, and on the 
later developments of which he passes such rough judgment, and 
so only lays himself open to the suspicion, unfortunately not 
weakened by his other writings, that the fiery Celtic blood of his 
country sometimes runs away with him and makes him a scientific 
Chauvin. 

* Scientific Chauvinism, from which German men of science have 
hitherto kept themselves free, is more hateful than political, inas- 
much as one expects decent demeanour more from scientific men 
than from politically excited masses. May it be far from us in 
the future also 1 Let us not be misled in our intellectual habits by 
the present ebullition of national feeling in Europe. In spite of the 
tone of irritation appearing, now here, now there, among other 
nations, may we retain unlost the tradition of a scientific justice 
exercised without respect of nation, and of the serious literary 
work which this implies ! 

* May our Temple of the Muses remain a safe refuge for German 
cosmopolitanism if the storms of the time tolerate it nowhere else ! ' 

Is not this conceived very much in the spirit of the 
well-known passage: — Ich danke dir, Gott, dass Ich 
nicht bin wie andere Leute, Rauber, Ungerechte, 
Ehebrecher ; oder auch wie dieser Zollner } 

To any one who reads the above extract from 
Professor du Bois-Reymond's speech, it is obvious that 
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the Chauvinism (surely Pharisaism would be the more 
correct word) so freely denounced (in others) towards 
the end, has been as freely practised (by the speaker 
himself) from the beginning. 

But this special form of accusation is most parti- 
cularly unhappy as directed against my book. For the 
book shows no Chauvinistic tendencies, properly so 
called : — its praise or blame may be deserved, or not, 
but they are certainly awarded from considerations 
altogether independent of nation or race ; they are used 
throughout in favour of what I consider to be true 
Science^ and against quackery, knavery, bigotry, and 
superstition, wherever found. 

Fresnel and Camot, Gauss and Riemann, Young and 
Faraday, are names to be honoured to all time ; not 
by any means because they belonged to Frenchmen, 
Germans, or Britons ; but because they belonged to 
men who have, each in his turn, led the van in the 
intellectual struggles of his generation. 

But when a false prophet arises, or is raised up by 
others for the admiration of the unlearned multitude, it 
is a duty (often, it may be, a pleasant duty) to expose 
the hoUowness of his pretensions ; and to do so with 
sternly impartial relish whether he be French, German, 
or British. Equally is it a duty to bring forward the 
claims of a true prophet, be his nationality what it may ; 
if these have suffered from his own modesty or care- 
lessness, or from the neglect or disparagement of others. 

My censor should have thought of the possible 
application of some of his own phrases to himself 
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Was it not this fervent denouncer of Chauvinism who 
apologised to his students for the too Gallic sound 
of his own name ? What but an absolutely overmaster- 
ing antipathy to everything Gallic could have led a 
Professor of Physiology to speak of 'the fiery Celtic 
blood ' — of a Norseman ? 

And the most recent authoritative text-book of 
Spectrum Analysis ^ published a year or two ago in 
Berlin, supplies a singular comment on the above 
eulogy of German scientific men in general. Though 
historical details are freely given in that work, the name 
of Balfour Stewart is not even once mentioned! I take 
this work as an example, because it is a high-class one. 
But, even from my own reading, which has been mainly 
confined to standard works (so far as German is con- 
cerned), I could supply numerous equally striking 
examples of exceptions to the sweeping statement so 
confidently made by my censor. 

My acquaintance with Leibnitz's works may not be 
so profound as is that of Professor du Bois-Reymond ; 
but, such as it is, it has led me to accept the opinion of 
Huygens on him as a man^ and that of Gauss on him 
as a mathematician. Surely even Professor du Bois- 
Reymond will allow that these (especially as neither 
was Gallic) were competent judges. 

P. G. TAIT. 

College, Edinburgh, 
Dec. 29M, i884r. 
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The following Lectures were given in the spring of 
1874, at the desire of a number of my friends, — mainly 
professional men, — who wished to obtain in this way a 
notion of the chief advances made in Natural Philosophy 
since their student days. 

The only special requests made to me were, that I 
should treat fully the modem history of Energy, and 
that I should publish the Lectures verbatim. 

The reader will judge for himself how far the first 
request has been attended to. As to the second, it is 
necessary to explain that, being very busy, I had not 
time to do more than arrange a few notes for each 
lecture ; so that the course was entirely extempore, and 
was taken down by excellent short-hand writers. 

Besides necessary corrections, only one large change 
was made in the M.SS., viz., the excision of a great 
many of those repetitions which are indispensable in 
extempore lecturing, but are intolerable in a book. 
Professors Clerk-Maxwell and Balfour Stewart have 
been kind enough to read the proofs, and to suggest 
several valuable improvements. 

The work must, however, be regarded as in no sense 
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whatever a finished production, though I hope it will 
be found not only accurate but also readable. In fact, 
I could not possibly have found time to rewrite the whole 
in the form in which I should like to have presented it 
for publication ; so that the reader is requested to 
remember, if he desires to find fault, that the non- 
removal of many defects whose correction would have 
required large changes, was the condition under which 
alone the book could have appeared. Still, I should 
not have allowed it to be published had I not been 
assured by coinpetent judges that in spite of its neces- 
sary imperfections it is calculated to be useful. 

P. G. TAIT. 

College, Edinburgh, 
February 1876. 
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LECTURE L 

INTRODUCTORY. 

Classification of Recent Advances in Physical Science. General Statement of 
the Objects of Physics. Time and Space. Matter, Position, Motion, and 
Force. Digression upon d priori reasoning. Instances of modem or 
revived fallacies — Uniformity of Earth's Rotation, Stability of Solar 
System, Heat developed the equivalent of work spent in compressing a 
gas. Causa aquat effectum. Gilbert the true originator of Experimental 
Science. Test of the reality of Matter — fails when applied to Force— not 
when applied to Energy. Conservation, Transformation, and Dissipa- 
tion of Energy. Ignorance and Incapacity alike of Spiritualists and 
Materialists. 

b In considering what may be designated as * Recent 

Advances in Physical Science/ it is well to remember 
that many things which have become almost popularly 
known within the last twenty-five years are much 
older in the minds and writings of the foremost scien- 
tific men. We cannot, however, treat them intelligibly 
without reference, sometimes pretty full, to what was 
known even earlier still : so that you must not be sur- 
prised if I have a good deal to say of Davy and Rum- 
ford, and even of Newton. 

I shall, for the sake of clearness, attempt roughly to 
classify these recent advances under five well-marked 
heads ; but I shall do so very briefly, deferring expla- 
nation even of new scientific terms till I have to treat 
each of these heads in detail. 

First and foremost, advances connected with the 

A 
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modern notion of Energy. Just as Gold, Lead, Oxygen, 
etc., are different kinds of Matter, so Sound, Light, 
Heat, etc., are now ranked as different forms of Energy, 
which, as we shall presently see, has been shown to 
have as much claim to objective reality as matter has. 
This grand idea enables us to co-ordinate all the parts, 
however apparently diverse, of the enormous subject 
of Natural Philosophy. It has not only thus enabled 
us to exhibit the science in a complete and connected 
form, but it has also, specially by the application of the 
laws of Thermo-dynamics (to which a large part of this 
course will be devoted), enabled us to find those points 
where rapid advance was most easily to be secured. 

Secondly, The advances which have arisen, more or 
less directly, from the requirements felt in practical 
applications. To take but a single instance : think of 
the immense improvements in instruments for the 
measurement of electric charges and electric currents, 
such as electrometers and galvanometers, which have 
been effected because called for by the recent exten- 
sions of submarine telegraphy. It is not too much to 
say that the instruments now employed, and which 
were primarily devised for practical telegraphic pur- 
poses, are hundreds of times more sensitive, as well as 
more exact, and therefore more useful for purely 
scientific purposes, than the best of those which were 
in use thirty years ago. Thus it is that a development 
of science, in a practical direction, leads to the construc- 
tion of instruments which have, as it were, a reflex 
action on the development of the pure science itself. 

Thirdly. Those which arise from the assistance ren- 
dered to one another by pure sciences, such as astro- 
nomy, chemistry, and physiology, where, in fact, the 
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improvement of one branch has led, almost immedi- 
ately, to important . extensions of other branches. 
Under this head we may also include those very great 
advances which are due to improvements in our mathe- 
matical methods. 

Fourthly. What may be called casual discoveries, 
though they are often of very great importance ; such 
as, for instance, the discovery of fluorescence, with its 
manifold consequences, and the invention of the pro- 
cesses of photography. Such discoveries, instead of 
being, as in old days, wondered at and left isolated, are 
now at once attacked on all sides by numberless en- 
thusiastic experimenters. 

Fifthly. There is another class, very numerous but 
more difficult to exactly describe. As a single ex- 
ample of this class, I may mention the modern statis- 
tical methods of treating certain problems of physical 
science, especially those connected with the movements 
of particles of gases and liquids, to which I shall advert 
at considerable length in the course of these lectures. 

I have now to consider how I should best commence 
the analysis of these various heads ; and I think the 
proper method will be first to sketch the subject as if 
from a distance — to point out a few of the principal 
peaks which we have to ascend, and of the more formi- 
dable abysses which we have to avoid ; striving all the 
while to introduce as early as possible some of those 
new technical terms which are absolutely indispensable 
to accuracy and definiteness, and which, therefore, can 
not be too soon mastered. 

Natural Philosophy, as now regarded, treats generally 
of the physical universe, and deals fearlessly alike with 
quantities too great to be distinctly conceived, and with 
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quantities almost infinitely too small to be perceived 
even with the most powerful microscopes ; such as, for 
instance, distances through which the light of stars or 
nebulae, though moving at the rate of about 186,000 
miles per second, takes many years to travel ; or the 
size of the particles of water, whose number in a single 
drop may, as we have reason to believe, amount to 
somewhere about 

lo'*^ or 100,000,000,000,000,000,000,000,000. 
Yet we successfully inquire not only into the composi- 
tion of the atmospheres of these distant stars, but into 
the number and properties of these water-particles, nay, 
even into the laws by which they act upon one another. 

The fundamental notions which occur to us when we 
commence the study of physical science are those of 
Time and Space, A measure of time may be obtained 
by physical methods, as in fact is done incidentally in 
Newton's First Law of Motion, wherein he asserts that 
a mass left to itself moves uniformly. That is, equal 
times are the times in which such a mass describes 
equal spaces. Of space, we can ascertain by observa- 
tion the properties. But we cannot inquire into the 
actual nature of either space or time, except in the way 
of a purely metaphysical, and therefore of necessity 
absolutely barren, speculation. We have, however, 
mathematical methods specially adapted to the treat- 
ment of these two abstract ideas ; Algebra, which has 
been called (by Sir W. R. Hamilton) the science of pure 
time; and Geometry, which may be designated the 
science of pure space. 

The common measurement of time primarily depends 
upon the rotation of the earth about its axis. This, 
however, as will be seen when we advance a little 
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further, is by no means a uniform quantity, and there- 
fore ultimately the measurement of time must be based 
upon some motion depending on a physical property of 
matter which we have every experimental reason for 
believing to be unchangeable by time, and invariable 
throughout the universe. Probably such an ultimate 
standard for the measurement of time will be found in 
one of the periods of vibration of the molecules of a 
heated gas, such as hydrogen, under given conditions. 

The properties of space, involving (we know not why) 
the essential element of three dimensions, have recently 
been subjected to a careful scrutiny by mathematicians 
of the highest order, such as Riemann and Helmholtz ;^ 
and the result of their inquiries leaves it as yet un- 
decided whether space may or may not have pre- 
cisely the same properties throughout the universe. 
To obtain an idea of what is meant by such a state- 
ment, consider that in crumpling a leaf of paper, which 
may be taken as representing space of two dimensions, 
we may have some portions of it plane, and other 
portions more or less cylindrically or conically curved. 
But an inhabitant of such a sheet, though living in 
space of two dimensions only, and therefore, we might 
say .beforehand, incapable of appretiating the third 
dimension, would certainly feel some difference of 
sensations in passing from portions of his space which 
were less, to other portions which were more, curved. 
So it is possible that in the rapid march of the solar 
system through space, we may be gradually passing to 
regions in which space has not precisely the same pro- 
perties as we find here — where it may have something 
in three dimensions analogous to curvature in two 

1 See Helmholtz' paper in Mifid, No. III. 1876. 
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dimensions — something, in fact, which will necessarily 
imply a fourth-dimension change of form in portions 
of matter in order that they may adapt themselves to 
their new locality. But for the full discussion of a 
question like this it would be necessary to introduce 
mathematical reasoning of a transcendental character. 

In addition to these fundamental notions of time and 
space, the next four which force themselves upon us in 
the physical universe are those of Matter, Position, 
Motion, and Force. As with these ideas commences 
the study of physics proper, I leave them for a moment 
to consider in what way or in what spirit we ought to 
treat problems of physical science. Remember that 
the subject of my lectures is the Advances of Physical 
Science. It is well then to inquire briefly to what we 
are indebted for such advances. And every one who 
has with any attention studied the history of scientific 
progress sees at once that 

These advances come or not according as we remember 
or forget that our science is to be based entirely upon ex- 
periment or mathematical deductions from, experiment 

There is nothing physical to be learned d, priori. We 
have no right whatever to ascertain a single physical 
truth without seeking for it physically, unless it be a 
necessary consequence of other truths already acquired 
by experiment, in which case mathematical reasoning 
is alone requisite. 

Let us consider for a moment to what fearfully absurd 
consequences a neglect of this self-evident principle has 
led in former times, and too often even in modern days. 
Men were told by the antients that the planets move in 
circles because circular motion is perfect ! They were 
told also in the middle ages that the sun cannot pos- 
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sibly have spots ! They were told that the earth was 
at rest ; that Nature abhors a vacuum^ etc. etc. And 
all these dogmas were enuntiated by otherwise reason- 
able men. Within the last fifty years we have had 
philosophers like Hegel saying that the motion of the 
heavenly bodies is not a being pulled this way and 
that: that they go along, as the antients said, like 
blessed gods. Further, that pressure, gravity, etc., are 
true only of terrestrial, not of celestial matter. Hegel 
winds up this truly wonderful statement by saying 
that both are matter^ just as a good thought and a bad 
one are both thoughts, but the bad is not therefore good 
because the good one is a thought^ 

As instances of still more recent, in fact quite modern, 
fallacies of a somewhat similar kind, I shall take but 
four, two of which are in their very nature excusable, — 
the other two utterly unpardonable. 

First, there is the assumption that the earth's rotation 

is absolutely uniform. Now, to say nothing of the 

effects of cooling and consequent shrinking, the effects 

' of volcanic disturbances and upheavals, the effects of 

degradation of mountains, and various other causes 

^ Naiurphilosophie^ § 269. [The passage is so incredibly absurd that I 
feel bound to quote it.] Die Bewegung der liimmelskorper ist nicht 
ein solches Hin- und Hergezogenseyn, sondem die freie Bewegung ; sie 
gehen, wie die Alten sagten, als selige Gotter einher. Die himmlische 
Korperlichkeit ist nicht eine solche, welche das Frincip der Ruhe oder 
Bew^[ung ausser ihr hatte. Weil der Stein tritge ist, die ganze Erde 
aber aus Steinen besteht, und die andem himmlischen Korper eben derglei- 
chen sind — ist ein Schluss, der die Eigenschaften des Ganzen denen des 
Theils gleichsetzt. Stoss, Druck, Widerstand, Reibung, Ziehen und der- 
gleichen gelten nur von einer andem Existenz der Materie, als die himm- 
lische Korperlichkeit Das GemeinschafUiche Beider ist freilich die Ma- 
terie, so wie ein guter Gedanke und ein schlechter beide Gedanken sind : 
aber der schlechte nicht darum gut, weil der gute ein Gedanke ist. 
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which must tend more or less to affect the earth's rota- 
tion (shrinking and degradation accelerating it, while 
upheavals retard it, according to a mechanical principle 
which is involved in Newton's Third Law of Motion), 
there has been recently revived the study, first pointed 
out by Kant, of the effect of tidal retardation upon the 
length of the day. In fact, the earth with the tide-wave 
upon it, pointing on the average almost axially towards 
the moon, is virtually revolving in a friction-brake or 
collar ; and so long as it moves with reference to this 
tidal wave, so long must it move subject to friction, and 
therefore of course with continually decreasing velocity. 
Then, again, we had the confident assertion of the 
absolute stability of the solar system; that is to say, 
grand arguments were founded by the Teleologists on 
the assumption that the eccentricities and inclinations, 
and so on, of the planetary orbits, though constantly 
varying, fluctuated between certain definite, and in 
general very narrow limits, and that after a by no 
means long series of ages all bodies in the solar system 
would return to almost precisely their former configura- 
tion as to position and velocity. Now, in arriving at 
this result, which of course they themselves under- 
stood in its true sense, Laplace and Lagrange confess- 
edly employed approximate methods of solution only. 
They left out of account what are termed technically 
the squares of disturbing forces ; that is to say, of two 
planets, each of which has disturbed the other's position, 
the effects of the first upon the second were calculated 
by leaving out of account the disturbance of the posi- 
tion of the first, and vice versd. In order to improve 
upon this approximation, at least without enormous 
labour, mathematical methods of a far more powerful 
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order than have yet been invented are requisite, and 
therefore it is not from this point of view that the solu- 
tion can at present be improved ; nor can we well form 
an idea of the nature of the modification which the 
results of the approximate method would undergo. But 
the idea which I have just mentioned with reference to 
tidal friction, which has not yet been taken account of in 
the solution of these planetary problems, shows at once 
that so long as the parts of any moving integral portion 
of the system are capable of being displaced relatively 
to one another, and so moving relatively with friction, 
so long must there be a cause tending constantly to the 
degradation of the rates of motion in the system, and 
therefore that stability of the planetary system is im- 
possible under present conditions. Remember that it 
was in the imagined interests of religion that the earth's 
motion was denied. History repeats itself here. An 
ill-informed Teleologist, however good his intentions, is 
far more dangerous to the cause he has at heart than 
the bitterest of its declared enemies. 

Then let us take the question of the heat developed 
by compressing a gas. You all know that a piece of 
tinder can be set on fire when it is enclosed in a cylin- 
der in which the air is suddenly compressed by pushing 
in a tight-fitting piston. Great credit has recently been 
claimed for two speculators, Sdguin and Mayer, who 
independently propounded the hypothesis that the heat 
developed in such a case is the equivalent of the work 
spent in compressing the air ; or its converse, that the 
heat lost in expansion is the equivalent of the work done 
by the expanding material. To make such hypotheses 
without preliminary experimental measurements, is 
simply to fall into the fatal error to which I have already 
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adverted, — the i/nV7rx assertion of physical principles. 
To see that it is so, we have only to consider that a 
gas might (for all we can tell without experiment) have 
the properties of a spiral spring. Suppose, in fact, in- 
stead of air, the cylinder above spoken of to be filled 
with a number of spiral springs so adjusted as not to 
interfere with each other's motions. In compressing 
such a set of springs, exactly the same amount of work 
may be spent as in compressing air, and yet we may 
find no trace whatever of heat generated. It therefore 
appears obvious that until we know for certain the ulti- 
mate nature of a gas, the only way (independent of mere 
guessing) to discover the relation between the heat 
developed by compression and the work spent in pro- 
ducing it, is to experiment ; and that without experi- 
ment it is impossible to lay down any general relation 
between them. The modern view of the constitution of 
a gas, in which its particles are supposed to be flying 
about with great velocity in all directions, and constantly 
impinging upon one another and upon the sides of the 
vessel, leads us almost directly to many valuable conclu- 
sions, among which I will refer for the moment only to 
the result known as Boyle's law, where we contemplate 
the compression of a gas whose temperature is kept con- 
stant. Suppose, for instance, the particles to be moving 
with a certain velocity in every direction, we find that if 
the piston could be moved half way down the cylinder, 
and the velocity of the particles not thereby increased,^ 
the number of impacts per second upon the ends of the 
cylinder must become twice as great as it was before, 

' This would be a violation of the principle of Dissipation of Energy, as 
will be seen by the reader of Lecture VI. But that does not invalidate its 
usefulness as an illustration of the present argument. 
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because the length of the cylinder is only half as great. 
Also, the number of impacts per second per square inch 
upon the curved sides of the cylinder must likewise 
be doubled, simply because there is the same number 
of particles as before, impinging with the same velo- 
cities, but upon only one half of the surface. If we' 
could manage to advance the whole piston by infini- 
tesimally small stages, so as at each such advance to 
take advantage of the absence of all molecular pres- 
sure upon the piston, or to advance at every instant 
those parts of the piston upon which for the moment 
no impact was impending, we should produce this dimi- 
nution of bulk without altering in any respect the velo- 
cities of the particles of gas ; and therefore, according 
to Boyle*s law, and according to the analysis just given, 
we should have the case of a gas doubled in pressure, 
and occupying exactly one half the bulk which it occu- 
pied at first, but without increase of temperature. Here 
then is another mode of contemplating the compression 
of a gas without any production of heat. This question 
is one of great importance, and I intend to treat it 
pretty fully in the course of these lectures. 

The only other fallacy which I shall mention for the 
present, is that of basing physical results upon the old 
dog-Latin dogma, causa csquat effectum. It is difficult to 
decide whether the Latinity or the (semi-obscure) sense 
is in this dogma the more incorrect The fact is, that 
we have not yet quite cast off that tendency to so-called 
metaphysics which, has often completely blasted the 
already promising career of a physical inquirer. I say 
'so-called' metaphysics, because there is a science of 
metaphysics ; but from the very nature of the case, the 
professed metaphysicians will never attain to it. In fact 
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if we once begin to argue upon such a dogma as the 
above, the next step may very naturally be to inquire 
whether cause and effect are simultaneous or succes- 
sive: — and then we shall have become so mystified 
about the meaning of the word Cause that we may well 
be ready to inquire (as many have already done) what 
is the necessarily ever acting cause of the uniform 
motion of a body upon which no forces act ! 

The originator of true experimental science seems 
to have been Gilbert of Colchester, whose deservedly 
celebrated treatise De Magnete was published 300 years 
ago. After him came Galileo and Newton, each making 
gigantic strides in the true direction, and by them this, 
the ONLY way of attaining to a discovery of physical 
laws, was permanently established. The proof of this 
is, that the last two centuries and a half have achieved, 
in purely physical science, million-fold what had been 
accomplished before them. And it is not that we are 
now more able, nor that we have more leisure — cer- 
tainly not : — 

* ... for Romans now 
Have thewes and limbs like to their ancestors'.' 

It is rather that whenever the direction given to inquiry 
is a proper one, the men come forward. This direction 
was good in Britain at certain memorable times, as when 
Newton and Hooke were contemporaries ; in the days 
of Maclaurin and Cotes, and in those of Cavendish and 
Watt. At intervals it broke down entirely £is regards 
mathematical physics, partly as regards experimental 
physics, and once again it has become good ; and conse- 
quently, since the ever-memorable days of Young and 
Davy, we have had Green and Hamilton, Faraday and 
Graham, and we can still rejoice in the possession of 
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Stokes and Thomson, Adams and Clerk-Maxwell, Joule 
and Andrews, This list is as good as either of the 
others, and might be considerably increased. Other 
countries have had their similar fluctuations, all I be- 
lieve traceable to similar causes. Little more than 
half a century ago, France had such mighty names as 
Ampere, Laplace, Lagrange, Poisson, Fresnel, Fourier, 
Camot, Cauchy, etc. I name them just as they occur 
to me. We cannot do much in the way of classifying 
men like these. Germany now has Helmholtz, Weber, 
Kirchhoff, and has but recently lost Gauss, Jacobi, Dir- 
ichlet, Plucker, Riemann, and Magnus. 

The sad fate of Newton's successors ought ever to 
be a warning to us. Trusting to what he had done> 
they allowed mathematical science almost to die out 
in this country, at least as compared with its immense 
progress in Germany and France. It required the 
united exertions of the late Sir J. Herschel and many 
others to render possible in these islands a Boole and 
a Hamilton. If the successors of Davy and Faraday 
pause to ponder even on their achievements, we shall 
soon be again in the same state of ignominious in- 
feriority. Who will then step in to save us } 

Even as it is, though we have among us many names 
quite as justly great as any that our rivals can pro- 
duce, we have also (even in our educated classes) such 
an immense amount of ignorance and consequent cre- 
dulity, that it seems matter for surprise that true sci- 
ence is able to exist. Spiritualists, Circle-squarers, 
Perpetual-motionists, Believers that the earth is flat 
and that the moon has no rotation, swarm about us. 
They certainly multiply much faster than do genuine 
men of science. This is characteristic of all inferior 
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races, but it is' consolatory to remember that in spite of 
it these soon become extinct Your quack has his little 
day, and disappears except to the antiquary. But in 
science nothing of value can ever be lost ; it is certain 
to become a stepping-stone on the way to further truth. 
Still, when our stepping-stones are laid, we should not 
wait till others employ them. ' Gentlemen of the Guard, 
be kind enough to fire first,' is a courtesy entirely out 
of date ; with the weapons of the present day it would 
be simply suicide. 

To come back to our second set of elementary ideas, 
Matter, Position, Motion and Force. Of these, the 
second (Position) is a purely space relation, or geo- 
metrical conception, and must necessarily be relative, 
unless something like the idea of Riemann already 
referred to have an actual existence in the universe. 
The third (Motion) is mere change of position, but as 
that change may take place more or less rapidly, it 
involves the idea of time as well as of space. But both 
of these ideas are quite independent of the remaining 
two (Matter and Force) ; and in fact their study forms 
the subject of a special mixed science of Time and 
Space, called Kinematics, which takes its place beside 
the older sciences, Geometry and Algebra, which I have 
already adverted to as the sciences of pure Space and 
pure Time. 

The grand test of the reality of what we call Matter, 
the proof that it has an objective existence, is its in- 
destructibility and uncreateability — if the term may be 
used — by any process at the command of man. The 
value of this test to modern chemistry can scarcely be 
estimated. In fact we can barely believe that there 
could have existed an exact science of chemistry had it 
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not been for the early recognition of this property of 
matter ; nor in fact would there be the possibility of 
a chemical analysis, supposing that we had not the 
assurance by enormously extended series of previous 
experiments, that no portion of matter, however small, 
goes out of existence or comes into existence in any 
operation whatever. If the chemist were not certain 
that at the end of his operations, provided he has taken 
care to admit nothing and to let nothing escape, the 
contents of his vessels must be precisely the same in 
quantity as at the beginning of the experiment, there 
could be no such thing as chemical analysis. Some 
substance might suddenly appear,^ or some substance 
might suddenly vanish, and no reasoning whatever could 
lead to a deduction from the results of experiments 
under such conditions. This, then, is to be looked 
upon as the great test of the objective reality of matter. 
There remains to be treated Force, the last of the 
fundamental four. The notion is suggested to us di- 
rectly, by the so-called * muscular sense,' which gives us 
the feeling of pressure, as when we move a body with our 
hand or foot. But we must be particularly cautious as 
to the way in which we treat the evidence of our senses 
in such matters. Think of Sound and Light, for in- 
stance — which, till they affect a special organ of sense, 
are mere wave-motions. The sensation is as different 
from the cause in such cases as are the bruise and the 



* Hegel believed in such possibilities. Witness, among others, the 
following — almost the raciest of the manifold absurdities of the Naiurphilo- 
sophU. It occurs in § 332. Ebenso werden die kaustischen Kali "wieder 
milde ; man sagt dann, sie ziehen Kohlensaure aus der Luft ein. Das ist 
aber eine Hypothese ; sie machen yielmehr aus der Luft erst Kohlensaure, 
am sich abzustnmpfen. 
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pain produced by a cudgel or a cricket ball from the 
mere motion of those portions of matter before impact 
on a part of the human body. In all likelihood a 
similar (probably a more sweeping) statement is true 
of force. [This subject is treated in a special Lecture, 
appended to the present work.] 

The definition of force in physical science is implicitly 
contained in Newton's First Law of Motion, and may 
thus be given : — 

Force is any cause which alters a bodys natural state 
of rest or of uniform motion in a straight line. 

The only difficulty, and it is a serious one, which we 
feel here, is as to the word 'cause ;' for this, amongst 
material things, usually implies objective existence. 
Now we have absolutely no proof of the objective ex- 
istence of force in the sense just explained. In every 
case in which force is said to act, what is really observed, 
independent of the muscular sense (whose indications, 
like those of the sense of touch in matters concerning 
the temperatures of bodies, are apt to be excessively 
misleading), is either a transference, or a tendency to 
transference, of what is called energy from one portion 
of matter to another. Whenever such a transference 
takes place, there is relative motion of the portions of 
matter concerned, and the so-called force in any direc- 
tion is merely the rate of transference, or of trans- 
formation, of energy per unit of length for displacement 
in that direction. Force then has not necessarily 
objective reality any more than has Velocity or Posi- 
tion. The idea, however, is still a very useful one, as 
it introduces a term which enables us to abbreviate 
statements which would otherwise be long and tedious ; 
but, as Science advances, it is in all probability destined 
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to be relegated to that Limbo which has already 
received the Crystal Spheres of the Planets, and the 
Four Elements, along with Caloric and Phlogiston, the 
Electric Fluid and the Odic or Psychic Force. 

It is only, however, within comparatively recent years 
that it has been generally recognised that there is some- 
thing else in the physical universe which possesses to 
the full as high a claim to objective reality as matter 
possesses, though it is by no means so tangible, and 
therefore the conception of it was much longer in forcing 
itself upon the human mind. The so-called * imponde- 
rables,* — things of old supposed to be matter — ^such as 
heat and light, et cetera^ are now known by the purely 
experimental, and therefore the only safe, method to be 
but varieties of what we call Energy, — something which, 
though not matter, has as much claim to recognition 
on account of its objective existence as any portion of 
matter. The grand principle of Conservation of Energy,^ 
which asserts that no portion of energy can be put out 
of existence, and no amount of energy can be brought 
into existence by any process at our command, is sim- 
ply a statement of the invariability of the quantity of 

^ Great confusion has been introduced into many modem British works 
by a double use of the word Force. It is employed, without qualification, 
sometimes in the sense of force proper (as above defined), sometimes in the 
sense of energy I The two things (if force proper can be caUed a • thing,* 
having probably no objective existence, and certainly no conservation, 
except possibly in a highly refined sense, which Faraday in vain attempted 
to realise experimentally, but which, even if it were proved, would have 
no connection with conservation of energy) are of as different orders as 
miles and square miles, though perhaps they are not quite so incomparable 
as minutes and yards or pence. Even a mere want of precision in the 
use of terms of such fundamental importance is altogether incompatible 
with the existence of true scientific method. [See Lecture xiv, (on Force) 
at the end of this volume.] 

B 
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energy in the universe, — ^a companion statement to that 
of the invariability of the quantity of matter. 

The laws of energy differ from those of matter in one 
most important respect, so far at least as we yet know 
by experiment. Matter cannot, so far as we yet know, 
be transmuted from one kind to another, though in 
some cases it assumes what is called an allotropic form. 
The great characteristic of energy, on the other hand, 
is that in general we can readily transform it (in fact it 
is of use to us solely because it can be transformed), but 
in all its transformations the quantity present remains 
precisely the same. 

Energy may be defined as the power of doing work, 
or, if we like to put it so, of doing mischief. I have 
already pointed out to you that the notion of energy is 
harder to seize than that of matter. Wherein, for in- 
stance, consists the difference between a mass of snow 
lying on the mountain side and the same mass when it 
has fallen and rests in the valley below > Obviously, 
so far as the matter present is concerned, the two sub- 
tances are identical, except in so far as molecular 
changes, such as melting, may have altered the state 
of some portions of the mass during or after its descent 
Yet the elevated mass possesses, in virtue of its eleva- 
tion alone, a power of doing work or mischief, which it 
has lost entirely when it has descended as far as it can. 
By the mere fact, then, of its elevation, it possesses a 
power which it does not possess when it has descended. 
This is called energy of position, or Potential Energy. 
Other examples of it are to be found in a wound-up 
spring or weight, as in a clock, a bent bow ; or in gun- 
powder ; and various others might easily be mentioned. 
Perhaps the most striking of all instances that we can 
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give is that of the food of animals, including as one of 
the principal constituents the oxygen of the atmosphere. 
But when the snow is detached from the mountain 
side, in descending it acquires another form of energy, 
depending entirely on its motion ; and thus we distin- 
guish between energy of position and energy of motion 
or Kinetic Energy. To those who have acquired the 
intelligent use of the terms it is matter of common 
observation that as the one of these quantities becomes 
less, the other becomes greater. The velocity of the 
falling snow increases constantly as it gradually de- 
scends ; and exact calculation, according to physical 
experiment, shows us that the amount of potential 
energy lost in every stage of the operation is precisely 
equal to the amount of Kinetic energy gained. The 
process may be inverted if we consider Kinetic energy 
to be originally communicated to a body, suppose, for 
simplicity, in a vertically upward direction. We know 
that a stone thrown into the air gradually loses velocity 
as it ascends higher and higher ; for an instant, when it 
has lost all velocity, it pauses, and then returns, gradually 
regaining velocity, as it in turn loses its advantage of 
position ; and calculation, applied to this case, shows 
that at every stage, whether of the ascent or of the 
descent, the sum of the Potential and the Kinetic 
energies remains precisely the same, except in so far 
as it is modified by the resistance of the air. This, 
however, gives us no exception to the general truth of 
the principle of conservation of energy, because any 
energy lost by the stone is communicated without loss 
of quantity to the surrounding air. 

We contemplate, therefore, with reference to energy, 
its conservation, which merely asserts its objective 
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reality ; its transformations, which render it indispens- 
able to the existence of life and the physical changes in 
the universe ; but it has in addition another and even 
more curious property. We have seen that change is 
essential to the existence of phenomena such as we 
observe : and, that this change may take place, it is 
necessary that there should be constant transformations 
of energy. But some forms of energy are more capable 
of being transformed than others ; and every time that 
a transformation takes place, there is always a tendency 
to pass, at least in part, from a higher or more easily trans- 
formable to a lower or less easily transformable form. 

Thus the energy of the universe is, on the whole, 
constantly passing from higher to lower forms, and 
therefore the possibility of transformation is becoming 
smaller and smaller, so that after the lapse of sufficient 
time all higher forms of energy must have passed from 
the physical universe, and we can imagine nothing as 
remaining, except those lower forms which are incapable, 
so far as we yet know, of any further transformation. 
The low form to which all transformations with which 
we are at present acquainted seem inevitably to tend, 
is that of uniformly diffused heat : or, more precisely, 
heat so diffused as to produce uniform temperature. 
We know, in fact, that in order to make any use of heat 
— ^to transform it into mechanical power or into any 
other form of energy — it is absolutely necessary that we 
should have bodies of different temperatures. We must, 
as it were, have a source and a condenser. Now, when 
all the energy of the universe has taken the final form 
of heat so diffused as to produce uniform temperature, 
it will obviously be impossible to make any use of this 
heat for further transformation. Thus, so far as we can 
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as yet determine, in the far distant future of the universe 
the quantities of matter and energy will remain ab- 
solutely as they now are — the matter unchanged alike 
in quantity and quality, but collected together under 
the influence of its mutual gravitation, so that there 
remains no potential energy of detached portions of 
matter; the energy also unchanged in quantity, but 
entirely transformed in quality to the low form of heat 
so diffused as to produce uniformity of temperature.^ 

This, the Dissipation of Energy,' is by no means well 
understood, and many of the results of its legitimate 
application have been received with doubt, sometimes 
even with attempted ridicule. Yet it appears to be at the 
present moment by far the most promising and fertile 
portion of Natural Philosophy, having obvious applica- 
tions of which as yet only a small percentage appear to 
have been made. Some, indeed, were made before the 
enuntiation of the Principle, and have since been recog- 
nised as instances of it Of such we have good ex- 
amples in Fourier's great work on Heat-conduction, in 
the optical theorem that an image can never be brighter 
than the object, in Gauss's mode of investigating elec- 
trical distribution, and in some of Thomson's theorems 
as to the energy of an electromagnetic field. But its 
discoverer has, so far as I know, as yet confined himself 
in its explicit application to questions of Heat-conduc- 
tion and Restoration of Energy, Geological Time, the 
Earth's Rotation, and such like. Unfortunately his long- 
expected Rede Lecture^ has not yet been published, and 

^ Thomson On a Universal Tendency in Nature to Dissipation of Energy, 
Proc. R.S.E. 1852. 

^ What follows is extracted from my address as President of Section A 
at the British Association Meeting of 187 1. 

* Delivered in the Senate Housej Cambridge, in 1866. 
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its contents (save to those who were fortunate enough 
to hear it) are still almost entirely unknown. 

But there can be little question that the Principle 
contains implicitly the whole theory of Thermo-electri- 
city, of Chemical Combination, of AUotropy, of Fluor- 
escence, etc., and perhaps even of matters of a higher 
order than common physics and chemistry. In Astro- 
nomy it leads us to the grand question of the age^ or 
perhaps more correctly the phase of life, of a star or 
nebula, shows us the material of potential suns, other 
suns in the process of formation, in vigorous youth, and 
in every stage of slowly protracted decay. It leads us to 
look on each planet and satellite as having been at one 
time a tiny sun, a member of some binary or multiple 
group, and even now (when almost deprived, at least at 
its surface, of its original ener^) presenting an endless 
variety of subjects for the application of its methods. 
It leads us forward in thought to the far-distant time 
when the materials of the present stellar systems shall 
have lost all but their mutual potential energy, but 
shall in virtue of it form the materials of future latter 
suns with their attendant planets. Finally, as it alone 
is able to lead us, by sure steps of deductive reasoning, to 
the necessary future of the universe — necessary, that is, 
if physical laws for ever remain unchanged — so it enables 
us distinctly to say that the present order of things has 
not been evolved through infinite past time by the 
agency of laws now at work, but must have had a 
distinctive beginning, a state beyond which we are 
totally unable to penetrate ; a state, in fact, which 
must have been produced by other than the now 
[visibly] acting causes. 

Thus also it is possible that in Physiology it may, ere 
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long, lead to results of a different and much higher 
order of novelty and interest than those yet obtained, 
immensely valuable though these certainly are. 

It was a grand step in science which showed that just 
as the consumption of fuel is necessary to the working 
of a steam-engine, or to the steady light of a candle, 
so the living engine requires food to supply its expen- 
diture in the forms of muscular work and animal heat. 
Still grander was Rumford's early anticipation that the 
animal is a more economic engine than any lifeless one 
we can construct. Even in the explanation of this 
there is involved a question of very great interest, still 
unsolved, though Joule and many other philosophers of 
the highest order have worked at it. Joule has given a 
suggestion of great value, viz., that the animal resembles 
an electromagnetic- rather than a heat-engine ; but this 
throws us back again upon our difficulties as to the 
nature of electricity. Still, even supposing this ques- 
tion fully answered, there remains another — perhaps 
the highest which the human intellect is capable of 
directly attacking, for it is simply preposterous to sup- 
pose that we shall ever be able to understand scientifi- 
cally the source of Consciousness and Volition, not to 
speak of loftier things — there remains the question of 
Life. Now it may be startling to some of you, especi- 
ally if you have not particularly considered the matter, 
to hear it surmised that possibly we may, by the help 
of physical principles, especially that of the Dissipation 
of Energy, some time attain to a notion of what con- 
stitutes Life — mere Vitality, I repeat, nothing higher. 
If you think for a moment of the vitality of a plant 
or a zoophyte, the remark perhaps will not appear so 
strange after alL But do not fancy that the Dissipation 
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of Energy to which I refer is at all that of a watch or 
suchlike piece of mere human mechanism, dissipating 
the low and common form of energy of a single coiled 
spring. It must be such that every little part of the 
living organism has its own store of energy constantly 
being dissipated, and as constantly replenished from 
external sources drawn upon by the whole arrangement 
in their harmonious working together. As an illustra- 
tion of my meaning, though an extremely inadequate 
one, suppose Vaucanson's Duck to have been made up 
of excessively small parts, each microscopically con- 
structed, as perfectly as was the comparatively coarse 
whole, we should have had something barely distin- 
guishable, save by want of instincts, from the living 
model. But let no one imagine that, should we ever 
penetrate this mystery, we shall thereby be enabled to 
produce, except from life, even the lowest form of life. 
Sir W. Thomson's splendid suggestion of Vortex-atoms, 
if it be correct, will enable us thoroughly to understand 
matter, and mathematically to investigate all its pro- 
perties. Yet its very basis implies the absolute necessity 
of an intervention of Creative Power to form or to de- 
stroy one atom even of dead matter. The question 
really stands thus : — Is Life physical or no ? For if it 
be in any sense, however slight or restricted, physical, it 
IS to that extent a subject for the Natural Philosopher, 
and for him alone. 

There must always be wide limits of uncertainty 
(unless we choose to look upon Physics as a necessarily 
finite Science) concerning the exact boundary between 
the Attainable and the Unattainable. One herd of 
ignorant people, with the sole prestige of rapidly in- 
creasing numbers, and with the adhesion of a few fana- 
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tical deserters from the ranks of Science, refuse to admit 
that all the phenomena even of ordinary dead matter 
are strictly and exclusively in the domain of physical 
science. On the other hand, there is a numerous group, 
not in the slightest degree entitled to rank as Physicists 
(though in general they assume the proud title of Philo- 
sophers), who assert that not merely Life, but even 
Volition and Consciousness are merely physical mani- 
festations. These opposite errors, into neither of which 
it is possible for a genuine scientific man to fall, so long 
at least as he retains his reason, are easily seen to be 
very closely allied. They are both to be attributed to 
that Credulity which is characteristic alike of Ignorance 
and of Incapacity. Unfortunately there is no cure; 
the case is hopeless, for great ignorance almost neces- 
sarily presumes incapacity, whether it show itself in the 
comparatively harmless folly of the Spiritualist or in 
the pernicious nonsense of the Materialist. 

Alike condemned and contemned, we leave them to 
their proper fate — oblivion ; but still we have to face 
the question, where to draw the line between that which 
is physical and that which is utterly beyond physics. 
And, again, our answer is — Experience alone can tell 
us ; for experience is our only possible guide. If we 
attend earnestly and honestly to its teachings, we shall 
never go far astray. Man has been left to the resources 
of his intellect for the discovery not merely of physical 
laws, but of how far he is capable of comprehending 
them. And our answer to those who denounce our 
legitimate studies as heretical is simply this, — A reve- 
lation of anything which we can discover for ourselves, 
by studying the ordinary course of nature, would be an 
absurdity. 
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A profound lesson may be learned from one of the 
earliest little papers of Sir W. Thomson, published while 
he was an undergraduate at Cambridge, where he shows 
that Fourier's magnificent treatment of the Conduction 
of Heat [in a solid body] leads to formulae for its distri- 
bution which are intelligible (and of course capable of 
being fully verified by experiment) for all time future, 
but which, except in particular cases, when extended 
to time past, remain intelligible for a finite period only, 
and tAen indicate a state of things which could not 
have resulted under Jcnown laws from any conceivable 
previous distribution [of heat in the body]. So far as 
heat is concerned, modern investigations have shown 
that a previous distribution of the matter involved may, 
by its potential energy, be capable of producing such 
a state of things at the moment of its aggregation ; 
but the example is now adduced not for its bearing on 
heat alone, but as a simple illustration of the fact that 
all portions of our Science, and especially that beautiful 
one, the Dissipation of Energy, point unanimously to a 
beginning, to a state of things incapable of being 
derived by present laws [of tangible matter and its 
energy] from any conceivable previous arrangement 

I conclude by quoting some noble words used by 
Stokes in his Address to the British Association at 
Exeter : — * When from the phenomena of life we pass 
on to those of mind, we enter a region still more pro- 
foundly mysterious. . . . Science can be expected to 
do but little to aid us here, since the instrument of re- 
search is itself the object of investigation. It can but 
enlighten us as to the depth of our ignorance, and lead 
us to look to a higher aid for that which most nearly 
concerns our wellbeing.' 



LECTURE II. 

THE EARLY HISTORY OF ENERGY. 

Newton's services to the subject only of late recognised. Second Law — 
There is no balancing of forces ; but only of the effects of forces — Geome- 
trical composition of velocities. Third Law — Its second interpretation 
an all but complete statement of the Conservation of Energy — Arithme- 
tical composition of the squares of velocities. Experimental results of 
Rumford and Davy, filling up the lacuna in Newton's statement. Their 
proofs that Heat is not matter. Davy's statement of the true theory of 
Heat. Speculations of S^guin and Mayer. 

Though the subject which has been proposed to 
me is, * The Advances of Physical Science within the 
last thirty years/ we must look upon the calling atten- 
tion to valuable though neglected or misunderstood 
discoveries of old time, as being quite as much an 
advance in the present age as anything that has been 
done for the first time within the last few years. I 
cannot commence better than with those two of the 
great advances made by Newton, which were unfor- 
tunately very little recognised during his life, but which 
within the last ten or twelve years have been brought 
prominently before the world, and have shown us how 
enormously in advance of his time — and perhaps in some 
respects even of our time — Newton was. 

The first of these is contained in his simply state- 
ment of the Second Law of Motion. I shall read it, 
not In his own words, but in a translation. He says : 
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* Change of motion is proportional to force^ and takes 
place in the direction of the straight line in which the 
force acts! Now, for the century and a half since 
Newton's time, mathematicians and natural philo- 
sophers have been puzzling themselves to invent 
various proofs — so-called statical proofs — of the law 
of composition of forces ; the law which informs us 
how we are to find a single force which will produce 
precisely the same effect upon a body as two simul- 
taneously acting forces applied at one point All these 
different schemes have been, I may say, one more 
complex than another; and they have finally landed 
the student in utter confusion. Out of that confusion 
we have only recently escaped by coming back to the 
simple, but extraordinarily complete, statement of 
Newton's which I have just read. 

Newton tells you, ' Change of motion is proportional 
to force,' He says nothing whatever as to what the 
motion was to begin with. He says nothing whatever 
as to the force being alone. There may be as many 
forces acting as we please ; and of every one of them 
he says the change of motion which it produces is pro- 
portional to it, and takes place in its direction. 

Moreover, in that statement Newton tells us that a 
force, according to him, always produces an effect. 
There is no such thing as two or more forces balancing 
one another — preventing one another from acting, as 
it were. Newton's notion is, if there is a force at all, it 
is doing something ; and what it does is, it produces a 
change of motion, or, in modern language, a change of 
momentum, proportional to itself and in its own direc- 
tion. So that, according to Newton, there is practi- 
cally no such thing as Statics. There is no balancing 
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of forces. There is balancing of the effects of forces, 
which is quite another thing. A force always produces 
its effect, and if two forces or more produce effects 
which balance one another, then we shall have perpetual 
balancing; but we have no balancing forces, merely 
a balancing of the effects they produce. We have the 
very simplest case of this where a weight is lying on a 
table. Gravity is constantly acting : the weight is con- 
stantly being pulled down by the attraction of the 
earth, but it is as constantly being pressed upwards by 
the resistance of the table ; and each of these is pro- 
ducing in each second a certain quantity of momentum. 
The one is producing momentum in a vertically down- 
ward direction ; the other is producing momentum in 
a vertically upward direction. These correspond to 
equal velocities in an upward and a downward direc- 
tion ; but it is the velocities, not the forces, which 
balance or neutralise one another. 

To extend this statement to the case of the funda- 
mental proposition in statics, which tells us how to 
compound two forces, and to find their resultant, all we 
have to do is to consider the two forces as acting upon 
a single particle of matter. If one of them acted alone, 
for a certain time, it would give it a velocity of a certain 
amount, and in a certain direction. If the other acted 
alone, for the same period of time, it would equally 
give a velocity definite in amount, and definite in direc- 
tion ; but a particle cannot be moving in more than one 
direction at a time, so that what we have to consider is 
this : — as Newton virtually tells us that the presence of 
a second force in no way interferes with the action of 
the first, we have to seek first what are the effects of the 
two separately, and then what, in consequence of these 
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effects supposed simultaneous, will be the actual motion 
of the particle. It comes then to be a question merely 
of compounding velocities — a purely geometrical (or, 
more strictly, kinematical) question instead of a physical 
i one. The Second Law of Motion, therefore, enables us 
to commence with the purely kinematical notion of 
compounding two velocities, and thereafter to translate 
that into the compounding of two forces. 

But the law of composition deserves a word or two. 
The compounding of two velocities is of course seen at 
once to be equivalent to this : If one body, such as a 
carriage, for instance, be moving in a certain direction 
with a certain velocity, and if some object in the carriage 
be simultaneously moving with reference to the carriage 
in a certain other direction, and with a certain other 
velocity, you can consider each of these separately — 
the motion of the carriage, or the motion of this body 
relatively to the carriage ; but when you take the two 
simultaneously, the result is that, with reference to the 
ground supposed fixed, there is a perfectly definite 
direction and velocity with which the body is moving. 
This is an obvious truth ; and the geometrical result is 
that, If we represent in magnitude and direction one 
of the two velocities by a line AB^ and the second 
velocity by another line BC^ drawn from the extremity 
of the first, then the single velocity, which is equivalent 
to the simultaneous existence of these two velocities, is 
found by drawing the third side AC oi the hitherto 
uncompleted triangle. It follows then that (turning 
to the forces which produce these motions) sls AB 
multiplied by the mass of the body is the change 
of motion produced by one of the forces, and BC 
multiplied by the same mass represents the change of 
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motion produced by the second force, — the change of 
motion produced by the two forces acting simultane- 
ously is the product of the mass moved into the third 
side AC of the triangle. But Newton's Law tells us 
that changes of motion are proportional to the forces 
which produce them. Therefore if AB be now taken 
to represent on a certain scale one of the forces, and 
BC the other, the single force which is represented on 
the same scale by the third side of the triangle will 
produce precisely the same effect upon the body as 
would be produced by the simultaneous action of the 
two separate forces. And you will see at once how it 
is that this law of geometrical composition of forces 




(what is called the triangle of forces), is merely a slightly 
different mode of expressing what you may be more 
familiar with under the designation of the parallelogram 
of forces, the so-called fundamental principle of statics. 
There, then, is the law of the geometrical composition 
of forces, and also of velocities. We have in this case 
two sides of a triangle (taken consecutively and in the 
same way round), which may be said in a sense to be 
geometrically equivalent to the third side (taken the op- 
posite way round), but the sum of their lengths is not 
equal to the length of the third side. This is the law of 
composition of what Sir W. R. Hamilton called vectors, 
and it is obviously generalisable into a similar construe- 
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tion for the composition of any number of velocities or 
forces in any directions in space. I leave it, without 
further comment for the moment, until I have made 
some remarks on Newton's Third Law, and then you 
will see how there is a physical sense in which we must 
take the sum, not of. two sides themselves, but of the 
squares of two sides ; how, in fact, the 47th proposition 
of the first book of Euclid comes in as part of the inter- 
pretation of Newton's Third Law of Motion. 

Newton's Third Law of Motion, to which I have just 
referred, is expressed in very simple words : ' To every 
action there is always an equal and contrary reaction^ 
These terms, * action ' and * reaction,' Newton proceeds 
to explain. He tells us that there are two senses, quite 
different from one another, in which you may interpret 
each of these words ; and yet that this same simple 
statement of the equality of action and reaction holds 
for each of these two perfectly distinct meanings. 

The first form of action is that of an ordinary force 
or pressure ; and Newton's statement then is equivalent 
simply to this : that if a weight presses upon a table, 
the table must react upon the weight with an equal and 
opposite pressure, and this whether the table is moving 
or not. Even supposing I were to lay so large a mass 
upon a table that the table were to give way, still while 
it was giving way, in the act of moving, if there were 
pressure at all between them, the load would press 
at every instant upon the table with an exactly equal 
and opposite force to that with which the table presses 
upon the load, and the same will hold however you 
may connect two bodies together. If you connect 
them either by mere contact, or by strings, or chains, 
or rods, or girders, anything — wherever there is a con- 
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nection between two bodies — if there be any action 
whatever along that connecting link, there always is an 
equal and opposite reaction. And a visible or tangible 
link is not necessary. The same law is true of gravita- 
tion-attraction, and of electric and magnetic attractions. 
So far, then, this is merely a question of forces ; but 
it seems to have entirely escaped the notice, not only 
of Newton's contemporaries, but of those who have 
succeeded him during the last 150 or 200 years, until 
quite lately, that Newton's second explanation, his second 
mode of interpreting his Third Law, is something per- 
fectly different from this, and leads us into a new order 
or range of phenomena. This second interpretation is 
so important that I must bestow considerable time upon 
it, because in reality it shows Newton to have been in 
possession of many of the principal facts of the conser- 
vation and transformation of energy. One or two of 
these facts escaped him, simply because he did not 
know what heat is, but he was very, very near attaining 
even that. He has given us all the mathematical mate- 
rials that are required for the treatment of it ; but he 
missed one great point, simply because experiment had 
not gone far enough in his time. Of course I need 
not say that he knew nothing (not even the name) of 
electro-magnetism and other recently discovered phy- 
sical agents, all of which we can now classify under 
energy ; but for everything that was known in his time, 
with thfe exception of heat, light, and electric energy^ he 
gave us a complete statement. That complete state- 
ment, strange to say, has only been found in his great 
work within the last few years. It is this, literally 
translated : — ' If the activity of an agent be measured [not 
by the agent itself, as in the case of a force, but]^ t/te 

C 
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product of its force into its velocity ^ and if similarly the 
counter-activity of tJu resistance be measured by the veloci- 
ties of its several parts multiplied into their several forces^ 
whether these arise from friction^ cohesion^ weighty or 
acceleration ; activity and counter-activity in all combina- 
tions of machines will be equal and opposite! Now, in 
order to see the full force of this statement, let us con- 
sider what is meant by the product of a force into its 
velocity. Newton, as he has shown in a previous defini- 
tion, understands, by the velocity of a force, not the 
whole velocity of the point to which it is applied, but 
the component of that velocity which is in the direction 
of the force. If, for instance, a horse is dragging a canal 
boat along, you are not to multiply the force of tension 
of the rope by the velocity of the canal boat, because 
the canal boat moves in one direction, and the tension 
of the rope is in general in a different direction. What 
you must do then is this : you must find out how much 
of the velocity of the boat is in the direction of the action 
of the force ; resolve it, as it is called, multiplying the 
amount of the velocity of the boat by the cosine of the 
angle between its direction and the direction of the 
force which is applied by the rope. Then, what Newton 
says is this : if you so treat it — multiply each force by 
the velocity (in this sense) of its point of application — 
you will find that the sum of the activities will be equal 
to the sum of the counter-activities. 

A word or two more about this before I consider the 
very admirable statement of various cases which Newton 
gives. Let us see what we mean now-a-days by what 
Newton calls here * the action of the agent' It is the 
product of the force into the resolved part of the velo- 
city in the direction of the force. Therefore it is the 
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product of the force into the rate at which the point of 
application moves in the direction of the force. The 
product of a force into the space through which it 
moves its point of application in its own direction is 
what we now call the amount of Work done by the 
force. But in Newton's statement it is not the amount 
of work done, but the rate at which work is being done, 
so that what he contemplates is really what we now-a- 
days measure, after Watt, by the unit called a horse- 
power — the rate at which an agent works when doing 
33,000 foot-pounds of work per minute. 

Now, you will particularly notice that he says the 
several parts of the resistance, ' whether these arise from 
friction, cohesion, weight, or acceleration.' 

I shall take, first, cohesion and weight. You can 
easily see how a resistance may arise from cohesion, 
which simply means what we now call molecular forces 
in general, as, for instance, when work is spent in 
changing the shape of a body— when it is employed 
in producing a shear, for instance. There you have 
the elastic forces of the body worked against ; and what 
Newton says is, that the amount of work spent, or the 
rate of spending work in distorting the body, is equal 
to the amount of work done or the rate of doing work 
against the elastic forces. It is thus stored up in the 
distorted body as Potential Energy. 

Then he says * weight :' the rate at which an agent 
works in lifting a mass is exactly equal to the rate 
at which work is done against gravity : and the work 
so done is stored up as Potential energy of the raised 
mass. 

Then he says ' acceleration ;' and that is by far the 
most important of those I have yet mentioned. When' 
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work is spent on a body where there is no resistance 
from friction or from weight, or from cohesion, Newton 
says that work will always be spent against a resistance 
due to acceleration ; that is, work is spent in overcoming 
the inertia of a body and increasing its velocity. This 
is a statement of very great importance ; and when we 
interpret it according to Newton's previously laid down 
definitions, we find that his Third Law here asserts that 
the rate at which the agent works is the rate at which 
the kinetic energy of the body increases. For it is an 
immediate consequence of Newton's words that the rate 
at which work is spent is measured by the product of 
the momentum into the acceleration in the direction of 
motion. Hence the Kinetic Energy (which is half the 
product of the mass into the square of its velocity) is 
increased by an amount equal to the work spent. Work 
spent against resistance to acceleration is thus stored up 
in the body in the form of an increase in the kinetic 
energy. 

That is very important ; but there is a still more 
important point, which Newton takes account of, and 
that is, work spent against friction. Whenever work is 
spent against friction, we all know now-a-days that 
heat is produced, and it has been proved by elaborate 
experiments, which I shall presently discuss, that the 
amount of heat produced is precisely proportional to 
the amount of work spent in producing it If Newton 
had known that such is the case, he could have had no 
difficulty whatever, after this extremely lucid statement 
of his, in passing to the general modern statement of 
the conservation of energy. So near had he arrived at 
it, that it wanted only experiments like those I am 
presently to describe, to have enabled him at once to 
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take a full grasp of the subject, at least so far as we 
know it in the present day. 

Before I leave this matter, however, I must say a 
word or two as to the result of compounding two 
amounts of Kinetic energy. Suppose we have a 
southward velocity amounting, let us say, to 3 feet 
per second, and simultaneously an eastward velocity 
amounting to 4 feet per second, then we know by 
Kinematics, how to construct the single velocity, which 
is the resultant of these two. All we have to do is 
to draw a line of length 3 southwards, and from its 
extremity a line of length 4 to the eastward, and 
then complete the triangle. In a geometrical sense, 
therefore, a velocity of 3 southwards and a velocity 
of 4 eastwards will be equivalent to a velocity which, 
if you calculate what the third side of that triangle will 
be, is represented by 5 on the same scale. It will 
then be a velocity of 5 in a direction which makes 
an angle, whose sine is ^, with the south line. So 
far the geometrical conception of composition is 
perfectly definite. But now let us see what this in- 
volves in the case of Kinetic energy. If a mass were 
moving with a velocity of 3 southwards, and simultane- 
ously with a velocity of 4 eastwards : its Kinetic 
energy, being proportional to the square of the velocity, 
is in the southward direction proportional to 9, the 
square of 3, while in the eastward direction it is pro- 
portional to 16. But the same mass moving with the 
resultant of these velocities has Kinetic energy pro- 
portional (on the same scale) to 25 — the arithmetical 
sum of the other two. So that there are two ways of 
compounding these combinations of the velocity and 
mass of a body. When it is a question of Momenta 
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— that is to say, when it is a question of the application 
of Newton's first meaning of the word actio — when the 
actio means a simple force or its time-integral, then you 
are to compound geometrically, and two sides of a 
triangle are in that sense equal to the third ; but when 
it comes to compounding Kinetic energies which are 
proportional to the square of the velocity, then you are 
limited to right-angled triangles, and having to add the 
squares of the two sides, you obtain the square of the 
third side. The difference then between the geometrical 
composition and the simple arithmetical addition is a 
difference depending upon the use of the first or second 
power of the velocity. When, as in momentum, the 
first power is involved, the magnitude is essentially a 
directed one, and two directed magnitudes must be 
compounded geometrically. But Kinetic energy, de- 
pending as it does upon the square of the velocity, is 
essentially non-directional, and its various parts, when 
independent of one another (as they are when they 
depend upon motions in directions perpendicular to 
one another), are to be compounded by simple addition. 
These two things, then, Momentum and Kinetic Energy, 
perfectly distinct from one another, having no reference 
to one another that we can trace at present, are both 
included in the simple form of statement of Newton's 
Third Law, only with a corresponding difference of 
meaning to be attached to two of the words involved. 

What Newton really wanted then was to know what 
becomes of work which is spent in friction. Now, the 
first successful answerer of that question was un- 
doubtedly Count Rumford, and from his paper of 1798 
I shall read some extracts, because it is one of the 
most valuable experimental papers that perhaps ever 
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was published. It is most admirably philosophical in 
its mode of experimenting, and it is throughout entirely 
opposed to that d priori style of reasoning which (as I 
showed you in my last lecture) is so fatal to progress 
in natural philosophy. Count Rumford says : — 

' It frequently happens, that in the ordinary affairs and occupa- 
tions of life, opportunities present themselves of contemplating 
some of the most curious operations of Nature ; and very interest- 
ing philosophical experiments might often be made, almost with- 
out trouble or expense, by means of machinery contrived for the 
mere mechanical purposes of the arts and manufactures. 

* I have frequently had occasion to make this observation ; and 
am persuaded, that a habit of keeping the eyes open to everything 
that is going on in the ordinary course of the business of life has 
oftener led, as it were by accident, or in the playful excursions of 
the imagination, put into action by contemplating the most common 
appearances, to useful doubts, and sensible schemes for investiga- 
tion and improvement, than all the more intense meditations of 
philosophers, in the hours expressly set apart for study.' 

Then again he says : — 

*• Being engaged, lately, in superintending the boring of cannon, 
in the workshops of the military arsenal at Munich, I was struck 
with the very considerable degree of Heat which a brass gun 
acquires, in a short time, in being bored ; and with the still more 
intense Heat (much greater than that of boiling water, as I found 
by experiment) of the metallic chips separated from it by the borer. 

*The more I meditated on these phenomena, the more they 
appeared to me to be curious and interesting. A thorough investi- 
gation of them seemed even to bid fair to give a further insight 
into the hidden nature of Heat ; and to enable us to form some 
reasonable conjectures respecting the existence, or non-existence, 
of zn igneous fluid : a subject on which the opinions of philoso- 
phers have, in all ages, been much divided. 

' From whence comes the Heat actually produced in the mechani- 
cal operation above mentioned ? 

* Is it furnished by the metallic chips which are separated by the 
borer from the solid mass of metal t 
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* If this were the case, then, according to the modem doctrines 
of latent Heat, and of caloric, the capacity for Heat of the parts of 
the metal, so reduced to chips, ought not only to be changed, but 
the change undergone by them should be sufficiently great to 
account for all the Heat produced.' 

He sees the difficulty : he catches at once really what 
is wanted — the true method of upsetting the old notion 
that heat is matter. The explanation which was 
given of the heat produced by friction by those who 
believed that heat is matter was simply this : — The 
body in its solid state, or rather in its massive state, 
before you began to abrade filings from it, possessed 
in that state a certain quantity of heat. It had a 
certain capacity for heat at a certain temperature ; 
in other words, it required so much heat to be mixed 
up with its particles in order to make the tempera- 
ture of the whole that which was observed. But if 
you could make it more capacious — if you could give it 
greater capacity for heat — then it would hold more 
heat without becoming of a higher temperature. On 
the other hand, if by any process whatever you could 
diminish its capacity for heat, then, of course, it would 
become hotter itself, and even give out heat to sur- 
rounding bodies, so that, according to the notion of the 
supporters of the caloric theory (as it was called), the 
production of heat by friction or abrasion is due to the 
fact that you make the capacity of a body for heat 
smaller by reducing it to powder. For of course, when 
its capacity for heat is thus made smaller, it must part 
with some of the heat it had at first ; or if it retains it, 
it must necessarily show the effect of the heat more than 
it did before, and must therefore rise in temperature. 
Now, this reasoning is, so far, perfectly philosophical. 
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We can say nothing against a mode of reasoning of 
that kind. The only fallacy in it was the assumption 
that heat is a substance. Now, see how well Rumford 
laid hold of that point, and how he proceeds by ex- 
periment to try if possible to satisfy his doubts about it. 
He says : — 

* If this were the case, then, according to the modern doctrines 
of latent Heat, and of caloric, the capacity for Heat of the parts 
of the metal so reduced to chips, ought not only to he changed, 
but the change undergone by them should be sufficiently g^eat to 
account for all the Heat produced.* 

Rumford found no difference, so far as his form of 
experiment enabled him to test it, between the capacity 
for heat of the abraded metal and the metal before 
the abrasion had taken place ; so that if this experiment 
had been only a satisfactory one — and Rumford did 
not see how to make it thoroughly satisfactory — the 
fact that heat is not matter would have been con- 
clusively established. What. Rumford really did want 
was this ; he wanted a process by which to bring the 
abraded metal and the non-abraded metal, if possible, 
to the same final state. He tried to do this by throwing 
them into water — equal quantities of the lumps and of 
the filings, equally hot, into equal quantities of water 
at the same lower temperature — to see whether they 
would produce different changes of temperature, each 
in its own vessel of water. But then they were not in 
the same final state. The filings, remember, were in 
a distorted state; they might have been very con- 
siderably compressed, or they might have been distorted 
in shape by shearing or something of that kind, in virtue 
of which they might have had a certain quantity of latent 
heat which he could not discover by this process. The 
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only legitimate and practicable process which we know 
of for completely answering that question, which was 
Rumford's sole difficulty, is a chemical process. Dissolve 
your lumps and an equal weight of your filings in equal 
quantities of the same acid. At the end of the operation, 
of course, there can be no doubt that the chemical sub- 
stances produced will be precisely the same, whether 
you begin with lumps or with filings. You will have 
the same chemical substance; but if there be any 
mysterious difference as to the capacity for heat in 
them, that will be shown during the process of solution. 
In general, in dissolving a metal in an acid, there is a 
development of heat ; but if there were any difference 
in the quantity of heat which the lumps and an equal 
weight of filings contained — that is to say, if heat could 
by any possibility be matter — then there would neces- 
sarily have been an escape of heat more in one vessel 
than the other. If Rumford had tried that one additional 
experiment, he would have had the sole credit of having 
established the non-materiality of heat. 

The details of Rumford's experiments are given in 
full, but I shall not describe them to you. I merely 
mention that they show extraordinary skill and care in 
experimenting, and wonderful precaution in trying to 
avoid, as far as possible, the necessary losses in the 
experiments. When losses were unavoidable and of a 
large amount, the same skill is shown in making separ- 
ate side experiments, in order to enable the operator 
to allow for them in the main experiments. The 
whole work itself is a model of experimental science. 
I shall now pass on to the final reasoning, merely 
mentioning in passing that Rumford actually managed 
to boil a large quantity of water, though an immense 
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amount of heat was lost in spite of all his precautions. 
Still the work of a single horse for two hours and twenty 
minutes was found sufficient to boil about 19 lbs. of 
water, besides heating a large casting of the cannon^ 
and all the machinery that was engaged in the process. 
He says : — 

* It would be difficult to describe the surprise and astonishment 
expressed in the countenances of the by-standers, on seeing so 
large a quantity of cold water heated, and actually made to boil, 
without any fire. 

* Though there was, in fact, nothing that could justly be con- 
sidered as surprising in this event, yet I acknowledge fairly that it 
afforded me a degree of childish pleasure which, were I ambitious 
of the reputation of a grave philosopher y I ought most certainly 
rather to hide than to discover.' 

Here is his final reasoning : — 

*' In reasoning on this subject, we must not forget to consider 
that most remarkable circumstance, that the source of the Heat 
generated by friction in these experiments, appeared evidently to 
be inexhaustible. 

' It is hardly necessary to add, that anything which any insu- 
latedhody or system of bodies can continue to furnish without limi- 
tation, cannot possibly be a material substance. It appears to me 
to be extremely difficult, if not quite impossible, to form any dis- 
tinct idea of anything capable of being excited and communicated 
in the manner in which the heat was excited and communicated in 
these experiments, except it be motion. I am very far from pre- 
tending to know how or by what means or mechanical contrivance 
that particular kind of motion in bodies which has been supposed 
to constitute Heat is excited, continued, and propagated;' 

and then he proceeds to apologise for the minutiae 
given in his paper. 

Now, when we make a calculation from the data fur- 
nished by Rumford's paper, we find this : that, supposing 
heat to be a form of energy, and taking 30,000 foot- 
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pounds per minute as the work of a horse (that is 
something like an ordinary estimate), the mechanical 
equivalent of heat is 940 foot-pounds. The meaning of 
that statement is, that if you were to expend the 
amount of work designated as 940 foot-pounds in stirring 
a single pound of water, then that pound of water when 
brought to rest at the end of the operation would be one 
degree Fahrenheit hotter than before you commenced. 
[Rumford throughout uses Fahrenheit's degrees.] We 
can put it in another form, which is perhaps still more 
striking. If you had a cascade or waterfall 940 feet 
high, then, in the fall of the water down that cascade, 
there would be 940 foot-pounds of work done by gravity 
upon each pound of water ; and therefore if all the 
energy which the m^oving water has, as it reaches the 
bottom of the fall, were spent simply in heating the 
water, the result would be that the water in the pool at 
the bottom of the fall would be i deg. Fahrenheit hotter 
than the water at the top of the fall. 

I may remind you here, that Rumford's experiments 
were published in 1798, so that they are of considerably 
old date ; but, like those which I am just going to 
advert to, they were barely noticed, or noticed only to 
be laughed at, until somewhere about the year 1840. 

Now, in the very year after the experiments of Rum- 
ford were published, we had the experiments of Davy. 
I need not go into minute details about them, because 
they were not by any means such models of careful 
experimental work as Rumford's. But, for all that, 
Davy gave conclusive proof (if he had only at the time 
seen it himself) that heat is not matter. His proofs 
were of this kind. He first showed that by rubbing 
two pieces of ice together — by simply expending work in 
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the friction of two pieces of ice-^you could melt the ice. 
Now, supposing heat had been matter, this is the sort 
of argument that a believer in the caloric theory would 
have used: two pieces of ice when rubbed together 
cannot possibly melt one another, because in order to 
melt them you will have to furnish heat to them. But 
the heat can only come from themselves when they are 
rubbed together; it cannot come from surrounding 
bodies, and therefore they cannot possibly melt to- 
gether, because to melt one another, they would have 
first to part with some of their heat in order to produce 
the melting. Davy showed, however, that the mere 
rubbing together of two pieces of ice by proper 
mechanical processes was sufficient to melt the surface^ 
layer of each. There still was this possible objection, 
that the heat might have come from some external 
source, so that his second experiment was of this kind. 
He rubbed two pieces of metal together, keeping them 
surrounded by ice, and in the exhausted receiver of an 
air-pump, so as if possible to avoid radiant heat, heat 
carried by convection-currents of air, and so on, and to 
remove every possible disturbing cause, or even source 
of suspicion, from his experiment ; and still he found 
that these two pieces of metal, when rubbed together 
thus, constantly produced heat and melted the ice, every 
precaution having been taken to prevent heat from 
getting at them from every side. It is curious that his 
reasoning upon the subject is extremely inconclusive, 
although his experiments themselves completely settle 
the question. He 5ays : — 

' From this experiment it is evident that ice by friction is con- 
verted into water, and according to the supposition its capacity is 
diminished ; but it is a well-known fact that the capacity of water 
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for heat is much greater than that of ice ; and ice must have an 
absolute quantity of heat added to it before it can be converted 
into water. Friction, consequently, does not diminish the capa- 
cities of bodies for heat ;' 

and there he stops. [Sir W. Thomson remarks on 
this passage (Encyc, Brity last edition, art. Heat), as 
follows : — Delete from ' and according to the supposi- 
tion,' to 'greater than that of ice,' inclusive; and 
delete the lame and impotent conclusion stated in the 
last eleven words. The residue constitutes an unanswer- 
able demonstration of Davy's negative proposition* that 
heat is not matter.] But some years afterwards he came 
to this conclusion from these experiments : — 

' Heat, then, or that power which prevents the actual contact of 
the corpuscles of bodies, and which is the cause of our own sensa- 
tions of heat and cold, may be defined as a peculiar motion, pro- 
bably a vibration of the corpuscles of bodies tending to separate 
them. It may with propriety be called the repulsive motion. 
Bodies exist in different states, and these states depend upon the 
action of attraction and of the repulsive power on their corpuscles, 
or, in other words, on their different quantities of repulsion and 
attraction.' 

Now, we see at a glance how he explains by these 
experiments what is the diflference between a solid and 
a liquid, and the difTerence again between a liquid and 
a gas. In general, the melting of a solid is produced 
by communicating heat to it. In other words, accord- 
ing to Davy's explanation, the particles of the solid 
are set in vibration, and thus, in consequence of the 
repeated impacts upon one another, they push one 
another side. And, as he also says, you may consider 
this repulsive motion to have a complete analogy to 
the so-called centrifugal force in a planetary orbit, for 
the faster one particle is moving about another, the 
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larger necessarily is the orbit into which it will be forced. 
The particles of a solid then are forced from one another 
by this repulsive action of heat, and the action of the 
heat upon it puts it into a liquid state. When you 
increase still further the amount of heat communicated 
to the body, you at length overcome altogether the 
cohesive forces, and you have free particles, as in a gas, 
flying about and impinging upon one another, but only 
for. very brief periods coming near enough in the course 
of their gyrations to bring into play the molecular 
forces again. Whenever, however, the molecular forces 
do come into play for a moment, you may have two 
particles adhering together, but they are soon knocked 
asunder by a blow from a third particle. 

There is one other sentence, however, which I must 
quote from Davy, and then I shall have finished my 
account of his contributions, which were later than 
1799, when his first paper was published. In fact, in 
1812 he enounces this proposition : — 

' The immediate cause of the phenomenon of heat, then, is motion, 
and the laws of its commimication are precisely the same as the 
laws of the communication of motion.' 

Now, we see at a glance to what an immense extent 
the science had been advanced in Davy's time. When 
Davy was in a position to make that statement, one 
had only to take it in addition to the second interpreta- 
tion of Newton's Third Law, and the dynamical theory 
of heat was in his possession. Still, that publication 
of Davy's in 18 12, like the earlier ones of Rumford and 
of Davy himself, remained almost unnoticed — ^looked 
upon, perhaps, as an ingenious guess, or something of 
that sort, but as something which it was not worth the 
trouble of philosophers to consider; and it was not 
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until Joule's time, somewhere about 1840, that the 
subject was fairly taken up, and that justice was 
rendered to their real value. Notice how distinctly 
these two great leaders were men who based their work 
directly upon experiment. There is no d priori guess- 
ing, or anything of that kind, about either Rumford's or 
Davy's work. They simply set to work to find out what 
heat is. They did not speculate on what it might be. 
But both before and after their time, there have been 
numbers of philosophers who have, without trying a 
single experiment, or at best trying only the roughest 
forms of experiment, endeavoured to discover by d 
priori reasoning what heat is. The list is a very long 
one, and includes names such as Locke and Bacon, which 
are distinguished in very different subjects, as well as 
to some extent in physics. These both express their 
complete conviction that heat consists in a brisk agita- 
tion of the particles of matter ; but then, as this was 
based upon no experiment whatever, it can simply be 
looked upon as a happy guess. In the present day 
when a philosopher comes forward and makes similar 
statements, without any experiment, we simply put 
*him in the same category as Locke and Bacon, we 
justly refuse to give him any credit for a matter of that 
kind. 

There was one man of this class, however, M. 
S^guin, a nephew of the celebrated Montgolfier, who 
all but redeemed himself from being so classified. 
S6guin himself says he got from his uncle his idea that 
heat is certainly not matter, but corresponds to a 
certain kind of energy ; and he says that he had made 
various experiments with a steam-engine, in order to 
test whether the same quantity of heat reached the 
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condenser as had left the boiler. He was, unfortunately, 
unsuccessful in all his experiments. He was certainly 
on the right track, and had he succeeded there he 
would have been entitled to be considered as an inde- 
pendent discoverer of the non-materiality of heat. For 
it is obvious that if we can show by any experiment 
whatever that heat is put out of existence, or that fresh 
heat is brought into existence, either of these at once 
destroys all possibility of its being material. Now, if 
S6guin could have proved, by his actual measurements^ 
that less heat in any case reaches the condenser than 
left the boiler, he would have completely settled the 
question. From that point of view experiments have 
been made, and made very carefully, in recent times, 
by Hirn. Him has actually measured, in an ordinary 
working steam-engine, by most careful experimental 
methods, the quantity of heat which leaves the boiler 
and the quantity which reaches the condenser. He has 
measured also the quantity which is lost by radiation, 
conduction, and currents of air over all parts of the 
machine, and he has found, as a final result, that when 
the engine is at work, as, for instance, when a number 
of spindles are being turned, there is a greater dHTerence 
between the quantity of heat which leaves the boiler 
and the quantity which reaches the condenser than when 
the steam is simply blown through the engine without 
doing any work. In the latter case the greater part of 
it reaches the condenser ; in the former case there was 
less of it that reached the condenser — more of it, in 
fact, was put out of existence, or, to speak more cor- 
rectly, more of it was converted into work done by the 
engine during the operation. 

But what I chiefly wish to impress upon you is that 

D 
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S^guin, although he went to work in a correct manner, 
reasoned from an utterly unsound basis. His reason- 
ing was of this kind, that when a body expands and 
thereby becomes colder, it loses heat, and that the heat 
so lost is necessarily the equivalent of the work done 
during the expansion. 

Another of the speculators on the dynamical theory 
of heat, but who did not publish till 1 842, three years 
after S6guin, was Mayer, who in very many quarters 
still gets the credit of being the real author of the 
whole science of Energy, including Thermo-dynamics. 
Mayer's speculation was based on precisely the con- 
verse of that of S6guin. S^guin said the amount of 
work done by an expanding heated body is the equi- 
valent of the heat which it loses. Mayer said the 
amount of heat which is produced by compressing 
a gas or any other body is the equivalent of the work 
spent in compressing it. You will see at once that these 
two statements are precisely the same, only the "one is 
the converse of the other. If the one be true, the other 
necessarily will be true also ; but both are d priori 
assumptions, and we now know by experiment that 
neither of them is true under any realisable circum- 
stances whatever ; though in certain cases they are ap- 
proximately true. Each of the two speculators, S^guin 
and Mayer, tried to apply his hypothesis by calculation 
to the properties of a particular substance. S6guin tried 
steam, because he was more familiar with steam ; Mayer 
tried air, because he had some physical data for it. 
S^guin's calculations were very far wrong on the one side 
of the truth ; Mayer's were very far wrong on the other 
side of the truth ; but Mayer's substance, namely, air, 
has been since experimentally proved by Joule to be 
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capable of giving an almost exact result Mayer by 
chance, then, in the middle of his d. priori speculations, 
lit upon a method — ^although he got it from a false 
principle — ^which Joule afterwards proved to be a good 
one, and used as one of his modes of obtaining the 
value of the dynamical equivalent of heat. Still, we 
must give Mayer no credit for that, for although he laid 
down his law quite generally, air was the only substance 
he had data for, and he chose it on that account. But 
even with this, his data were so bad that he got a result 
as far from the truth as the one obtained by S^guin. 
Only S6guin has this great credit, to which Mayer has 
no claim, that, seeing that if heat be not matter, some 
of it must disappear in the working of an engine, he 
tried to measure the quantity of heat coming to the 
condenser, in order to show that it was less than that 
which left the boiler. 

I find that I have now exhausted my time, and there- 
fore I shall merely mention that, in my next lecture, I 
shall take up the history of the theory of energy, as it 
was developed by the sound methods of Colding and 
Joule in papers published about 1843 \ ^i^d I shall then 
endeavour, with the facilities which this room affords 
me, to illustrate my explanation by a few experiments. 

[Note to Third Edition, The last three or four pages have been left in 
their original form, as expressing what was well known in 1874. But, of 
late, attention has been called to the services of Mohr, whose date is prior 
to that of S^guin, and still more so to that of Mayer. In the next lecture, 
a notice of these services will be inserted.] 



LECTURE III. 

ESTABLISHMENT OF THE CONSERVATION OF ENERGY. 

Further inquiry into the asserted claims of Mayer. Opinions of Colding and 
Joule on Mayer's first paper. [Insertion (1884) on the prior claims 
of Mohr.] Colding's Experiments. Joule's Elxperiments. Numerical 
value of the Dynamical Equivalent of Heat. Helmholtz's argument 
from the Perpetual Motion. Transformation and Dissipation of 
Energy. Illustrative experiments. 

In my last lecture I showed you in what state Newton 
left the grand question of conservation of energy, what 
an enormous step he took, and what was the sole great 
difficulty remaining in his way. Then I showed you 
how, in regard to the particular branch of it which we 
call the dynamical theory of heat, Rumford and Davy 
had, at the very end of last century, almost completely 
settled the question that heat is not matter. A little 
was wanting in the work ot each. Rumford wanted 
only one small chemical experiment in addition to his 
grand physical experiments. Davy wanted a little more 
conclusive reasoning than he showed at the time. Had 
one or other of these been furnished before the end of 
the last century, it would have been to the last century 
that we should have been indebted entirely for the 
dynamical theory of heat It was not, however, until 
1812 that Davy applied correct reasoning to his experi- 
ments, and obtained the correct deductions from them ; 
and then he stated in a distinct form the important 
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propositions that heat is motion, and that the laws of its 
communication are precisely the same as the laws of 
communication of motion. Then I showed you that 
S^guin, although he was altogether wrong in his d priori 
idea, had a true sense of what was really wanted to this 
question, and that he made a correct, but unhappily 
unsuccessful, experimental attempt to supply it. Then 
we came to Mayer, a man who has, especially of late, 
been persistently held up as the discoverer, not merely 
of the dynamical theory of heat, but of the whole sub- 
ject of conservation of energy. Of him, I may remark 
— because the question is one of importance — though 
at the present day we are hardly perhaps far enough 
advanced in time calmly and dispassionately to consider 
the relative claims of these authors ; still, I may remark 
that a great deal of the eulogy which has been bestowed 
upon Mayer is altogether undeserved, and that Joule 
has even yet received far too little credit for the enor- 
mous advances he made. In the first place, Mayer 
was altogether wrong in his d priori idea. On that Sir 
William Thomson and I made, in 1862, the following 
remarks, which no one has ventured directly to challenge 
in the slightest particular : — 

* Mayer's method is founded on the supposition that diminution 
of the volume of a body implies an evolution or generation of heat ; 
and it involves essentially a false analogy between the natural fall 
of a body to the earth, and the condensation produced in an elastic 
fluid by the application of external force. The hypothesis on which 
he thus grounds a definite numerical estimate of the relation be- 
tween the agencies here involved, is that the heat evolved when an 
elastic fluid is compressed and kept cool, is simply the dynamical 
equivalent of the work employed in compressing it. The experi- 
mental investigations of subsequent naturalists have shown that 
this hypothesis is altogether false for the generality of fluids, espe- 
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cially liquids, and is at best only approximately true for air; 
whereas Mayer's statements imply its indiscriminate application 
to all bodies in nature, whether gaseous, liquid, or solid, and show 
no reason for choosing air for the application of the supposed prin- 
ciple to calculation ; but that at the time he wrote, air was the only 
body for which the requisite numerical data were known with any 
approximation to accuracy.' 

Then, in addition to these two absolute errors which 
are mentioned in this passage, I may call attention to 
the preposterous it priori principles upon which he 
reasons. There are two of them ; the one is causa 
cequat effectunty to which I have never been able to attach 
any meaning, and the other ex nihilo nihil fit These 
may be a basis for scholastic disquisitions, such as the 
celebrated old question of the number of angels that 
can simultaneously dance on the point of a needle, but 
they are altogether unfit for introduction in any shape 
whatever into physical reasoning. Then, again, Mayer's 
work was altogether destitute of experiment. He sug- 
gests, no doubt, the carrying out, on a larger scale, an 
experiment which he says he tried, namely, shaking 
a little phial of water for a considerable time, to find 
it at the end of the time warmer than it was at the com- 
mencement : — merely, I may say in passing, a bad sub- 
stitute for a hint due to Rumford, that the churning of 
water would be a good experimental method, I daresay 
most of you will see that such an experiment as Mayer*s, 
unless proper precautions were taken to prevent con- 
duction of heat from the hand to the bottle of water, 
would very probably have resulted in the heating of the 
water considerably, even without the shaking : so that, 
in order to prove that the heat was due to the shaking, 
we should have required at all events a statement 
on Mayer's part of the precautions he had taken to 
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prevent one known source of heat from affecting the 
water.^ 

But, in addition to this, Mayer did not even believe 
that heat depends on motion ; and this is perhaps the 
most wonderful comment that can be made upon the 
consistency of those who, while constantly speaking of 
heat as a ' mode of motion,' call him the discoverer of 
the modern theory of heat. To effect this must surely 
have involved (to use the vigorous and expressive 
language of one of the most prominent popularisers of 
science) the necessity of * wrangling resolutely with the 
facts !* Mayer himself says, in his very earliest paper, and 
he never afterwards to my knowledge modified this state- 
ment (I translate freely), * We might much rather assert 
the opposite, that motion, whether it be a simple one or 
a vibratory one — like light, like radiant heat, and so 
on — must, in order to become heat, cease to be motion/ 
He actually says it must cease to be motion in order to 
become heat! Then he makes another and a very 
curious statement, the absolute erroneousness of which 
you will see in the course of another lecture. He says, 
sneeringly : ' Let any one try to melt ice by pressure, 
however enormous.' I shall show you that, as a con- 
sequence of the second law of thermo-dynamics, the 
melting of ice by pressure was predicted beforehand, 
and was verified afterwards by actual experiment. 

It is time, then, I say, that Mayer, even with our as 
yet imperfect means of judging, should be ranged, so 
far as we can, in his true place. He has been injudi- 
ciously praised, and he has been an unfortunate man, 

i Even this experiment, but carried out with something like philo- 
sophical precautions, was long before described by Reade in Nicholson's 
Journal^ 1808, p. 113. 
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and therefore, of course, there will be an outcry against 
any one who undertakes the necessary task of pointing 
out his real demerits. However, there is no such thing 
in scientific history as the argumentum ad misericor- 
diam. The blame, if any there be in such a matter, is 
due to those who preposterously gave him credit for 
what he did not do. The real merits of Mayer, how- 
ever, which are extremely great, but which are in 
danger of being forgotten or ignored in consequence of 
the unwarrantable claims made for him, depend upon 
his having, after getting a true theory by false reason- 
ing from inadequate and sometimes inadmissible pre- 
mises, reasoned rightly upon it, and developed it widely 
in its applications. Language has lost all meaning, 
however, if this can be called a claim to establishment 
of the theory itself. The fact is that in 1839 Faraday, 
and in 1841 Liebig, and about the same time others 
of the great philosophers who have lately died, made 
close approaches to the true theory by methods far 
more sound than those of either Mayer or Sdguin ; and 
yet, curiously enough, they have scarcely at any hand 
got the slightest recognition.^ 

The true modern originators and experimental demon- 
strators of the conservation of energy in its generality 
were undoubtedly Colding of Copenhagen and Joule of 
Manchester. It is interesting to see in what light these 
men regard Mayer and some others of those who pre- 
ceded them. I shall presently give you a quotation or 
two bearing on that point. 

In the meantime I may say, with regard to Colding,^ 
that he began by being metaphysical, but saw at once, 

* See Phil, Mag, 1864, II. p. 474 ; 1865, 1, p. 217 ; and 1876, II. p. 1 10. 
^ See his very interesting letter, PhU, Mag, Jan. 1864. 
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or very soon, that metaphysics was not the proper 
basis on which to found a search for physical facts. 
His metaphysics led him to form certain opinions, but 
before publishing one of them he set to work and 
laboriously brought it to the test of fact. Joule, on the 
other hand, seems to have begun by experimenting 
with the view of determining certain physical constants. 
He does not tell us whether he had any metaphysical 
opinion about their relations or not. He set to work 
experimenting, and it was only after a great and varied 
series of his experiments had been fully carried out, and 
valuable results obtained, that he began to make cer- 
tain applications of metaphysical reasoning to the con- 
nections which he had discovered. He did not apply 
metaphysics to discover anything, but to try and 
co-ordinate with other things the discoveries he had 
already made. Colding's work is by no means so exten- 
sive as Joule's. It is very nearly simultaneous with 
it, but it is neither so exact nor so extensive. Still, 
although Colding is hardly to be compared with Joule, 
he stands enormously high in comparison with any of 
the others who had experimented up to that time upon 
the conservation of energy. I will read you one or two 
extracts from Colding, and you will see from them how 
properly he went to work. He says : — 

* It was in accordance with this idea that I twenty years ago pre- 
sented to the Royal Society of Science here in Copenhagen, a trea- 
tise in which I explained my idea that force is imperishable and 
immortal ; and, therefore, when and wherever force seems to vanish 
in performing certain mechanical, chemical, or other work, the force 
then merely undergoes a transformation and reappears in a new 
form, but of the original amount as an active force. 

* In the year 1843 this idea, which completely constitutes the new 
principle of the perpetuity of energy, was distinctly given by me. 



58 THE CONSER VA TION OF EN ERG Y. 

the idea itself having been clear to my own mind nearly four years 
before, when it arose at once in my mind by studying UAlemberts 
celebrated and successful enunciation of the principle of active and 
lost forces J but of course the new principle was not as clear to me 
from the beginning as it was when I wrote my treatise in 

1843.' 

I may here parenthetically observe that Colding 
speaks of D'Alembert's celebrated and successful enun- 
tiation of a certain principle. This is nothing more or 
less than a particular case of that principle of Newton, 
which I gave you in a former lecture ;^ so that you see 
Colding really got his idea suggested to him by New- 
ton's work : — 

* According to the view which led me to this principle, its future 
importance, in case it were really true, was perfectly clear to me 
from the first instant. But this made me very anxious not to pub- 
lish it as a new law of nature until I should be able to give experi- 
mental proof of its truth ; and scientific men to whom I explained 
my idea, and especially our celebrated professor, H. C. (Ersted, 
agreed with me and advised me to be safe in this respect before I 
wrote ; and it was for this reason that I departed from my original 
intention of explaining it to a meeting of Natural Philosophers held 
in Copenhagen in 1840. 

* In my first treatise, of 1843, the title of which is " Theses con- 
cerning Force " {Nogle Scetninger om Krcefterne), I therefore not 
only presented my idea to the Royal Society (of Copenhagen) as a 
thing that most likely would hereafter be found to be a general law 
of nature, but, after stating that the only trustworthy decision of 
the question was to be got from the experimental investigation of 
nature itself, I went on to call attention to several old experi- 
ments made previously to my time, the first of which was Dulong's 
celebrated discovery respecting the heat disengaged or absorbed 
during the compression or expansion of a great number of different 
airs and gases, and I then showed how perfectly these experi- 
ments proved the truth of the said principle for bodies of that 
kind.' 

* Ante, p. 33. See Thomson and Tait's Natural Philosophy , § 264. 
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Then he goes on to say that having estabh'shed the 
proposition for elastic fluids, he proceeded to try ex- 
periments in conjunction with CErsted upon the com- 
pression of water ; and that next he advanced, just as 
Joule did about the same time, to experiments upon 
the compression of solids. He also says : — 

* I closed my discussion by showing that the discovery of a 
J>erpetuum mobile would be possible if my principle was wrong.' 

This shows that, to a certain extent at least, he had 
anticipated Helmholtz, of whose great services to this 
branch of science I shall presently speak. 

The remarks he makes about Mayer deserve to be 
quoted. He desires the republication, in an English 
journal, of his first paper, in order that it might be com- 
pared, as he says, with the paper of Mayer, which 
was most loudly vaunted in England at the time when 
his letter was written : — 

* I need scarcely say that such a comparison would be of great 
interest to me, as I believe it would convince your readers of the 
fact that M. Mayer wrote his remarks in 1842, before he was able 
to support them by a single experiment or by anything like a proof 
of their exactness, whilst I thought it to be my duty, before I wrote, 
to prove that my suppositions concerning the forces were confirmed 
by nature itself, as a law of nature.' 

He also says of his own experimental approximation 
to the dynamical equivalent of heat, that it is 

*very near the proportion that M. Mayer in 1842 supposed^ but 
di^ notprove^ to be right.' 

Joule's remarks^ upon the subject of S6guin and Mayer 
are also deserving of quotation : — 

* S^guin gives data from which the mechanical equivalent of heat 
may be readily deduced on his hypothesis, the result being too 

^ Phih Mag, 1864, II. p. 151 ; see also 1862, II. p. 121. 
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great in consequence of the thermal effect of the compression of 
vapour being understated. Neither in S^guin's writings of 1839, 
nor in Mayer's paper of 1842, were there such proofs of the hypo- 
thesis advanced as were sufficient to cause it to be admitted into 
science without further inquiry. I believe that the experiment 
attributed to Gay-Lussac was not referred to by Mayer previously 
to the year 1845. Mayer appears to have hastened to publish his 
views for the express purpose of securing priority. He did not 
wait until he had the opportunity of supporting them by facts. 
My course, on the contrary, was to publish only such theories as 
I had established by experiments calculated to commend them to 
the scientific public, being well convinced of the truth of Sir 
J. Herschel's remark, that "hasty generalisation is the bane of 
science." ' 

To these it would be easy to add several even more 
telling passages to the same eflfect. 

[In 1876 my attention was called to a paper by 
Mohr {Journal fur Pharmacie)^ of which I published a 
translation in the Phil, Mag, for August of that year. 
The date of the paper is 1837, ^^ ^^^ years before 
Mayer, and it contains, in a considerably superior form, 
almost all that is correct in Mayer's paper. Though it 
contains many mistakes, it avoids some of the worst 
errors of Mayer, especially his false analogy and his 
d priori rcdLSoning, The very process (for determining 
the mechanical equivalent of heat from the two specific 
heats of air) for which Mayer has been so extravagantly 
lauded : — although it is in principle, albeit not in 
practice, utterly erroneous : — is here stated much more 
clearly than it was stated five years later by Mayer. 

In December 1877, I received by post a copy qf a 
work Allgemeine Theorie der Bewegung und Kruft^ etc. 
(Braunschweig 1869), with the inscription, in a bold hand, 
* dedicated by the author. Dr. Mohr.' This work is con- 
clusive against Mayer's first paper. It leaves absolutely 
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nothing to him save his blunders. For it contains a 
reprint of an article by Mohr, published in 1837 in 
Baumgartner^ s und v. Holget^s Zeitschrift fiir Physik (of 
which the paper above alluded to was, it seems, a mere 
r^sum/). One sentence, only, need be extracted from 
this article (which ought certainly to be translated into 
English verbatim) to show how definitely in 1837 Mohr 
put into words a clear statement of the truth which 
Mayer vainly attempted to express clearly five years 
later. 

*Ausser den bekannten 54 chemischen Elementen 
gibt es in der Natur der Dinge nur noch ein Agens, und 
dieses heisst Kraft: — es kann unter den passenden 
Verhaltnissen als Bewegung, chemische Affinitat, Co- 
hasion, Electricitat, Licht, Warme und Magnetismus 
hervortreten, und aus jeder dieser Erscheinungsarten 
konnen alle iibrigen hervorgebracht werden. Dieselbe 
Kraft, welche den Hammer hebt, kann, wenn sie anders 
angewendet wird,jede der iibrigen Erscheinungen her- 
vorbringen.* 

This notable article did not obtain insertion in 
Poggendorff' s Annalen^ to which it was first sent One 
of the earliest and most valuable of Joule's papers met 
a similar fate at the hands of the Royal Society^ 

Having said this much with regard to the relative 
merits of these men, and having shown you that Joule 
is far the foremost, while Colding is the only one who 
deserves mention in comparison with him, so far as the 
present part of our subject is concerned, I proceed to give 
a rough general statement of what Joule really did, and 
then you will see what enormous advances he made 
within a few years from 1840. Joule, in 1840, published 
his first paper, which was with reference to the heat 
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produced by electric currents under various circum- 
stances. He was led by these experiments to see that 
there must be some relation between the heat produced 
and the quantity of zinc consumed in the battery ; thus, 
as it were, eliminating the mysterious agent, electricity, 
altogether from the final result The novelty and value 
of this idea can hardly now be realised by us. Then, 
again, Faraday's gfrand discoverj*^ of induced currents 
suggested to Joule the measurement of the amount of 
mechanical work we require to spend in order to pro- 
duce a given amount of electric current, which in its 
turn shall be frittered down into a given amount of heat. 
We should thereby have, as it were, not an immediate 
conversion of work into heat, as in the case of friction 
(which appears at least at first sight to give an imme- 
diate transformation from work into heat), but we should 
have a mediate transformation by induction of currents 
— we should transform the work of driving the mag- 
neto-electric machine into the energy of so much 
electric current, and then let that again turn itself 
into heat. You have first the work, then the electric 
currents, and finally the heat. Now, Joule seems to 
have observed that the same amount of heat was 
produced from this amount of work, whether the 
work was first employed in producing electricity, and 
then the electricity employed in producing heat, or 
whether the work was simply spent directly in produc- 
ing heat by friction ; and from that time he began to 
experiment, with the view of determining exactly what 
is the mechanical equivalent of heat, because he saw 
that unless it were certain, experimentally, that in all 
cases of friction, where there is nothing but heat to show 
for the work that has been spent — unless there could 
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always be found the same amount of heat for the same 
amount of work, whatever were the bodies which were 
made to rub against each other — unless something of 
that kind could be established, it would be vain to seek 
for any such thing as conservation of energy, or even for 
the much lower and in fact mere particular case of the 
equivalence between heat and work. If work and heat 
be equivalent in any sense, and if you spend work 
wholly in producing heat, you must get always the same 
amount of heat for the same amount of work, whatever 
be the nature of the engine which you employ. I may 
parenthetically remark (as it gives an inkling of what is 
to follow) that it is quite another question when you 
come to the conversion of heat into work ; when it comes 
to be a question of beginning with the heat, and con- 
verting that into work, the conversion cannot be wholly 
accomplished. Begin with work, and you can convert it 
all into heat. Begin with heat, and you cannot convert 
it all into work. The one case is perfectly definite, and 
therefore Joule, reasoning upon it, virtually said : — * If 
there be nothing but heat to show for a certain amount 
of work spent, then unless we always get, with every 
apparatus, the same amount of heat for the same amount 
of work, conservation cannot possibly hold.' He proved 
that this equivalence does subsist ; and his determination, 
finally published with all his latest improvements in 
1849, was 772 foot-pounds for a unit of heat ; that is to 
say, a pound of water which has fallen 772 feet, and had 
the whole of the energy of its fall, or the whole excess of 
potential energy which it had before falling, converted 
into heat, will simply be i deg. Fahr. hotter than it was 
before it fell. As I pointed out to you in my last lec- 
ture, Rumford's estimate was considerably above that ; 
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but it was confessedly only an estimate, while Joule's 
was the final result of an extended and laborious series 
of experiments. This leads us then to the statement 
of what is called the First Law of ThermO'dynamics. 
It may be put in very many forms, but I shall take the 
form which seems to be the most effective. The first 
law of thermo-dynamics, then, really established by 
Davy and Rumford, but altogether neglected and for- 
gotten, re-established by Joule and supplied by him 
with a definite numerical datum^ for the purpose of cal- 
culation, may be put in this form : — 

When equal quantities of mechanical effect are pro- 
duced by any means whatever^ from, purely thermal 
sourceSy or lost in purely thermal effects^ then equal quan- 
tities of heat are put out of existence or are generated : 
and for every unit of heat measured by the raising of a 
pound of water i deg, Fahr, in temperature^ you have to 
expend 772 foot-pounds of work. 

It is possible that that last figure of the 772, which is 
for the latitude of Manchester, may be wrong. The 
true number may be, for instance, 771*5 or 772*5, or 
something of that kind, but there is little doubt that 
Joule's determination is at all events considerably within 
one per cent, of the truth. It is particularly noteworthy 
that in 1843, from the heat developed by the friction of 
water in narrow tubes. Joule had given 770 foot-pounds 
as the mechanical equivalent.^ 

In addition to all this. Joule gave an experimental 
extension of the principle of conservation to other forms 
of energy, — that is to say, in addition to heat he enabled 
us to take current electricity, electro-magnetism, etc., 
into the same category. In fact, even in 1840, before 

1 PhiL Mag, \%^l,\\. 
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he had come to definite conclusions as to the generality 
of the principle of conservation, he had established ex- 
perimentally a grand series of particular cases of it ; and 
one of the most remarkable was this : — 

When any voltaic arrangement, whether simple or compound, 
passes a current of electricity through any substance, whether an 
electrolyte or not, the total voltaic heat which is generated in any 
time, is proportional to the number of atoms which are electro- 
lysed in each cell of the circuit, multiplied by the virtual intensity 
of the battery.^ 

Therefore, even at that early time, his experiments (and 
his reasoning was entirely based upon experiment) 
had led him to this conclusion, that whenever some- 
thing that was imponderable disappeared, and there 
appeared some other imponderable which could have 
no other origin, then the quantity of the one was 
directly proportional to the quantity of the other, and 
the ratio between these two had only to be determined 
by accurate measurement in order that you might 
know the mechanical equivalent of so much current 
electricity, or of so much heat, or even of the poten- 
tial energy of so much zinc and dihite sulphuric acid, 
or of any other substances in a state fit for chemical 
combination. 

Another most valuable experimental research of 
Joule's bears on the question of the mechanical value 
of Light?" He compared the heat evolved in the wire 
conducting a galvanic current, when the wire was ignited 
by the passage of the current, with that evolved when 
(with an equal current, suppose) it was kept cool by im- 

^ Phil. Mag. 1841, II. p. 275. Paper read before the Royal Society, 
December 17, 1840. 
' PhU. Mag. 1843, !• ?• 207. 

E 
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mersion in water. These experiments showed a small, 
but unmistakeable, diminution of the heat when light 
also was given out. However, all that was necessary 
in order to extend the principle of conservation to light 
was to show that light, like heat, electric currents, and 
so on, is a form of energy and not a form of matter ; in 
other words, to establish what is called the undulatory 
theory instead of the corpuscular theory. 

I may digress for a little to say a word or two as to 
how that was done. It is one of the important advances 
made within the period to which my lectures chiefly 
refer.^ It was established in France by Fizeau and 
Foucault, working originally by independent processes, 
but afterwards working together. The proposition then 
to be decided upon is: Does light, as it comes to us from 
the sun, for instance, consist in the transference of par- 
ticles of something luminiferous ? Is it matter, in fact, 
which is shot out from the sun ? or is it a propagation 
of disturbance of some kind or other which may be 
assimilated, for purposes of illustration, to wave-motion ? 
Is it, in short, a propagation of energy in some form 
or other, whether wave-motion or not, or is it a 
propagation of matter ? Now, Newton and Huyghens 
had, long ago, each from his own point of view, assigned 

^ I am aware that many excellent authorities attribute the establishment 
of the undulatory theory to Young and Fresnel — ^saying that interference 
as in the phenomena of difiraction, etc., had, in their hands, completely 
upset the corpuscular theory. But, as a fact, some of the more noted 
supporters of that theory (including Biot) were not convinced by these 
experiments, but were led to make further modifications of their favourite 
theory, while there can be little doubt that they would have accepted 
Fizeau and Foucatdt's results as decisive against them. Of course, such 
a statement as this in no way impugns the value of the magnificent work 
done by Young and by Fresnel. 
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the means of perfectly settling this question. Newton, 
in fact, had shown that if light be matter, then, on 
being refracted into a dense body, it will move more 
nearly in a direction perpendicular to the surface, 
provided it move faster in the dense body than in the 
rare one outside. That is to say, that, since we know 
that an oblique ray of light falling upon the surface of 
water, for instance, which is denser than the air, is 
refracted more nearly to the vertical, Newton had 
mathematically demonstrated that if light consist of 
particles, it must move faster in water than in air. 
Huyghens, on the other hand, showed that if light consist 
of wave-motion, and be refracted towards the vertical, 
at the horizontal surface of a dense body such as water, 
then its velocity in the dense body must be less than its 
velocity in the rare body. Thus there was a distinc- 
tion of the most marked character between the two 
theories. If therefore you can discover by experiment 
whether the velocity of light is greater or less in water 
than in air, you settle for ever the question whether 
light consists in the propagation of matter or in the 
propagation of motion or energy. Now the experiments 
separately made by Fizeau and Foucault both gave the 
result, that in water light moves slower than in air^ and 
therefore it necessarily followed that light is a form of 
energy. 

So far, then, we have come to the complete establish- 
ment experimentally of the classification of the impon- 
derables under the head of energy, and we have arrived 
at a general notion of relations of equivalence between 
them. The mere fact of conservation, of course, at once 
establishes that there must be relations of equivalence. 
So much of the one is equivalent to so much of the 
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other, provided you can effect the conversion of the one 
into the other. Of course it will always, or at least for 
a very long time, remain an extremely difficult problem 
to measure the equivalent of an amount of light. Still, 
it has been approximated to, and, among other processes, 
in this way : Light, when absorbed by an opaque body, 
is found to make the opaque body hotter. Here is an 
example of the principle of conservation. The energy 
of the light is not destroyed, but its vibratory motion 
cannot pass through this opaque body as light. It is 
employed in agitating the particles of the opaque body, 
and that body becomes hotter in consequence. We can 
measure, then, the quantity of light in terms of the heat 
which it produces, or to which it is equivalent, and then 
we can measure that quantity of heat in terms of 
mechanical work, so that, as Sir William Thomson did 
many years ago, shortly after Joule's discoveries appeared 
in print, we can calculate what he calls the mechanical 
value of a cubic mile of sunlight ; we can calculate how 
many foot-pounds of worjc are equivalent to the sunlight 
which a cubic mile of the earth's atmosphere, filled with 
direct sunlight, has in consequence of that luminous 
energy which is passing through it at the instant. 

Before I leave for the moment the subject of the con- 
servation of energy, I must speak of one additional 
name in connection with its discovery and early develop- 
ment, that of Helmholtz, the great physiologist of Berlin, 
who has now, at least nominally, ceased to be a physio- 
logist, but who remains one of the foremost of living 
mathematicians and natural philosophers. One of his 
early works was published in 1847, shortly after Joule 
and Colding had published their discoveries. It seems, 
however, that he was barely acquainted with the writings 
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of either, but had set to work himself, from a mathe- 
matical point of view, to settle the principle of conserva- 
tion of energy. In fact, the German title of his book is 
precisely an equivalent to our English phrase * conserva- 
tion of energy.' He based the principle upon one or 
other of two propositions, and it is interesting in the 
highest degree to consider what these propositions are, 
and to see how a man who was fully acquainted with the 
whole science of the time looked at a subject of this sort, 
and pointed out in what direction experiment ought to 
be turned in order to verify the conclusions of theory. 
He says, in effect, that if you take Newton's principle — 
the principle you have already heard [p. 33]-^and if you 
combine it with one or other of the two following postu- 
lates, you will establish completely the conservation of 
energy. The first postulate is : Let us suppose matter 
to consist of ultimate particles which exert on each other 
forces whose directions are those of the lines joining each 
pair of particles, and whose amounts depend simply on 
the distances between the particles. Suppose, in fact, 
that something akin to gravitation-force exists amongst 
all the particles of matter in the universe, that each 
particle attracts everj*^ other particle with a force which 
depends only upon the distance between them, not in 
any way upon the sides which are turned to one another, 
so that if you know the distance between them you 
know the amount of the attraction, and that the attrac- 
tion shall also be (in accordance with Newton's Third 
Law of Motion) in the direction of the line joining them. 
If you make that assumption, then it is a mere con- 
sequence of the ordinary laws of motion of gross matter 
that, if all forms of energy depend upon motion or 
position of such particles, the conservation of energy 
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must hold, and also that the so-called perpetual motion 
would be impossible under any circumstances. 

As an alternative, Helmholtz shows that we may take 
as our postulate this consequence of the first postulate. 
Take the impossibility of the so-called perpetual motion 
as a postulate, and take along with it Newton's grand 
statement of his second interpretation of the Third Law 
of Motion, these two together would, by themselves, 
enable you to prove the principle of conservation of 
energy. Now it Had for many years back been an 
accepted matter among men of science (as typified by 
the long-since announced determination of the French 
Academy to consider as not having reached it, any paper 
whatever upon the perpetual motion), it had been 
accepted by men of science, I say, almost universally 
that experiment had conclusively demonstrated the 
perpetual motion to be impossible. So Helmholtz, by 
showing that if you simply begin with that experimental 
fact, and take in addition to it Newton's statement^ 
you can establish the conservation of energy, had 
made, independently of Joule and Colding, a dis- 
covery of this great principle for himself. You will 
notice that he did, almost as distinctly as either Joule 
or Colding, insist upon the necessity of experiment for 
the establishment of such a principle, but he brought in 
his experiment in the form of an universally accepted 
result of the experiments of others, namely, the im- 
possibility of the perpetual motion, while they preferred 
to make perhaps more direct experiments for themselves. 

I shall have occasion to say a word or two more about 
the so-called perpetual motion, because it has really 
been for natural philosophy — and it remains even to 
this day — as important in its influences, especially in 
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aiding us to simple proofs of important theorems, as, for 
instance, the notion of alchemy has been in chemistry. 
We all know that if there had not been a pursuit after 
the philosopher's stone, chemistry could not yet have 
been anything like the gigantic science it now is. In 
the same way, we can say that modem physics could 
not yet have covered the ground it now occupies had 
it not been for this experimental seeking for the so- 
called perpetual motion, and the consequent establish- 
ment of a definite and scientifically useful negative. 

We notice, then, as a deduction from what I have just 
explained about the work of these three independent dis- 
coverers of conservation of energy, that all physical phe- 
nomena are necessarily transformations of energy of some 
kind or other ; and we may carry our deduction so far as 
to say that even that mysterious thing, whatever it may 
be, the life of plants and animals, is, so far as it is 
physical, entirely an exhibition of transformations of 
energy. There are things connected even with life 
which may not be purely physical. There are other 
things associated with living beings which, of course, no 
one in his senses can regard as physical. Even such 
things as Consciousness and Volition we have abso- 
lutely no reason, however vague, for classifying, even in 
the smallest degree, under the head of physics. But 
everything which is really physical in life — and we are 
beginning to find many things that are so — is merely 
an example of some form of transformation of energy. 

Having said so much, it will be obvious to you that 
our proper course now will be to consider the principle 
of transformations, and then inquire in what direction we 
must seek for more light. We shall find that the ques- 
tion which is suggested by all these tentative experi- 
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ments is, What is the law of transformation of energy ? 
From a given quantity of a given kind of energy, how 
much of another assigned kind of energy can be pro- 
duced by a given process ? 

This question breaks up into two. The first is, 
How much of a given kind of energy can be trans- 
formed into some other given kind ? And then there 
is a second question : When you have got so much of 
it transformed, to how much of the other kind will it 
correspond ? That is the question of equivalence again. 
I have already discussed that, so I confine myself now 
to the first question. The first question fully stated 
is : Given a certain quantity of energy in one form and 
under given conditions, how much of it can you, by 
means of a given kind of apparatus, convert into some 
other definitely assigned form, the rest being either 
untransformed, or transformed in whole or in part into 
some third form ? Now, you will see at a glance that 
there is something very important under this. Just think 
for a moment of the enormous amount of waste which 
is known to take place in an ordinary steam-engine. 
In the very best engine, even if it were theoretically per- 
fect, and working at ordinary ranges of temperature, it 
has been satisfactorily demonstrated that only some- 
where about one-fourth — very rarely so much as that, 
but at the best about one-fourth — of the heat which is 
actually employed is converted into work ; that is to say, 
three-fourths of the coals, or three-fourths of the heat 
employed, are absolutely wasted under the most favour- 
able circumstances. Now, what is it that determines 
this } Why is it that if I have a quantity of work or 
potential energy I can convert the whole of it, if I 
please, into heat ; but when I have got it converted into 
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heat, I cannot convert the heat back again,' except in 
part, into the higher form of work or potential energy ? 
The answer is included entirely in that word ^ higher^ 
which I have just used. When you are converting energy 
from the high form into the low, you can carry out 
the process in its entirety, but when it comes to be a 
question of the reversal — going up-hill as it were — then 
it is only a fraction, in general (even under the most 
favourable circumstances) only a small fraction, of the 
lower kind of energy which can be raised up again into 
the higher form. All the rest sinks down still lower in 
the process. When you have got it low already, and 
when you are to elevate part of it and transform it into 
a higher order, you must inevitably still further degrade 
a large part of it ; in general the larger part of it. 
This, as we shall find later, is one of the most impor- 
tant scientific discoveries ever n[iade : having most 
stupendous bearing on the future of the whole visible 
Universe. 

I shall conclude this lecture by showing some 
examples of conservation of energy with the apparatus 
before me. I shall necessarily at the same time give 
some illustrations of transformation of energy, inde- 
pendent altogether of the particular physical experi- 
ments which are employed for the purpose. I am 
merely giving you these experiments as illustrating 
conservation of energy, and incidentally, in addition, 
transformation and dissipation |of energy, so that we 
are not concerning ourselves with what is the branch 
of physical science to which any particular experiments 
belong, but simply with how far the experimental results 
help to illustrate the transformation. 

Take, then, first of all, the simplest form — the case of 
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an ordinary pendulum. When the pendulum is vibrating, 
there is constantly going on transformation of energy of 
the very simplest kind — transformation from the poten- 
tial form which I give it by drawing it aside (and there- 
fore lifting it), and which it gradually loses as it falls 
back, getting more and more kinetic energy instead, until 
at the middle of its course, when it is moving fastest, 
it has its greatest amount of kinetic energy, having lost 
for an instant all its potential energy. Then it gra- 
dually loses the kinetic energy as it is climbing up 
again, and regaining potential energy, then the energy 
is all potential, then it becomes kinetic again, and so on. 
Of course if there were no air-resistance, and if the stand 
itself were absolutely rigid, and the cord supporting the 
mass flexible and inextensible, this process would go on 
absolutely for ever. It would be perpetual motion, but 
it would not be tAe perpetual motion. Remember the 
distinction there. Perpetual motion is simply a state- 
ment of Newton's First Law of Motion. All motion 
is perpetual until force interferes to alter or modify it. 
But this is not fAe perpetual motion, because, although 
under the favourable circumstances I spoke of just now, 
the pendulum would remain for ever moving with the 
same quantity of energy it has at present, yet it could 
not help you to drive machinery, except at the expense 
of that energy. It cannot drive anything else without 
losing part of its own energy, and when that occurs, the 
case does not come under the head of what is called tAe 
perpetual motion, although, when there is no drain upon 
it, it may be a perpetual motion. 

Now, as we know by experience that this vibration 
will not go on for ever, let us consider why it is that its 
energy is gradually being lost. What becomes — and. 
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according to the principle of conservation of energy, we 
ought to be able to trace it — what becomes of all the 
energy I gave it at first ? Well, we see in a short time 
that it is communicating motion to the air around it ; 
every time that it vibrates backwards and forwards 
it sends alternately a wave of compression and one of 
dilatation through the air of the room. These waves do 
not sufficiently rapidly succeed one another to produce 
an impression upon our sense of hearing, but they are 
sufficient to agitate the air of the room. They are pro- 
pagated through the air of the room with the velocity of 
sound, and they are gradually frittered down into heat 
because air is not a perfect fluid. Because then there 
is something producing effects akin to those of friction 
amongst its particles, these waves are gradually rubbed 
down into heat, and if we had a sufficient number of 
such pendulums set into vibration to begin with, and 
all sufficiently resisted by the air, we should be able to 
warm the air of the room, no doubt to an extremely 
small extent, but still so that the quantity of heat 
produced should be precisely equivalent to the quantity 
of energy which you had communicated to the pen- 
dulums at starting. But then this suggests another 
question. At present the pendulum, hanging at rest, 
has no potential energy, that is, if the string cannot be 
cut It has at present potential energy if you can cut 
the string, because it will drop on the table, or at least 
it will have the power of falling. But suppose the 
string is absolutely inextensible, and cannot be cut, then 
we must consider it in this position as having no poten- 
tial energy at all, because it cannot get down any lower 
than it is at present. How is it, then, that I can give it 
energy } because if there be conservation of energy, and 
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if we so put it that it has none to begin with, and it gets 
some, there must be some other energy spent in com- 
municating it Now, that leads us to the grand con- 
sideration of the source of animal energy, because, by 
pressing the pendulum with my hand, and thus elevat- 
ing it, I must have done work, for I have exerted a 
pressure through a certain space. Work has been done, 
and therefore something has been expended in my body 
for the purpose of producing it This raises the ques- 
tion of how the animal supplies the work ; and the 
further one, in what form does the animal get the work 
supplied to it, which it is constantly giving out even 
when in repose ? Of course you can at once see that it 
must be in some way or other connected with food. 
That, then, will lead us, in another lecture, back to the 
consideration of whence the food derives its energy, and 
so on in succession. So you see that even so simple an 
experiment as setting this pendulum in vibration leads 
us to a train of consequences, both back and forward, 
in reasoning, which might well occupy us for a whole 
series of lectures. Nothing is better calculated to show 
at once the profundity of Nature's secrets, and the firm 
grasp we have already taken of some of them, than an 
example like this — so simple and yet so complex. 

Instead of taking the case where the motion of the 
air is not capable of being perceived by the ear, let us 
take a case in which we use a special instrument for the 
purpose of communicating vibrations to the air in such 
a form that the ear can seize them. If I were to take 
this tuning-fork and strike it against the table, or start 
it in any of the ordinary ways, and it Avere not provided 
with this sounding-board, the amount of surface which 
it presents to the air is so slight that the amount of 
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energy which it would spend in a given time in the form 
of sound would be exceedingly small; and therefore 
the sound would be hardly audible at any considerable 
distance. But when we furnish it with a resonant 
cavity, as it is called, such as this, every part of which 
is set in vibration by the motion of the fork in exactly 
the same period as the fork ; and when, moreover, the 
dimensions of this cavity containing air are exactly 
adjusted, so that when it is set in vibration, it tends to 
vibrate in exactly the same time as the fork, then we 
have got a sensitive apparatus which enables us, as it 
were, to lay holdbf the air, and to dissipate or spend at 
a very great rate the energy which we give to the fork. 
The pendulum here spends it at a very slow rate, but in 
this fork we have applied our knowledge of physics 
so to construct an apparatus as to make it spend its 
energy or communicate it to the air as rapidly as pos- 
sible. We have it now in the form of sound affecting 
our ears, but you will notice that the sound gradually 
dies away. The vibrations of the tuning-fork die away 
far faster than those of the pendulum, because if you 
will give out the energy at a great rate, the original 
stock can last only for a short time. The greater the 
rate at which you give it out, the shorter the time for 
which it will last. But there is another cause in this 
case for the very speedy cessation of the sound. The 
greater part of the energy which I gave to the tuning- 
fork by muscular work done in forcing these prongs 
asunder for a moment, the greater part of that energy 
is spent in heating the body of the fork itself. Steel — 
however startling this may appear to some of you — is 
exceedingly imperfect in its elasticity. When a steel 
bar, such as this, is rapidly changing its form, there is 



78 THE CONSER VA TION OF EN ERG V, 

an enormous amount of internal friction, and thus is 
consumed a great part of the energy which is given to 
it, so that only a part of the energy originally communi- 
cated is given back in the form of sound, even with the 
help of the resonant cavity. 

To take another instance. I have got a galvanic 
battery under the table, and it is connected with a 
certain electrical apparatus. Now, whenever I allow 
the electric current to pass through this apparatus, 
there is for the moment a certain quantity of zinc con- 
sumed, or, as we may put it, a certain quantity of 
potential energy in the battery has been converted into 
the kinetic energy of a current of electricity. That 
current of electricity passes round some yards of copper 
wire, coiled round a bar of iron or a number of fine 
iron wires which are standing vertically inside this 
apparatus. The moment the current passes, these iron 
wires are converted into magnets, but, in consequence 
of the conservation of energy, while this is going on 
they weaken the current The current of electricity 
becomes weaker in the act of making the magnet, 
but the moment the magnet springs into existence it 
again is weakened, because, from^ the necessities of 
its position, its mere coming into existence necessitates 
the passage of a new current of electricity in another 
coil of wire which surrounds this externally. So that 
here are a number of transformations : First, we have 
a certain amount of zinc dissolved, ie. a certain amount 
of potential energy lost; then a certain current of 
electricity produced in consequence ; then that current 
of electricity weakened by producing magnetism in 
certain iron wires ; then the magnetism of these iron 
wires re-acted upon to produce a new current in 
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another set of wires ; and finally, we can use that 
induced current, as it is called, to produce heat, or light, 
or sound. Let us try it, for instance, in such a form as to 
produce heat. Every time you hear that click [of the 
contact-breaker], a fresh amount of zinc has been dis- 
solved, and in consequence tliat series of transforma- 
tions I have just described has taken place. You will 
notice that the zinc is burning, though without almost 
any development of heat, in the battery, but we can 
have the fire wherever we please. We have no heat, at 
least nothing to speak of, in the battery. The heat that 
would be produced by the dissolving of the zinc is not 
developed inside the battery at all ; — if we had a couple 
of Atlantic cables here, between the battery and this 
apparatus, we should be able to produce it at a distance 
of 3000 miles from the place where the fire burned. In 
order to show that heat is produced largely in such a 
case as this, my assistant will hold a piece of paper 
between the poles. [You see it is at once ignited.] 
You will notice that the burning of the zinc is below 
the table, but it might have taken place 3000 miles off 
if we had had good enough conductors. There you see 
it has at once produced a development of heat sufficient 
to inflame the paper. Now, I may easily alter this in 
a striking manner. Use the same amount of zinc as 
before, or as nearly as possible the same amount of zinc, 
but instead of the spark being a quiet one, make it 
noisy and luminous, as you see is easily done by attach- 
ing the coatings of a Leyden jar to the ends of the 
secondary coil. Then we shall find that it is not so hot 
as before (at least so far as the paper test can inform 
us). Of course it could not be expected to be so hot, 
because, if conservation of energy be there, and if there 
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is a certain quantity only of energy that the spark can 
have, and if it be made to spend the greater part of 
that energy as sound and light, you cannot expect it to 
have as much heat as before. You see it now im- 
mensely brighter than before, and accompanied by a 
sharp crack, but we might go on with the experiment 
indefinitely, and never set the paper on fire. 

This is a very excellent instance of multifold trans- 
formations, and furnishes also, as you have seen, a rough 
illustration of conservation. 



LECTURE IV. 

TRANSFORMATION OF ENERGY. 

Experimental Illustrations — Heating of wires, and decomposition of water, by 
a Galvanic current — Electro-magnetic Engine — Rotating Disc — Magpieto- 
electric Machine — Induction-Coil and Geissler Tube — Higher and Lower 
Forms of Energy. Work transformed wholly into Heat— Only a portion 
of the Heat can be reconverted into Work. Carnot's Cycle of Operations 
and his Reversible Cycle. Effect of pressure upon Ice. 

In my last lecture I showed you how, mainly by 
Joule's grand experiments, it had been conclusively 
demonstrated that conservation holds for every form of 
energy, and therefore that all physical phenomena con- 
sist in mere transformations of energy. There cannot 
be a destruction or creation of energy. All that we 
can have is a modification or transformation of it ; and 
therefore we must to-day consider more fully the laws 
of such transformation. I shall begin the consideration 
of them by taking one or two experiments, and point- 
ing out in each of them the various forms in which the 
energy appears, — how it was first introduced into the 
apparatus, under what successive forms it passed through 
the various parts of the apparatus, and in what final 
forms it was thrown out 

Galvanic Battery with stout copper terminals. — The 
first and simplest experiment of this kind is the pro- 
duction of heat directly by chemical combination. As 
in all or most of the experiments I am about to show, 

F 
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I intend to begin with a galvanic battery, I may say a 
word or two as to the form in which its energy appears. 
The energy in the battery consists mainly in the fact 
that we have zinc which is capable of being burned, 
as it were, by being dissolved in dilute sulphuric acid. 
Now, if we were to burn the zinc, as can easily be done 
by simply allowing it to dissolve (that is, by not taking 
the precautions we have here taken against its dissolv- 
ing without permission in the sulphuric acid), we should, 
simply in consequence of the potential energy which is 
lost by the zinc and the acid when they combine, have 
a certain amount of heat generated by their combina- 
tion, and this would be developed in the cell of the 
battery. But instead of permitting this, we can cause 
the coinbination to take place without almost any 
development of heat We can have practically all of 
it in the form of some other manifestation of energy. 
We can have it in the form, for instance, of current elec- 
tricity ; an|i we can employ the kinetic energy of that 
current for the purpose of producing various other forms 
of energy by suitable transformations. In consequence 
of the amalgamation of the zinc, and the other precau- 
tions taken in the cells of the battery, very little com- 
bination goes on in this battery until the circuit is 
closed^ as it is called ; but as soon as we close the 
circuit, by joining together the terminal wires, a current 
of electricity passes. A current of electricity is now 
passing through the circuit, and chemical action (both 
decomposition and combination) is going on to exactly 
the same extent in every one of the cells. But the 
chemical action now going on is attended with the 
development of a large quantity of heat in the cells, 
almost precisely the same amount of heat as would have 
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been developed if we had dissolved the same quantity 
of zinc in the sulphuric acid without any production of 
electricity at all ; the reason being that the conducting 
power of this wire which I have for the moment used to 
close or complete the circuit is so great that the small 
resistance it offers to the electricity scarcely fritters any of 
the electricity down into heat. The heat which is equi- 
valent to what would be produced by the direct burn- 
ing of the zinc, is all or almost all produced in the cells 
themselves, because it is in tAem that the current suffers 
resistance. But if I interpose in the path of the elec- 
tricity an imperfect conductor, which shall resist a great 
deal more than the copper wire, or even than the cells 
themselves (as I do by inserting in the circuit a long 
fine iron wire), then you notice that we get the heat (which 
is really due to the chemical action taking place in the 
cells), — we get that heat produced in another locality 
altogether, and we could have transferred that locality 
as far away as we pleased, if we had simply made our 
copper wires thick enough and long enough. By simply 
making them thick enough, so as to waste as little as 
possible of the kinetic energy of the current electricity, 
by friction on the way, we should have kept it all or 
nearly all for the purpose of developing as far as we 
please from the battery the heat really due to the com- 
bustion there. 

Voltameter introduced in circuit, — Instead of using 
the current electricity for the purpose of producing 
heat, let us endeavour to ascend again from the kinetic 
energy of the current to potential energy of combus- 
tibles. Remember that it was the chemical potential 
energy of combustibles which we had in the battery to 
begin .with. By allowing the zinc to dissolve, we got 
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our current electricity, and now we shall use that cur- 
rent for pulling asunder two substances in chemical 
combination. We shall use it simply for the purpose 
of decomposing water. By causing the current to pass 
through a vessel of water, you notice that we cause 
bubbles of gas in large quantities to ascend from the 
ends of the conducting wires ; and we have the kinetic 
energy of the current spent entirely, or almost entirely, 
in pulling asunder, against their chemical attraction, the 
particles of oxygen and hydrogen which form the water. 
You see that a quantity of the water is being decom- 
posed, for you see how the gas is bubbling up through 
the water from the end of this collecting tube. Now, 
supposing there to have been no loss during the opera- 
tion^no frittering down of the electricity into heat — 
but that the whole energy of the electric current has 
been spent in decomposing the water, then the potential 
energy of the separated oxygen and hydrogen which I 
collect in this way should be precisely equivalent to the 
amount of potential energy which was consumed in the 
battery, or rather was there transformed into the energy 
of the current. In order to show (with as little risk as 
possible) that there is a large amount of potential energy 
in these mixed gases, all we have to do is to employ 
them to produce froth in the form of a multitude of 
small soap-bubbles blown with the mixture. By apply- 
ing a lighted match, we shall be able to produce from the 
potential energy of the mixed gases a violent explosion, 
which of course represents a certain amount of energy. 
That explosion gives you light, heat, and a very loud 
sound. The sum of all these energies taken together, 
provided nothing has been lost during the process — 
that nothing has been frittered away (by breakage of 
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the mortar, for instance) — will represent precisely the 
amount of energy corresponding to the amount of zinc 
which has been dissolved during the operation. You 
notice that here we have now in another form — and a 
form which affects the air more than any of the other 
forms of energy we have used — the energy which ought 
to have been developed in the form of heat by the 
combustion of the zinc, but was not, because we had 
electricity in the place of it ; then, in place of that elec- 
tricity, we had work done in overcoming the chemical 
attraction of oxygen for hydrogen ; then we had the 
mixed gases, which as soon as we pulled the trigger, as 
it were, by applying the lighted match, gave us back 
our energy in another kinetic form, or as a mixture of 
several kinetic forms. 

Ekctro-magnetic Engine. — ^You had in the voltameter 
current electricity produced by the battery, and em- 
ployed for the purpose of producing potential energy, by 
separating the particles of a chemical compound. But 
we can produce potential energy by the help of a battery 
by another and somewhat simpler method. Suppose 
we employ the current of electricity produced by the 
same battery, for the purpose of setting an electro-mag- 
netic engine at work. (We are not at present concerned 
with the details of construction of the engine.) For this 
purpose we do not (at least with the engine before you) 
require anything like so powerful a battery as we used 
for the rapid decomposition of water. Two, or at most 
three, cells will be sufficient for our present purpose. 
You notice that the current is now producing motion of 
machinery, and has actually raised a weight — not by 
any means a great one, but still the fact remains that a 
certain mass has bieen raised against the earth's attrac- 
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tion to a certain height above its surface ; and you can 
easily see that, if the experiment succeeds through a 
space of three or four feet, as it has now done, it would 
equally succeed (if we kept the engine working long 
enough) in enabling us to raise the weight, by proper 
mechanical adjustments, to any height whatever. Now, , 
let us consider what transformation of energy took place 
as the current of electricity passed round these electro- 
magnets, being shunted now into one of them and then 
off it and into the next ; into each when its becoming a 
magnet will aid the desired effect ; off it when it would 
tend to hinder it This is a mere detail of mechanical 
arrangement, and is effected by different combinations 
of machinery in different electro-magnetic engines. But 
we are not concerned with details of machinery; we 
confine ourselves to the transformations of energy which 
are going on during the working of the engine. But 
from this point of view what takes place here ? The 
energy of the current is to a certain extent converted 
into the raising of weights ; that is to say, potential 
energy is produced in place of the kinetic energy 
which was supplied from the battery ; but if the current 
not only drives this machinery but keeps it doing work, 
then there would not be conservation of energy unless 
the current itself were kept at a reduced strength, at 
least while it is in the act of doing work. Now, that is 
what is found to take place. It is found that while the 
engine is working, the current is considerably feebler 
than it is if we were simply to stop the engine, and 
allow the current to pass without doing any work. This 
is quite analogous to the case I pointed out to you in 
a former lecture. When a given quantity of steam is 
blown through the engine from the boiler into the con- 
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denser without doing any work, we find that the quan- 
tity of heat which goes into the condenser is larger than 
the quantity of heat which goes into it while the engine 
is doing work. In precisely the same way, then, while 
the current of electricity is employed in actually lifting 
a weight, or in driving an electro-magnetic engine, the 
current which is passing along the wire is feebler than 
before, and corresponds, according to a great discovery 
of Faraday's, to a less amount of chemical combination 
(that is, a less rapid consumption of zinc) in the battery. 
The battery has really less hard work, while driving this 
electro-magnetic engine, than it would have if we were 
simply to stop the engine and allow the current to pass 
and develop heat in the conducting wires and cells. It 
must do something. The current of electricity always 
fritters itself down into heat in time, unless you utilise 
it and change it into a form of energy more useful than 
heat. But what we find is this, that, though there must 
of course always be a current passing : — or else these 
iron horse-shoes would not successively become electro- 
magnets — the current is very much weaker when the 
engine is doing work than when it is not. And it is also 
found that the weaker the current becomes (the more 
the current is checked by reflex action, as it were, — ^by 
the resistance it meets with in doing work), the greater 
is the percentage of the amount of energy really spent in 
the battery which is finally converted into useful work. 
Thus, in order to get an electro-magnetic engine of this 
kind to do work on a large scale and at a profitable 
rate, it would be necessary to drive it with enormous 
rapidity ; for the faster it is driven the greater is the 
reaction upon the current, and therefore the more is 
the current enfeebled, and the greater the percentage 
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of the driving power which is utilised. And the laws 
discovered by Faraday and Joule respectively — ^viz., 
that the strength of the current is directly as the quantity 
of zinc dissolved per second y and that the heat developed 
is directly as the square of the strength of the current^ — 
show that the efficiency of the engine is directly pro- 
portional to the weakening of the current. The more 
the engine weakens the current by reaction, the greater 
is the fraction of the whole amount of fuel spent which 
is converted into useful work. 

Many of you are doubtless practically much better 
acquainted with the subject I am now to mention than 
I am, and therefore I shall only briefly state that, even 
if we could succeed in making an engine of this kind 
work at a very great speed, and thereby obtain the 
highest efficiency possible ; and if we could, for the 
purpose of keeping up such a speed, almost wholly 
get over the difficulties of ordinary friction, which of 
course become far greater and more serious as the 
rapidity of the working of the engine increases, — even 
if all this could be done, still, if we calculate the cost of 
the fuel here, we shall find that such an engine could 
never economically compete with an ordinary steam- 
engine, because of the fact that in order to smelt a quan- 
tity of zinc, an expenditure of about sixty times its 
weight in coal is required ; while, weight for weight, the 
coal is far the more powerful fuel, i,e. loses far more 
potential energy in being burned ; and therefore of 
course there can be no comparison between the prices 
of the fuel in the two cases, if the same ultimate amount 
of work is done. 

Copper disc with multiplying gear, — The next case I 
take is a very curious one. I have got here an arrange- 
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ment (never mind the details) consisting of a driving 
wheel and multiplying gear, by which I can communi- 
cate an extreihely great velocity of rotation to this 
copper disc, which is mounted as freely as possible upon 
well-oiled and well-supported axles. It is, in fact, easily 
driven at a rate of somewhere about a couple of hun- 
dred turns per second, if we work the driving handle at 
the rate of about two turns per second. The disc con- 
sists of a highly conducting material — copper, and it is 
placed between two pieces of iron which do not touch 
it, but come very near it. These pieces of iron form 
part of the armature of a small electro-magnet Now, 
the coils of this electro-magnet have at present no 
current passing through them, and I find that, as you 
see, there is nothing more easy than to set the disc in 
very rapid motion indeed. You notice that when I 
remove my hand, the inertia of the wheel-work is such 
that the whole goes on turning for a very considerable 
time. Now notice what the effect will be if, while I am 
driving it, my assistant suddenly throws the current, 
even from three cells of a battery, round the electro- 
magnet. Then I shall be endeavouring to drive the 
copper disc in the immediate neighbourhood of a strong 
north pole on the one side of it, and an equally strong 
south pole on the other. Although there is no contact 
— ^nothing of what we ordinarily call friction — you will 
see that this acts exactly like a friction brake of very 
great power. There; you observe the instantaneous 
stoppage, and you also see that, strive as I may, I can 
scarcely move the driving handle. With such battery 
power as that, it is utterly impossible for any one man 
to drive the disc fast ; it would require perhaps four or 
five persons to force it to rotate at even a very moderate 
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speed. If I put on a single cell instead of three, you see 
that by great exertions I manage to keep the disc 
rotating at a slow rate for a short time ; but it is only 
by the expenditure of a very considerable amount of 
labour. I could keep it going perhaps for a few minutes, 
but there is no necessity for pushing the trial further. 
Now comes the question, What have we to show for 
this ? What necessitates the extraordinary amount of 
effort that is required in order to keep the disc turning 
in the magnetic field ? In order that you may see this 
experiment in another and perhaps a clearer light, I 
shall take advantage of the fact that, as you saw a little 
ago, the machinery is capable by its inertia, if once set 
rapidly in motion, of going on for a considerable time 
before the motion finally dies out. I start it again, with 
the same rapidity as before, and you see the almost in- 
stantaneous collapse as soon as the circuit is closed. 
We have in fact a friction brake acting without contact, 
and to force that disc to move rapidly in the neighbour- 
hood of the magnet requires an enormous expenditure 
of work. Now comes the question, Where does this 
work go to ? Suppose that in spite of this enormous 
resistance to the motion of the disc, we were to expend 
work in turning it. The answer must simply be this, that 
the whole, or almost the whole of the work so spent 
goes to heat the disc : and that, simply by persistently 
turning it under these circumstances, you can make the 
copper absolutely red-hot, and, in fact, melt it, if the 
experiment is carried on far enough, without any con- 
tact whatever with the iron of the electro-magnet. The 
mode in which this heat is produced is also very inter- 
esting. It depends upon induced currents, one of Fara- 
day's great discoveries. Faraday discovered, as I daresay 
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you are all aware, so long ago as 1831, that when a con- 
ducting body is made to move in the neighbourhood 
of a magnet, the relative motion of the two produces 
currents of electricity in the conductor. Now, when a 
current of electricity is once produced, we have seen 
that unless it be diverted to produce work, or potential 
energy, or some other form of energy, it always in time 
fritters itself down into heat. If, then, you keep this 
copper disc moving in the neighbourhood of the magnet, 
the faster it moves the stronger are the currents pro- 
duced in it ; and as there is no appliance here to collect 
these currents, so as to utilise them for any other pur- 
pose, the currents must fritter themselves away into 
heat in the copper disc itself. A permanent magnet 
would have precisely the same effect as our electro- 
magnet — the only reason for using an electro-magnet 
being that it is so easy to magnetise and demagnetise 
the soft iron, t\e, virtually to present or withdraw the 
magnet by the mere making or breaking of contact of 
two wires. The currents which are generated in the 
disc, are in such a direction as always to be attracted 
by the magnet; or, as it may be more scientifically 
put, in the words of Lenz, the mutual action between 
the magnet, and the currents generated by the relative 
motion of the conductor, always tends to diminish that 
relative motion. Hence the work constantly required 
to maintain the rotation of the disc. 

Magneto-electric Machine, — Now, still further to illus- 
trate this part of the subject, I may refer to this magneto- 
electric engine, which was devised to take advantage of 
Faraday's discovery just mentioned. Here are a couple 
of coils of wire with iron cores, which are to be made to 
move in presence of a bundle of steel magnets. Here 
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we have, in a somewhat different shape, the essential 
features of the engine I have just been using. We apply 
a certain amount of mechanical work, in order to move 
these coils in the presence of the poles of the magnets ; 
and thus have currents developed in them as we had 
them developed a little ago in the simple copper disc. 
I am now about to collect these currents for the pur- 
pose of producing light, instead of allowing them to be 
frittered down into heat, as in the former apparatus ; 
and you see that we produce a brilliant spark by 
simply expending mechanical power or work upon the 
driving handle, without any battery, without any electro- 
magnet, or anything of that kind. By simply forcing 
the conductor to move in presence of the steel magnets, 
we can develop currents strong enough to produce that 
brilliant spark. Of course with this little machine the 
light is on a very small scale, but the engine is acting 
on precisely the same principle as the magneto-electric 
machines, driven by steam-power, which have been 
recently employed with great effect for the purpose of 
lighthouse illumination. 

Induction Coil with Geissler-tube containing highly 
rarefied Carbonic Acid. — There is only one other illus- 
trative experiment connected with these to which I 
shall now advert, and that is another mode of convert- 
ing work or potential energy into light ; that is, by 
means of an induction coil, as it is called. I am using 
with it the battery I have hitherto been employing. 
We produce a current of electricity by means of it ; we 
magnetise a bundle of iron wires by the help of that 
current ; then we break the circuit and stop the current, 
and the iron wires cease to be magnets. At the instant 
that they cease to be magnetic they are virtually, as it 
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were, suddenly pulled away to an infinite distance. Now, 
this coil (consisting of a very long conducting wire) is in 
the immediate neighbourhood of the bundle of iron wires. 
When they become magnetic, it is as if a powerful magnet 
were suddenly inserted in the coil. When they cease to 
be magnetic, it is as if the magnet were instantaneously 
withdrawn. In either of these cases, we have the 
development of an electric current in the conducting 
coil. Now, instead of driving that current through a 
very small space of common air, as I did in the case of 
the magneto-electric machine, I will drive it through a 
considerable length of the contents of a highly exhausted 
receiver. I do this for a particular reason, which will 
appear as soon as we have got the room darkened. 
You now notice the exquisite luminous effect produced 
by resistance : but observe especially this peculiarity 
about it, that it remains persistent for a certain time 
after the discharge has been interrupted. You see at 
once that the discharge has ceasedj by the disappearance 
of the purple and the blue light near the ends of the 
tube ; while the olive green light which is in the wider 
parts of the apparatus remains for a time visible, and 
gradually dies away. It has scarcely yet, as it were, 
cooled. It presents, except as to colour, exactly the 
appearance of a heated body cooling. This remark- 
able effect then, though due primarily of course to the 
current, gives us a curious instance of a body which, 
when agitated by the passage of the current, can convert 
its energy into light, and part with it in that form. There 
is in fact scarcely any radiation of dark heat from that 
glowing and cooling body. I interpolated that experi- 
ment just now, not because it has any direct connection 
(except as to the exciting cause, the battery) with what 
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we have had before, and shall have immediately after it ; 
but because I had the apparatus ready, and it was as 
well to show the experiment while it was at hand. 

In all these cases you will have noticed that there 
has been a transformation — sometimes many transfor- 
mations in succession ; but there is one law of nature 
which we notice in the case of all these transformations. 
Some kinds of energy are of a higher order than others, 
and if you begin with one of the higher orders, you can 
get from it any of the others, and in general you can 
transform almost the whole of it into any of the others 
you please ; but when you begin with one of the lower 
forms, the reversal of the process is attended by extra- 
ordinary difficulties. The lines 

. . . facilis descensus Avemo ; 
noctes atque dies patet atri janua Ditis : 
sed revocare gradum, superasque evadere ad auras, 
hoc opus, hie labor . . . 

seem almost to have been written by one who antici- 
pated our knowledge of the laws of the transformation 
of energy. 

We come then to the question of the raising of 
energy from lower to higher forms, which is the only 
one which presents much difficulty ; and if we thoroughly 
understand upon what conditions the utmost transforma- 
tion of heat into work depends, and how it is that at best 
only a small fraction of a given quantity of heat can, 
under the most favourable circumstances, be converted 
into work, then we shall have no difficulty whatever in 
seeing that laws of a similar kind, although not perhaps 
precisely the same, must hold for every other transfor- 
mation from one form of energy to a second, espe- 
cially if the second be the higher form of the two. Now, 
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the ordinary conversion of work into heat you may see 
illustrated in the most direct form in manifold ways. 
Savages, for instance, procure a light by rubbing two 
pieces of dry wood together, or still better by using a 
piece of hard wood to bore a hole in a soft piece. Any 
of us can effect that operation, and set the pieces of 
wood on fire, by applying long enough and with suffi- 
cient rapidity and pressure a sort of drilling motion. It 
is quite easy, by the expenditure of a little mechanical 
energy, to set fire to both pieces of wood. That is 
merely of course an improvement upon the apparatus 
used by the savage. When we stir or chum, or any- 
how rapidly agitate a mass of water, we find that 
the amount of work we spend upon it is at first con- 
verted into actual or kinetic energy of the moving water. 
You see it rotating round as you stir the vessel ; but if 
you leave it to itself, you see that its rotation gradually 
slackens until it comes finally to rest. In such a case, it 
is found that the whole of the work spent upon the 
water has been ultimately converted into heat. When- 
ever you apply work to the production of heat by 
friction, you have an apparatus perfect enough to get 
the whole of the work transformed into heat. It may be 
that part of the energy is originally not in the form of 
motion, as when part of the surface of rotating water 
is raised above its mean level, but this potential energy 
also gets frittered down into heat by degrees. It may 
be also that, even in ordinary friction, even in such a case 
as the friction of sand-paper against a piece of wood, the 
first thing produced by the friction, or rather by the work 
spent in friction, consists of electric currents in the im- 
mediate neighbourhood of the place where the rubbing 
is effected. We have something very similar to that, 
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although on a more delicate scale, in the case of an 
ordinary friction electrical machine. There is no doubt 
that the electricity there is produced by something very 
closely resembling ordinary friction, although it may be 
something intermediate between it and contact ; but this 
leads us to the supposition that it may be possible that 
in many cases of what appears to us to be downright 
friction, perhaps even (as Sir W. Thomson says) when 
actually carried to the extent of abrasion of particles of 
the two bodies which are rubbed on one another, there 
may be, first of all, the production of electric currents 
to a certain extent, and that these currents may be 
almost immediately frittered down into heat by the 
resistance or bad conducting power of the two rubbing 
bodies ; so that in such cases work spent in friction 
may not immediately produce heat But there is no 
question whatever that whether heat be immediately 
produced or whether it is produced mediately, through 
electric currents, we can convert the whole of the amount 
of work spent in friction into heat. 

Then in the same way we know that, by hammering 
a horse-shoe or other small piece of iron on an anvil, a 
skilful smith can without much trouble raise it to a dark 
red heat. The work spent in producing these im- 
pacts is almost entirely converted into heat, and this 
mainly in the piece of iron to which he applies his 
blows. And you will see something of the same kind, 
though on a grander scale, in artillery practice. When- 
ever the huge projectiles of the modem great guns have 
been employed for the purpose of penetrating armour 
plates, though a great part of their energy has no doubt 
been spent in actually penetrating the thick iron plate, 
yet at the same time there is an immense flash of light, 



TRANSFORMA TION OF ENERG K 97 

accompanied by heat and various gases produced from 
the two metals by actual fusion and evaporation, all 
taking place at the instant of the impact, and corre- 
sponding to portions of the work transformed. In these 
cases, then, there is no difficulty whatever in getting the 
work converted directly into heat. 

But we now come to the question how to get heat 
converted into work, and here our difficulties begin. 
Even in the best steam-engine, we cannot convert into 
useful forms more than between one-fourth and one-third 
of the heat which is employed* 

In treating of this subject, I must introduce an ad- 
vance in scientific method which was not known to men 
of science till within the last thirty years, although it 
was published in 1824; the great work of Sadi Carnot, 
a work of which it is impossible to speak in suffi- 
ciently high terms in such a series of lectures as I am 
giving. I need only say that without this work of Car- 
not's, the modern theory of energy, and especially that 
branch of it, which is at present by far the most im- 
portant in practice, the dynamical theory of heat, could 
never have attained in so few years its now enormous 
development. Carnot's claims to recognition are of an 
exceedingly high order, because they depend not merely 
upon his method : — which is one of startling novelty and 
originality, and is not confined to the subject of heat 
alone : — but upon the fundamental principle on which he 
based his mode of comparing the heat employed with 
the work procured from it. Every reasoner (who has 
applied himself to the subject of heat since Carnot) has 
gone right, so far as he attended to Carnot's principle, 
but has inevitably gone wrong, when he forgot or did 
not attend to it. The fundamental blunders of Seguin 

G 
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and Mayer and various others — ^whose admitted claims 
I have pointed out in a former lecture — ^are almost 
entirely due to their ignoring the great principle laid 
down by Carnot so early as 1824. 

Camot's work is upon the Motive Power of Heat. It 
forms no inconsiderable portion of Sir W. Thomson's 
many scientific claims that he recognised at the right 
moment the full merits of this all but forgotten volume, 
and recalled the attention of scientific men to it in 1848 ; 
pointing out, among other things, that it enabled us to 
give, for the first time, an absolute definition of Tempera- 
ture. Although Carnot (seemingly against his own con- 
victions)^ reasons on the assumption that heat is matter, 
and therefore indestructible ; and although, in conse- 
quence, some of his investigations are not quite exact, 
his work is of inestimable value, because it has fur- 
nished us, not only with a correct basis on which to 
reason but, with a physical method of extraordinary 
novelty and power, which enables us at once to apply 
mathematical reasoning to all questions of this kind. 
These then are his two great claims, — first, the setting 
thermo-dynamics upon a proper physical and experi- 
mental basis ; and, second, in the furnishing us with a 
means of reasoning upon it which was absolutely new in 
mathematical physics, and which has been, not merely 
in Carnot's hands, but in the hands of a great many of 
his successors, as fruitful in new discoveries as the idea 
of the conservation of energy itself. 

^ [Note to Third Edition. Since the publication of the last edition of 
this work Camot*s posthumous papers have been issued, along with a 
reprint of his great work. They indicate an amount of insight into the 
true theory, and the proper modes of experiment, truly marvellous even 
in comparison with the grand advances made in that work itself.] 



TRANSFORMA TION OF ENERG V. 99 

Now, these two grand things which Carnot intro- 
duced, which were entirely originated by him, and 
which left him in an almost perfect form, were the 
idea of a Cycle of Operations^ and the further idea of a 
Reversible Cycle, 

In order to reason upon the working of a heat-engine 
(suppose it for simplicity a steam-engine), yoii must 
imagine a set of operations, such that at the end of the 
series you bring the steam or water back to the exact 
state in which you had it at starting. That is what 
Carnot calls a cycle of operations, and of it Carnot says, 
then, and only then, Le. at the conclusion of the cycle, 
are you entitled to reason upon the relation between 
the work which you have acquired, and the heat which 
you have spent in acquiring it If you were to take, 
as S^g^in proposed, a quantity of steam, and merely 
allow it to expand, giving out heat in the process and 
doing work, you have no right whatever to say that 
the quantity of heat which has disappeared is the 
equivalent of the work which you have got, because at 
the end of the operation the steam is in a different state 
as to pressure and temperature from that in which it 
was at the beginning. It was saturated steam at a 
certain temperature, let us say, to start with, but at the 
end of the operation it may still, if you make proper 
adjustments, be saturated steam, but it is necessarily at 
a different temperature, and therefore you cannot tell 
whether or not it possesses intrinsically the same amount 
of energy as it did in its former state. You have no 
right whatever to reason upon the quantity of heat 
which appears to have gone, as compared with the work 
which has been done, when your working substance 
begins in one state and ends in another. But if you 
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can by any process bring your working substance back 
to its initial state, then you are entitled to assert that, as 
it has returned to its initial state, it must contain neither 
more nor less energy than it did at first, and therefore 
of course you are also entitled to reason upon all the 
external things that have taken place during the 
operation, and to determine the condition of equivalence 
among them. You now see how completely unscientific 
was S^guin's reasoning, though his work was published 
fifteen years after that of Carnot A similar remark of 
course applies to Mayer, who was the greater, because 
the later, sinner in this matter. 

The other grand point with reference to Carnot is 
this, — that he started the notion of a Reversible EnginCy 
— reversible not in the ordinary technical sense of work- 
ing its parts backwards, not in the mere sense of back- 
ing, but reversible in the sense that, instead of using heat 
and getting work from it, you can drive your engine 
through your cycle the other way round, and by taking 
in work, pump back heat (as it were) from the condenser 
to the boiler again, — z, reversing of the whole process, — 
not a mere reversing of the direction in which the engine 
is driving. Now, Carnot introduced that notion, and 
he showed by perfectly conclusive reasoning that if you 
can obtain a reversible engine, it is the perfect engine^ 
i,e, that it is impossible to get an engine more perfect 
than a reversible one — reversible being taken in the sense 
in which I have just explained it. We see at once what 
an enormous step is gained, supposing we can establish 
that second principle, because, as you will presently find, 
we can settle the conditions of reversibility altogether 
independently of the nature of the working substance in 
our engine. You see then that we are not now bound 
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down to a steam-engine, or any one working substance. 
We are enabled now to state our conclusions in terms, 
not of the particular engine but, of the circumstances 
in which the engine works. All perfect engines — that 
is, all reversible engines — will do exactly the same 
amount of work with the same amount of heat, pro- 
vided their boilers and their condensers be at the same 
temperatures, and therefore you can define the relation 
between the whole amount of heat which enters the 
engine and the utmost amount of it which can be con- 
verted into work, and this altogether independently of 
the particular engine, but solely and simply in terms of 
the temperature of the boiler and the temperature of 
the condenser. These, then, are the grand claims which 
Carnot has in Thermodynamic Science. 

Now, in order to make it intelligible how we can 
have a reversible engine at all, in this sense, it will 
be necessary for me to go through a series of ima- 
ginary operations explanatory of the nature of Camot's 
reasoning. Besides, if you once thoroughly understand 
this, it gives the key to an enormous number of new 
physical facts and properties of matter which, before 
we learned from Carnot the correct method of rea- 
soning, we might well have despaired of ever being 
able to understand, at least in their true physical inter- 
dependency. 

Digression. Beam of ice, supported horizontally at the 
ends^ with a fine wire^ stretched by weights ^ hung over it. — 
Before I go into a description of it, however, I may call 
your attention to an experiment which has been going on 
for some time in your presence, and whose result, in one 
of its many forms, was first predicted from those very 
principles of Carnot's. What is its direct connection 
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with them I shall explain in another lecture. In the 
meantime, the experiment is nothing more than this : — 
Take a block or bar of ice, supported horizontally : lay 
over it a fine wire, and append equal weights to the two 
ends of the wire. The wire, as you notice, has gradu- 
ally, by the action of the weights, sliced through the 
bar of ice, and there are two such slices of which you 
can see the planes through the slab by the distortion of 
the air bubbles. The wire has actually passed through 
the ice in two planes parallel to one another, and yet 
the ice is now probably stronger at these two places 
where it has been cut than at any other place through- 
out the block. The statement of observed fact is, that 
as the wire was forced by the weights into the ice, the 
pressure melted the ice, making it colder, so that the 
water produced, passing round the chilled wire, and 
being thus relieved from pressure, froze again. Still the 
ice goes on melting in front of the wire, in consequence 
of the pressure, and the water formed continually trickles 
round it and freezes again. In that way the ice-block 
is reunited, and you would see no trace whatever of this 
interruption of it were it not for the fact that this 
particular mass of ice was originally full of air bubbles, 
and some of these bubbles having been permitted to 
escape during the passage of the wire, have left a trans- 
parent stratum which shows you where each section has 
been cut. Ice, in fact, being a substance which melts 
under sufficient pressure, behaves absolutely like a 
viscous or plastic substance, for it melts (and contracts) 
wherever the pressure is sufficiently great, thereby 
handing on the pressure to another part, and in so 
doing becoming solid again in its new form. Thus 
Forbes* Viscous Theory of Glacier-Motion^ propounded 
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in 1843 ^ a statement of observed facts, is seen to be 
but the necessary consequence of a remarkable physical 
property of ice. 

Now, come to the consideration of this method of 
Camot's. I take an ideal engine, because that is quite 
sufficient for the purpose of our reasoning. If our rea- 
soning be correct, it is only a question of greater com- 
plexity to apply it to an engine of a more elaborate 
character. Suppose then we have the cylinder of a steam- 
engine — ^we shall dispense with the boiler altogether, 
because we shall, for the sake of simplicity, always 
make the cylinder its own boiler. Let us have in the 
cylinder a small quantity of water, and the piston pressed 
down so as to be nearly in contact with it. Suppose, 
then, that our piston and the sides of our cylinder are 
absolutely impervious to heat. That is another thing 
we cannot realise, but it will have important bearings 
when we come to consider what are the conditions of 
the reversibility of an engine. We shall find in fact 
that any loss of heat by conduction through the sides 
of the cylinder is fatal to the reversibility of the engine ; 
but for all that, in our theoretical reasoning we assume 
that the sides of the cylinder and the piston itself are 
perfect non-conductors of heat. We also assume that the 
bottom of the cylinder is a perfect conductor of heat. 
These of course are all suppositions which cannot be 
realised in practice, but they serve to give us a conceiv- 
able and extremely simple engine to theorise upon. 
Suppose, then, we have three stands, on any one of which 
I may place this cylinder. The first of them I call A^ 
the second -5, and the middle one C, Now, suppose A 
to be a body which has a certain defined temperature, 
5, which is to be the temperature of the boiler. This 
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body A is supposed to be constantly supplied with heat, 
so as always to be kept up (whatever happens) to that 
particular temperature. Then,\&, which is to be used 
as the condenser, is to be kept constantly at a definite 
temperature 7", lower than the temperature, S, of A. 
The third body is to be used merely for the theory of 
the operation ; it has really no effect itself. It is simply 
a non-conductor of heat ; it is in fact a sort of second 
bottom to be put upon the cylinder when it is not 
placed either upon the boiler or the condenser. Now, 
we can commence our operations in any order with this 
apparatus. The way in which Carnot did it is perhaps 
not the simplest, but it is historically the more im- 
portant We will commence, then, by setting the whole 
of this apparatus upon the hot body. The effect of 
this, as the bottom of the cylinder is a perfect con- 
ductor, is that the hot body begins at once to part with 
heat to the water inside, under the piston. The watfer 
then rises to the temperature S, and steam begins to 
form above it. This steam is limited in quantity by 
the space which is afforded for it, and by the tempera- 
ture of the body. When as much steam has been 
formed as is consistent with these conditions, it is called 
saturated steam corresponding to the temperature •S*. 
Now suppose that, when things are in that condition, 
we allow the steam to expand or the piston to rise 
(the atmospheric pressure above the piston being easily 
neutralised by a counterpoise, especially in an imaginary 
engine), we could employ it to raise weights or do work 
of some kind or other externally. As it rises notice 
what takes place. The temperature remains the same 
as before, but more space is afforded for the formation 
of steam, and therefore more steam is formed, so that 
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you go on keeping up saturated steam at the pressure 
corresponding to the temperature, 5, of the boiler. As 
more steam is formed, more work is done, and more 
heat is absorbed from the boiler, because latent heat 
is required for the new steam as it is formed. Then, 
while things are in that condition — the piston having 
risen say midway up the cylinder — put the whole upon 
the body C No heat can get into the cylinder now, 
nor can any escape, for the contents are now completely 
surrounded by non-conducting bodies. In that state, 
however, the contents have still the temperature of the 
boiler. Let them still further expand, they will still do 
work, because fresh steam is formed, but the contents 
will become colder because of the latent heat required. 
Let them go on expanding and doing work until they 
cool down to the temperature,^ 7", of the condenser, and 
then, while they are in that state, shift the whole to the 
condenser. There will obviously be no transference of 
heat. While things are in that condition, suppose we 
spend work in forcing down the piston a certain way. 
In doing so we compress the steam, and the contents 
tend to become hotter, but cannot do so, because this 
body of temperature T is in contact with them ; so that 
part of the steam condenses, and the latent heat which it 
gives out is transferred to the cold body. 

With regard to the amount by which you must push 
down the piston during this part of the operation, Carnot 
said : — Push it so far that you give out to the condenser 
exactly the same amount of heat as you had taken from 
the boiler during the first stage of the expansion. That 
statement, however, is incorrect, and requires modifica- 
tion, because Carnot argued on the assumption that 
heat is indestructible. 
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Bearing in mind Camot's notion of a cycle, we 
see that the amount by which the piston is to be 
depressed while the whole stands on the condenser, is 
to be determined by the condition that when the 
whole is finally placed on the impervious stand, and 
the piston pressed home, the temperature of the con- 
tents shall be raised to 5, the temperature of the 
boiler. [This complete rectification of Camofs cycle 
was given by James Thomson in 1849.] If this be 
effected, we can transfer the cylinder to the body A^ 
and everything is in the condition from which we 
started, so that the operation may be repeated as often 
as we please. 



LECTURE V. 

TRANSFORMATION OF HEAT INTO WORK. 

Carnot's Cycle — continued. Watt's Diagram of Energy. The Impossibility 
of the Perpetual Motion is an experimental truth. Conditions of Reversi- 
bility. Absolute definition of Temperature. Second Law of Thermo- 
dynamics. Absolute zero of temperature, or temperature of a body 
devoid of heat. Efficiency of the best steam-engine. Effect of pressure 
on the freezing point of water. Mechanism of Glacier motion. 

You will remember that at the close of my last 
lecture I had just given a sketch of the first part of the 
reasoning of Camot — the most important reasoning that 
has ever been introduced into the treatment of any part 
of the dynamical theory of heat. I may briefly recapi- 
tulate (but in a somewhat improved form) what I then 
said, in order that there may be no break of continuity. 

The nature of the hypothetical operation which Car- 
not introduced for the purpose of reasoning on this 
subject, and only for that purpose, is of this kind. He 
said — Let us have a hot body which is constantly 
maintained at a certain temperature. Let us have a 
cold body which is also constantly maintained at a 
definite temperature lower than the first. Then let us 
suppose that in addition to these we have a body which, 
as regards other bodies, is neither cold nor hot, for the 
simple reason that it is incapable of absorbing heat or 
of giving it out, — a body which is a non-conductor of 
heat. Then commence your series of operations, not 
as I did (after Carnot) in my last lecture, but with the 
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non-conductor. Suppose your cylinder and your piston 
to be pon-conductors, but the bottom of the cylinder 
a perfect conductor. If you have a quantity of water 
and steam in the cylinder, both at the temperature of 
the cold body, and expend work in pressing down the 
piston, the contents will become warmer, and some 
steam will be liquefied.^ Continue this process till the 
temperature rises to that of the hot body — then transfer 
the cylinder to it. Now allow the piston to rise, the 
contents remaining at the temperature of the hot body, 
fresh steam is generated, and work is done^ Arrest 
this process at any stage and transfer the cylinder to 
the non-conducting body. If we now allow the contents 
further to expand, more work is done, but the tempera- 
ture gradually sinks. Continue this till the temperature 
falls to that of the cold body, to which, therefore, with- 
out loss or gain of heat, it may now be transferred. 
Next apply work to compress it at the constant tem- 
perature of the cold body till (by condensation) the 
contents have become exactly as they were at starting. 
The cylinder may now be transferred to the non-con- 
ducting stand, and everything is as it was at first — ^save 
that some heat was taken from the hot body in the 
second operation, and heat was given to the cold body 
during the fourth. Also it is evident that more work 
has been done during the second and third operations 
than was spent in the first and fourth, for the tempera- 
ture, and therefore the pressure, of the contents were 

^ \Note to Third Edition, This statement requires limitation, in order 
to avoid complications not alluded to in the text. If there be too small a 
quantity of water, as compared with the steam, pressure will vaporise some 
of the water, instead of, as is assumed in the text, condensing some of the 
steam. See Tait*s Heat, § 391.] 
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greater during the expansion than during the com- 
pression. Of course you can go over this operation as 
many times as you please. 

Notice particularly what the peculiarity of the opera- 
tion is. You must always have the steam or expanding 
substance, whatever it is, — for air or anything elge would 
do equally well, — in contact with bodies at its own 
temperature, or else with non-conducting bodies. If it 
were in contact with a body which was not at its own 
temperature, there would be a waste of heat Heat 
would pass by conduction from the cylinder to external 
bodies, and would of course be wasted as regards work. 
The same would happen if we were to take it from, 
let us say, the non-conducting body and place it upon 
the cold body, before we had let it expand far enough 
to cool down to the temperature of the cold body : — we 
should have some heat conducted away at once without 
having any good from it. So, throughout the whole of 
Carnof s operation, it is essential that there should be 
no direct transfer of heat at all except while heat is 
being taken in from the hot body or given out to the 
cold body : the temperature of the contents of the 
cylinder being in each of these cases the same as that 
of the body with which they are at the time in contact. 

A remark of great importance must now be made, 
though it involves somewhat of a digression. You must 
have noticed how much more easily we managed in 
to-day's than in yesterday's lecture to lay down the 
limits for the range of volume of the working substance 
during each of the four operations included in Camofs 
cycle. Yet the only difference in our proceedings con- 
sisted in the fact that yesterday, following Camot him- 
self, we began with expansion at the higher temperature 
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— ^while to-day we have preferred to commence with 
compression on the non-KTonducting stand. With the 
help of a device due to Watt it may be possible to make 
this point much more easily intelligible. The device I 
allude to is called the Indicator Diagram^ and is even 
now constantly employed for the purpose of ascertaining 
the work actually done by an engine, especially that of 
a steam-ship. 




It is not my business to enter into purely mechanical 
details, and therefore I shall only say that this diagram 
is traced out by a pencil attached to the piston-rod of 
the engine, and therefore sharing its to-and-fro motion ; 
while it has also a motion in a direction perpendicular 
to the piston-rod, such that the displacement at any in- 
stant is proportional to the pressure in the cylinder at 
that instant. To fix the ideas, suppose the cylinder to 
be horizontal, and the just-mentioned transverse motion 
vertical. Then any re-entrant line whatever (lying wholly 
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between Op and Ov) may be supposed to be traced, once 
over in each cycle of the engine, by the pencil P. For 
reasons to be afterwards explained, I take the curvilinear 
quadrilateral PFQQ. Let Ov be the axis of the 
cylinder, Op perpendicular to it ; and let PM be perpen- 
dicular to Ov, ^ Then, by our conditions, OM represents 
the distance of the piston from the bottom of the 
cylinder ; i.e. the volume of the working substance^ while 
MP represents its pressure, each upon a definite scale. 
It follows from this, by a mathematical investigation 
which, though very simple, I must not give in such a 
lecture as this, that if F be any other position of the 
pencil, and PM be perpendicular to Ovy the area of the 
figure PP MM is proportional to the amount of work 
done by the expanding substance while the pencil passes 
from P to P. Hence you easily see that the area of 
the figure PP QQis the excess of the work done by, over 
that spent on, the working substance ; i.e, the equivalent 
of the heat which disappears during the cycle. 

Now, by properly regulating the temperature during 
the cycle, it is obvious that we may make the pressure 
what we please at each stage of the expansion and con- 
traction. Hence any closed curve whatever might, by 
proper arrangement, be made the diagram of energy 
for a heat-engine. But now note particularly that in 
Camof s ideal engine we are carefully restricted to two 
kinds of operations (direct or reversed), and to two only. 
Hence the parts of the indicator-curve for each of the 
four operations in Carnot's cycle belong to two classes 
of curves, each of which is known, or at least can be 
experimentally determined, so soon as we know what 
is the. working substance. 

One of these is the curve representing the relation of 
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pressure to volume when the working substance ex- 
pands or contracts without change of temperature. Call 
this a line of constant temperature — PF or QQ in the 
diagram. 

The other, PQ or PQ^ represents the corresponding 
relation when the substance expands or contracts in a 
vessel impervious to heat. This is called, after Ran- 
kine, an Adiabatic Line. We might conceive Watt's 
graphical process actually applied to trace out these 
curves. And it is obvious that we can have one, and 
only one, of each kind, passing through each given point 
P in the plane of the indicator diagram. For that point 
specifies a particular volume and pressure of the work- 
ing substance (treated as constant in quantity), from 
which we are to start by one or other of the two pro- 
cesses I have just mentioned. Also it is obvious that 
as, in general, the pressure of the working substance 
will fall off faster as it expands when no heat is com- 
municated to it, than when its temperature is kept con- 
stant, — of the two lines passing through the point P, 
that corresponding to constant temperature PP tends 
less quickly to fall to the line of no pressure Ov, than 
does the adiabatic line PQ, for equal increments of 
volume of the working substance. 

You now see that Carnot's process essentially involves 
a cycle whose boundary (in Watt's diagram) is formed 
by two lines of equal temperature and two adiabatic 
lines. But, while these lines of equal temperature were 
at once specified by the numbers 5 and 7", we had no 
such definite nomenclature for the adiabatic lines. 
Hence (so far as an elementary lecture is concerned) 
the greater simplicity of the method I have to-day used 
over that originally given by Carnot To-day's method 
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in fact began by taking any point Q in the line of 
temperature 7", thence P was found by an adiabatic 
line : then P" may be any point in the other gfiven line 
of equal temperature, and from this the adiabatic gives 
Q. The difficulty in yesterday's method arose in speci- 
fying Q in the third operation, so that we should arrive 
at a given point /*, in the fourth. 

We now come to another point, also perfectly novel, 
and of importance at least proportional to its novelty. 
If you think again of the various steps of the opera- 
tions in Carnot's cycle, you will easily see that it is 
possible to consider them as performed in exactly the 
reverse order. Begin, for instance, with the hot body, 
but do not allow the piston to rise there. Take the 
cylinder from the hot body when the water and the 
little quantity of steam above it have acquired the 
higher temperature. Lift it to the non-conducting 
body, and then allow the piston to rise. Let it rise till 
the temperature sinks to that of the cold body ; place 
the whole on the cold body ; allow it to expand still 
further, — it will be in that case giving out work but 
absorbing heat: then when it has risen to its former 
highest point, place it back again on the non-conducting 
body, force the piston back to the same extent as that 
to which it rose when (in Camot's direct set of opera- 
tions) it was first placed on that body. Everything has 
taken place in precisely the reverse order to that in 
which it took place before. Finish then upon the hot 
body, and press home. From Carnot's point of view 
you give to the hot body in that final operation precisely 
the quantity of heat you took from the cold body ; but 
during the two last operations you are forcing down the 
piston, while during the two first operations the piston 

H 
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was being forced up, but it was always being forced up 
at a lower temperature, and therefore at a lower pressure 
than the temperature and pressure you had to overcome 
in forcing it home again. And, therefore, in the reverse 
method of working this engine, you take heat from the 
cold body and deposit it in the hot body, exactly to the 
same amount as in the direct operation ; and, on the 
whole, you now spend as much work as you formerly 
gained. 

These are the grand ideas which Camot introduced. 
Their two distinctive features are, firsts the idea of k 
complete cycle of operations, at the end of which the 
working substance, whatever it is, is brought back to 
precisely its primary condition ; a cycle which can be 
repeated over and over again indefinitely. Secondly^ 
The notion of making the cycle a reversible one, so that 
you can perform all the operations in it in the reverse 
order, and instead of taking in heat at any place it may 
be made to give out that amount of heat, — instead of 
the engine doing work at any place that amount of work 
can be spent upon it. With these changes in each opera- 
tion, the whole cycle can be gone over the reverse way. 

Now, Carnot proceeds to reason upon this. Consider- 
ing heat as a material substance, he says that obvi- 
ously it has done work in the direct series of operations 
by being let down from the higher temperature to the 
lower, just as water does work by being let down through 
a turbine or other water-engine, in proportion to the 
quantity that comes down and the height through which 
it is allowed to descend. We now know that this 
notion of the nature of heat is erroneous,^ but still 

^ Camot, as is now ascertained, had long ago found this out for himself. 
See note to p. 98. 
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Camot's reasoning is of the highest value, because it 
wants only the change of a word or two to render it per- 
fectly applicable to our modern knowledge of the subject. 
You see at a glance one point which appears conclu- 
sively to show that Carnofs assumption was wrong, 
because nothing is easier than to let the heat down at 
once without the performance of any work. If you put 
the hot body into direct communication with the cold 
body, the same quantity of heat might be allowed to 
go down from one to the other, and yet give you no 
work at all. There must be, then, something wrong in 
that statement of Carnot. We now know what it is ; 
but let us follow Carnot a little further, and see how 
much more of what is eminently useful and true he 
attained even with his false assumption. He carried it 
further in this way. He said — If an engine be reversible 
(as this cycle of operations has been shown to be), it does 
as much work as can be got out of a given quantity of 
heat under the same given circumstances. So that, no 
matter what you make your engine of, — no matter what 
be the substance which is expanding and contracting, — 
if a certain quantity of heat be let down from a source 
at a certain temperature through your reversible engine 
to a sink at another temperature, then the quantity of 
useful work which can be got from that heat will be 
absolutely the same. Reversibility is the sole necessary 
condition of equivalence between two such engines. You 
will see in an instant what an enormous step this is in 
physical science. The reasoning here is independent 
altogether of the properties of any particular substance. 
We are not dealing with steam, or air, or ether, or any 
one working substance in particular ; yet we have a 
crucial test of the perfection of an engine which is abso- 
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lutely the same when applied to any working substance 
and any heat-engine whatever. That test is, if a heat- 
engine is reversibk it is perfect y — not perfect in the popular 
sense, but in a scientific sense ; that is to say in the sense 
that it is as good as it is possible physically to make it 

Now the proof that it is so is very easily given, but 
before I give it I may say a word or two upon a similar 
but somewhat simpler sort of proof which will prepare 
you for the reasoning employed, and which bears directly 
upon the ordinary notion of the perpetual motion. 

We know (of course only by experiment) that in all 
cases of natural laws, such as the laws of gravitation, and 
of magnetic attraction, whatever work is spent in moving 
a body through a certain course in one direction, you 
get back exactly by letting it return along the same 
track, always on the supposition that friction is avoided. 
The reason of this is that these forces depend upon 
relative position only, and therefore undo, at each stage 
of an exactly reversed path, precisely the amount of 
work which they did at the same stage of the direct path. 




A 

Suppose then that there could be two courses, 
from A to B, by the one of which more work would 
be spent on the mass than by the other. Let these 
amounts of work be JV and w. I say that if such 
were the case you would be able at once to pro- 
duce the perpetual motion. All you have to do is 
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to apply frictionless constraint to guide the mass, so * 
that in its ascent it shall travel along the course AwB, 
and in its descent along BWA. Yxova A to B you 
have to spend the amount w of work against the 
forces of the system — from B to A these forces refund 
the amount W. . On the whole, after a complete cycle, 
the mass is restored to A with an amount W-w of 
energy additional to what it possessed at starting. 
Well, we have gained something by that, and every 
time the mass goes round the double course in the 
direction I have indicated, it gains the difference be- 
tween the larger quantity and the smaller one, and 
therefore you can, at the end of each complete cycle, 
drain that amount off to turn some machine ; — to do 
useful work. If, therefore, there were one way of doing 
a thing at less cost than another, and if the more costly 
operation were reversible (in the strict scientific sense 
above explained), then it would be possible* for you 
under such circumstances to get unlimited amounts of 
useful work from nothing. Now we know that, so far 
as experience extends, this is impossible. The multi- 
plied experiments of some of the most ingenious men 
who ever lived, Vaiicanson and others, were directed to 
this question. Yet these men, who constructed automata 
which mimicked, and often copied, the motions and 
physical functions of living animals, — ^these men were 
entirely baffled in attempting to get at anything like 
the perpetual motion. We may say distinctly that all 
really scientific experiment has led to the conclusion 
that the perpetual motion in the old sense is absolutely 
unattainable. 

Well, let us see how this reasoning applies to Camot's 
engine; He demonstrates its property by almost the 
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same application of reasoning as that which I have just 
given you for a similar but very simple case. He says 
that a reversible heat-engine is a perfect one; for, if 
not, let us suppose there could be one more perfect 
Well, you can always use these two engines in conjunc- 
tion. L^t the more perfect engine {i.e. the less costly 
one) be employed in taking a quantity of heat, conveying 
it down to the condenser from the boiler, and giving you 
from it a larger quantity of work than the reversible 
engine could do. You can now use the reversible engine 
to pump that heat back again. Every time the heat 
goes down, it is through the more perfect engine ; every 
time it is coming up, it is through the worse engine, and 
therefore it does more work going down than requires 
to be spent on bringing it up, and thus every time the 
compound engine makes a complete stroke, or passes 
through the double cycle of operations, you have an 
excess of work given by the one part over what has to 
be spent on the other. Therefore, this is not merely an 
engine which will go for ever, but an engine which can 
go on for ever, and besides steadily do work on external 
bodies. 

That, however, as we have seen, is inconsistent with 
all our experimental results, and therefore we must at 
once pronounce the supposition which led us to this con- 
clusion, viz., — that there can be a more perfect engine 
than a reversible one, — to be false. This is Carnot's 
final proof that (on the assumption that heat is matter) 
a reversible heat-engine is a perfect engine. It requires 
very little indeed, as a moment's reflection will show 
you, to make this reasoning consistent with our modem 
knowledge of heat 

We have now to consider the cycle in the light of 
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the conservation of energy, so that if you get work from 
heat at all, some of that heat must have disappeared in 
its production, and that, therefore, under no circum- 
stances — if the engine is doing external work at all — 
can the quantity of heat which reaches the condenser 
ever be equal to that which leaves the boiler. The 
difference between them, — if none has been wasted by 
conduction or in other unprofitable ways, — the differ- 
ence between the quantity which leaves the source and 
the quantity which reaches the condenser during a 
complete cycle must be precisely the equivalent of the 
external work which has been done. Taking that into 
account, let us suppose we could make an engine more 
perfect than a reversible one. Work the two together, 
as before. Make the reversible engine continually pump 
up just as much as the other lets down. Then, as it is 
less perfect, it will require less work to be employed on 
it, when reversed, to restore to the source or boiler that 
quantity of heat than the other engine will do in letting 
it down ; and therefore, on the whole, while you have a 
pumping up of heat and letting it down which will 
exactly compensate one another, or appear to do so, at 
least so far as the source is concerned, you will have a 
gain of work. There is the one point where the difficulty 
is to be found, if there is any. The compound engine 
will do work ; no question of that. The more perfect 
engine lets down a certain quantity of heat to the con- 
denser. The other engine pumps up heat from the con- 
denser, and deposits in the boiler precisely the same 
quantity as the other takes out from it. How is it then, 
that, though we know heat is not matter, this double 
system can do work ? It can only work in one possible 
way, and that is by expenditure of heat — it must 
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ultimately work, therefore, not by letting down heat 
from the boiler, but by cooling the condenser. That is to 
say : If there can be a more perfect engine than a 
reversible one, then, with our present knowledge of heat, 
and taking Carnot's cycle, modified so as to make it com- 
patible with our modern knowledge, these two engines, 
working together, — the one restoring to the boiler pre- 
cisely what the other took from it, — can only do work, 
on the whole, on external bodies by cooling and further 
cooling the condenser. Hence, our result amounts to this, 
that by taking, as the condenser for our compound engine, 
any limited portion of the available universe, we could go 
on getting work from that by making it constantly colder 
and colder, till we removed all heat from it. Now, we 
may safely assume it to be axiomatic that we cannot do 
this ; all experimental laws are against it ; and as we see 
that the supposition that a more perfect engine than a 
reversible one can exist has led us to this absurdity, 
we have it ex absurdo that there can be no engine 
more perfect than a reversible one. What I have just 
given you is, in a much amplified form, the gist of some 
of Sir W. Thomson's remarks of 1851 on this point. 

Clausius, in the preceding year, had endeavoured 
to supply this defect in Carnot's work by an appeal to 
the general behaviour of heat, i£. its always striving to 
pass from a warmer body to a colder one. I have else- 
where given reasons which seem to show this proof to 
be inadmissible.^ 

However complete and satisfactory the demonstra- 
tion just given may appear to be, you must now be told 

^ See the correspondence in full in the PhU, Mag, 1872, 1, pp. 106, 338, 
443> 516, and II. 117, 240. Also 1879, I. p. 344. The last of these 
is referred to in the Preface* 
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that it is possible, but possible only in a very curious 
way, and to an extremely limited extent, to get round 
this apparent difficulty,— to make a body colder than 
surrounding objects, and to get work from it in con- 
sequence. This (which, alone, is absolutely fatal to 
Clausius' reasoning, even with his later modification of 
it) was first pointed out by Clerk-Maxwell not long ago, 
and he showed that the mode of escape from the 
difficulty is, that it would require the intervention of 
beings, still finite, but infinitely more acute and able 
than any human beings (or even than the utmost ideal 
a human being can well conceive), to effect the object 
on a finite scaky and thus upset the basis on which 
Carnot's results have been re-established by Thomson. 
Clerk-Maxweirs reasoning depends upon the mole- 
cular theory of gases, an essential feature of which is 
that even in a mass of gas undisturbed by currents, and 
of uniform temperature, the particles have not all the 
same velocity. He points out that if such imaginary 
beings, whom Sir W. Thomson provisionally calls 
demons — small creatures without inertia, of extremely 
acute senses and intelligence, and marvellous agility — 
were to watch the particles of a gas contained in a 
vessel with a partition full of trap-doors, also devoid of 
inertia ; prepared to open and close these doors so as 
to let th^ quicker particles get out of the first compart- 
ment into the second, and to let an equal number of 
the slower ones escape from the second compartment 
into the first, they could, without doing any work them- 
selves, give to the system the power of doing a certain 
amount of work without help from external bodies. 
You must be careful, however, not to fancy that there 
is here any gain or creation of energy — not even a 
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demon could effect that — ^tbere is a gain of transforma- 
bility» a slight rise in the scale of availability — voild tout 
As you will be told in another lecture, this restoration 
of enei^ is constantly going on, but on a very limited 
scale, in every mass of gas. If there were only a few 
hundred particles in a small vessel of gas, the chances 
would be that if we suddenly cut off half the vessel 
there would be a sensible difference of temperature 
between the two parts. But, in consequence of the 
enormous number of particles in a cubic inch, of even 
the most rarefied gas, the amended form of Camot's 
reasoning just given must be taken as holding good for 
every heat-engine. For, alas ! we are not demons (in 
Maxwell's sense), and therefore, so far as experiment 
goes, and practical application goes, we may take this 
improved form of Camot's demonstration as being abso- 
lutely decisive of the important result, that no heat- 
engine can be more perfect than a reversible one. This 
is, virtually, the Second Law of Thermodynamics, the 
First Law being that of the Equivalence of Heat and 
Work. 

The consideration that follows immediately upon this 
is : If all reversible engines are perfect, they must all be of 
equal efficiency. They must all be able to give you pre- 
cisely the same amount of work, from the same quantity 
of heat, under the same conditions. Therefore it follows 
that it is these CONDITIONS alone which determine how 
much work can be produced by a perfect engine, from 
a given quantity of heat. Now, what are the condi- 
tions ? I have mentioned no conditions whatever but 
the temperatures of the boiler and condenser. The tem- 
peratures of the boiler and condenser were the only 
things this set of perfect engines had in common. Sup- 



TRANSFORMATION OF HEAT INTO WORK, 123 

pose they were all worked for such a period of time 
that they would all employ equal quantities of heat, 
then all would do the same amount of work. Therefore, 
having established Carnot's result, independently of 
Camot's erroneous assumption, we are entitled to con- 
clude that the perfect heat-engine converts into work a 
fraction of the heat it uses, the value of which fraction 
depends only upon the temperatures employed. Hence 
follows immediately one of the most important conse- 
quences of Camot's method. It was given, as I have 
already said, by Sir William Thomson in 1848, when he 
first recalled attention to Camot's work. He pointed 
out that here we have an absolute method of measuring 
temperature. All previous methods had depended on 
the properties of some particular substance. It is no 
matter what your zero and your Newtonian fixed points 
may be, — let us suppose them defined by melting ice 
and boiling water. Take a number of carefully made 
and calibrated thermometers ; fill one with mercury, one 
with sulphuric acid, and so on, and one with water. All 
of these, if properly adjusted, will agree at the zero or 
freezing point and at the boiling point, but no two will, 
in general, agree at any intermediate point. In fact, the 
water thermometer would be an extremely curious 
thing, because for a few degrees from the freezing point 
upwards the water contracts instead of expanding. The 
water, heated from the freezing point, would at first go 
downwards on the scale, and then rise with increasing 
rapidity towards the boiling point. The mercury, on the 
other hand, would go pretty uniformly up, and so on. 
Thus, in employing such instmments you must, in addi- 
tion to noting the degrees on the scale, also note the 
particular liquid employed. The temperature, then, of a 



124 TRANSFORMATION OF HEAT INTO WORK. 

body measured by thermometers filled with different sub- 
stances, would give generally as many different readings 
as there are thermometers ; and, therefore, unless you 
state what is the particular liquid employed, and even 
what is the particular kind of glass employed, your reader 
cannot be sure of the particular temperature which is 
meant. But Sir William Thomson pointed out that the 
reversible cycle gives us the means of defining Xjtvcc^rzr 
Xxxx^ absolutely ; that is, with complete independence of 
the properties of any particular substance, because Car- 
not's engine, if only reversible, is perfect We do not need 
to inquire what is the working substance — air, water, 
chloroform, or ether, or whatever it is — ^the engines are all 
equivalent to one another, and the fraction of the heat 
they take in, which is converted into useful work, depends 
solely on the two temperatures. And we have seen that 
for a reversible engine it isonly necessary thatthe working 
substance should never be in contact with a body of ^ 
temperature different from its own, unless indeed it be an 
absolute non-conductor of heat. Now, suppose we could 
keep a body at the temperature of boiling water, under 
certain conditions, such as that the barometer shall be at 
a height of 760 m.m., or, roughly, 30 inches. Suppose we 
keep another body at the temperature of melting ice, 
with the barometer at the same height. Suppose we can 
measurewhat amountof heat is taken in and what amount 
given out by a perfect engine working between these two 
temperatures, we should find that they are as nearly 
as possible in the proportion of 374 to 274. I make 
this statement just now simply as an assertion ; we shall 
see afterwards by what process these numbers have been 
approximately obtained. In the ordinary Centigrade 
scale we call thefreezing temperature zero, and we call 
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the temperature of boiling water, under the 30 inches of 
pressure of the atmosphere, 100° The experimental 
numbers have been so taken that their difference is 
100, for a reason which will immediately appear. It is 
obvious now that we may define the temperatures of 
the boiler and condenser of a perfect engine by any 
functions of the relative quantities of heat taken in 
and given out. Sir William Thomson's first suggestion 
was not that which he finally adopted. To give as 
slight a dislocation as possible from the common modes 
of measuring temperature, it was found best, as it is also 
simplest, to define as follows : — When a perfect engine 
takes in heat at one temperature and gives it out at an- 
other temperature, then the temperatures of the source 
and of the refrigerator are in proportion to the quan- 
tities of heat taken in and given out, so that, as we see 
by experiment in the case above mentioned, that for 
374 taken in, 274 are given out, the temperature of boil- 
ing water will on this scale be represented by 374°, and 
of freezing water or melting ice by 274°, the range be- 
tween these being the ordinary 100° of the Centigrade 
thermometer. Therefore we have this curious result, that 
if you could get a body cooled down far enough under 
the freezing point — we have many artificial processes 
for such cooling : we can go nearly 140 degrees 
Centigrade below the freezing point, — if we could go 
twice as far, or 274 degfrees below zero, we should have 
taken all the heat out of the body, we should have re- 
duced it to the absolute zero of temperature. It would 
be impossible to make it any colder than the absolute 
zero of temperature just stated as 274° C. under the freez- 
ing point of water. Otherwise an engine could be con- 
structed which would give more work from a quantity 
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of heat than its dynamical equivalent And this engine 
would work by taking heat from a body already more 
than totally deprived of heat ! 

In passing, I may say a word or two illustrative, per- 
haps even to be regarded as corroborative, of that con- 
clusion. It has been long known that the pressure of a 
gas, such as air, in a closed vessel, becomes greater as you 
make it hotter. Take a vessel enclosing a quantity of 
gas, and shut off the connection between the interior and 
the exterior, and then apply heat to it. We know that 
the gas presses more strongly on the containing vessel. 
On the other hand, if, instead of applying heat to it, we 
immerse the vessel in a freezing mixture, we know that 
the pressure becomes less. Now, the amount of increase 
of pressure per degree of increase of temperature, and 
also the amount of diminution of pressure per degree of 
diminution of temperature, have been carefully measured, 
and it has been found that almost exactly — not quite 
exactly, for a reason afterwards to be assigned, but quite 
nearly enough for our present purpose — if you were to 
suppose the gas cooled down to a temperature of 274° C. 
under freezing point, and calculate, by assuming the ex- 
perimental results I have mentioned to hold throughout 
that whole range of temperature, the pressure thus de- 
duced would be almost exactly nothing. So that on the 
assumption that the formula for its dilatation (found 
experimentally for small ranges of temperature) holds 
for great ranges also, a gas would cease to exert any 
pressure upon its containing vessel if you could cool it 
down to 274*^ under ordinary freezing point, the degrees 
between the freezing and boiling points being, as in the 
Centigrade scale, 100. This, taken in connection with 
Camot's result, appears conclusively to show that the 
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pressure of a gas is due to motion of its particles. The 
application of heat produces this motion of its particles, 
in virtue of which they fly about and impinge upon 
the walls of the vessel ; the energy of their motion is the 
heat contained by the gas. Go on cooling, and their 
motion becomes slower ; and finally, when you have got 
the gas to the absolute zero of temperature, their motion 
will have ceased, and therefore we should find no pres- 
sure upon the retaining vessel. 

I may now mention, in connection with the produc- 
tion of work from heat, and as a practical illustration of it, 
that suppose we could get a steam-engine made to fulfil 
Carnot's condition of reversibility — that is to say, that 
we could prevent the steam from ever being in contact 
with bodies at other than its own temperature for the 
time being, — prevent loss by conduction, etc., — in other 
words, suppose we had a perfect engine, the fraction of 
the whole heat employed which would be converted 
into work would not be a large one. Using data, which 
I take from a statement of Joule, as fairly representing 
a practical case ; suppose the engine to be a high-pres- 
sure one, working at 3J atmospheres, or something 
about 53 lbs. pressure on the square inch, it would 
require in the boiler a temperature of very nearly 3CX)° 
Fahrenheit. Joule says that while working such an 
engine at an ordinary rate of speed it is next to impos- 
sible to keep the condenser colder than about no** Fah- 
renheit. Now the question is, what fraction of the heat 
spent upon that engine would be converted into useful 
work ? The answer is — remembering Carnot's cycle 
again — the quantity of heat taken in is to the quantity 
given out in the proportion of the absolute temperature 
of the boiler to the absolute temperature of the con- 
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denser ; so it comes to be a question simply of arith- 
metic Two hundred and seventy-four degrees under 
zero Centigrade is the point of absolute cold ; what cor- 
responds to that upon Fahrenheit's scale? This is 
easily found to be 461^*2 under the Fahrenheit zero. 
And, therefore, 76i°*2 is the absolute temperature of the 
boiler; and S7i**2 will be the absolute temperature of 
the condenser. Therefore of 761*2 units of heat which 
go in, only 571*2 units go out; and as the engine is 
perfect, all the rest, that is, 190 units, amounting almost 
exactly to one-fourth, is converted into work. So our 
engine, under these conditions, which are about as 
favourable as any occurring in practice, and even with 
the additional assumption that it is a perfect engine — 
a thing quite unrealisable in practice — converts only 
one-fourth of the heat from the boiler into useful work. 
The other three-fourths are sent to the condenser, and 
in general wholly and absolutely wasted. 

I come now to the consideration of various important 
advances in the pure science of natural philosophy, which 
have been made possible, or have at all events been 
brought forward sooner than they otherwise would have 
been, in consequence of the recognition of this great dis- 
covery of Carnot. One of the first of these, and cer- 
tainly one of the most important^ is that made by James 
Thomson, with regard to the effect of pressure upon the 
freezing point of water. As you will find immediately, 
the whole effect is, even for great pressures, an extremely 
small one, — and yet, in all probability it has fitted ice 
to be one of the most important agents in modifying 
physical geography. 

Let uS consider for a moment that when water freezes 
there is very considerable expansion. With a very 
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slight change of temperature of water near the freezing 
point you have a very considerable change of bulk. 
Taking Camot's engine again : Suppose that instead of 
putting into our cylinder a quantity of hot water with 
a little steam above it, we put a quantity of cold water 
with some ice in it, which went through the same set of 
operations ; then — and this was almost precisely the way 
in which James Thomson regarded it — it is easy to show 
that, taking account of the expansion in the act of 
freezing, you could get, without any expenditure of heat 
whatever, any amount of work you pleased from such 
an ice-water engine. The only way in which you could 
get out of this inadmissible difficulty is by assuming 
that the freezing point of water depends upon the pres- 
sure. If this be allowed, everything can be explained ; 
but if not, then unquestionably an ice-engine would 
enable us to get work from no expenditure. Thus, 
by simply applying Carnot's process with the change of 
a word or two, and availing himself of the experiment- 
ally demonstrated impossibility of the perpetual motion, 
James Thomson made out the result, that the freez- 
ing point of water is necessarily lowered by pressure. 
Well, one can calculate, suppose it were not lowered, 
how much work could be done in one stroke of this 
compound engine. One can compare that with the work 
done by expansion of water when converted into ice 
and the amount of latent heat set free, and from these 
one can calculate conversely by how much the pressure 
must be increased in order to lower the freezing point 
one degree, or how much the freezing point would 
be altered by a change of one additional atmosphere 
of pressure. Thomson made both these calculations. 
The result was extremely small, namely this fraction — 

I 
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o*''0075 C. The freezing point of water is lower by this 
small fraction of a degree Centigrade for every addi- 
tional atmosphere of pressure. You can calculate from 
this that it would require 133 additional atmospheres 
of pressure, that is to say, 133 times 15 lbs., or about 
2000 lbs. weight on the square inch, to be applied to a 
quantity of ice which has a temperature one degree 
Centigrade lower than the freezing point, in order that 
the ice should melt. So that ice can always be melted 
by applying pressure great enough ; but if you make the 
ice very much colder than the freezing point, the amount 
of pressure required to melt it is so great that we can 
hardly conceive of its ever being applied. It is only 
when ice is moderately near its melting point that you 
can apply sufficient pressure to get its present tempera- 
ture to represent its melting point; and if its present 
temperature represents its melting point, of course it 
melts. I showed you in my last lecture one beautiful 
method of exhibiting the melting of ice under pressure, 
which was described last year in Nature by Mr. Bot- 
tomley. It consisted in cutting through a bar of ice 
with a wire, as you would cut soap or cheese. But 
the ice behaves in a totally different way from that 
in which soap or cheese would have behaved under 
the same circumstances. If the ice had been one or two 
degrees colder than the freezing point, the wire would 
have hung inactive. It is only when the ice is near 
the freezing point that the wire, with moderate weights 
at its ends, is capable of melting it. As the ice melts, 
it passes round behind the wire, and, thus escaping 
the pressure, sets into ice again. Thus, as fresh ice 
has pressure applied to it by the advancing wire, there 
is a constant melting of the ice before the wire, and a 
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constant re-freezing behind it; and the block of ice 
remains practically continuous, except just at the place 
where the wire is cutting it. Now, this property of ice 
was known in sonie of its eiflfects — at all events to every 
one who had seen a glacier — for hundreds of years ; but 
it was only within comparatively recent times that atten- 
tion was directly called to it. The first who seems to 
have done so was DoUfuss-Ausset, in his experiments 
upon the Swiss, glaciers, where he showed that by com- 
pressing a number of fragments of ice in a Bramah press, 
it was possible to melt them ; and when pressure was 
taken off them, to allow them to revert again into a solid 
block. But he found that with very cold ice the experi- 
ment did not succeed. In fact, as we now see, even with 
his Bramah press, he could not apply pressure enough. 
Another form in which it must have been well known 
for hundreds of years is the form in which we try the 
same experiment every time we make a snowball. 
Schoolboys know well that after a very frosty night the 
snow will not *make:' — their hands cannot apply 
sufficient pressure. But if the snow be held long enough 
in the hands to be warmed nearly to its melting point 
it recovers the power of 'making,' or rather of * being 
made.' Every time we see a wheel-track in snow we see 
the snow is crushed, and even after one loaded cart has 
passed over it,^-certainly after two or three have passed, 
— ^the snow has been crushed into clear transparent ice. 
The same thing takes place by degrees after people 
enough have walked over a snow-covered pavement; 
and in all these cases this minute lowering of the freez- 
ing point has led to the result. And now we see how 
it is that the enormous mass of a glacier moves slowly 
on like a viscous body, because in consequence of this 
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most extraordinary property it behaves under great 
pressure precisely as if it were a viscous body. The 
pressures down the mass of a glacier must of course be 
very great, and as the mass is — especially in summer — 
freely percolated through by water, its temperature can 
never (except on special occasions, and then near the 
free surface) fall notably below the freezing point. Now, 
in the motion of the mass on its journey, there will 
be at every instant places at which the pressure is 
greatest, — where in fact a viscous body, if it were placed 
in the position of the glacier ice, would give way. The 
ice, however, has no such power of yielding ; but it has 
what produces quite a similar result — wherever there is 
concentration of pressure at one particular place it 
melts, and as water occupies less bulk than the ice from 
which it is formed, there is immediate relief, and the 
pressure is handed on to some other place or part of 
the mass. The water is thus relieved from the pressure 
by the yielding caused by its own diminution of bulk 
on melting. The pressure is handed on ; but the water 
still remains colder than the freezing point, and there- 
fore instantly becomes ice again. The only effect is 
that the glacier is melted for an instant at the place 
where there is the greatest pressure, and gives way there 
precisely as a viscous body would have done. But the 
instant it has given way and shifted off the pressure 
from itself it becomes ice again, and that process goes 
on continually throughout the whole mass; and thus 
it behaves, though for special reasons of its ovin^ precisely 
as a viscous fluid would do under the same external 
circumstances. 



LECTURE VI. 

TRANSFORMATION OF ENERGY. 

Further consequences of Carnot*s ideas. Anomalous behaviour of water and 
of india-rubber. Application to rock masses, and the state of the earth's 
interior. Availability of energy, and loss of availability. To restore the 
availability of one portion of energy, another portion must be degraded. 
Dissipation of energy. Sources of Terrestrial and of Solar Energy. 
Energy of plants and animals. Measure of the Sun's Radiant Energy. 
Energy now in the Solar System. 

I SHALL commence this afternoon by taking a few 
further consequences of the grand ideas of Carnot, which 
I developed at full length in my last lecture. Where- 
ever, in fact, we meet with any one anomalous physical 
result, we almost invariably find that it is associated 
with other anomalous results ; and perhaps it is in this 
respect that Carnot's ideas have been of the greatest 
use in giving us new information. 

Let us take, for instance, what I incidentally men- 
tioned in connection with thermometers in my last 
lecture, — the fact that water would be an exceedingly 
bad substance to employ for the purpose of filling a 
thermometer bulb, because, even supposing that it did 
not burst the bulb when it froze, — supposing that we 
were using it from zero of Centigrade scale up to ioo°, 
it would begin to contract when first heated, and would 
continue to do so up to the temperature of 4** C, and 
then it would expand like most other liquids. Now, 
here is a substance, which, when heated, becomes less 
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in bulk : it contracts instead of expanding. We should 
expect, therefore, to find that water exhibits some other 
anomaly, — really the same thing if we could understand 
exactly all about the physical question involved, but 
appearing very startling to us when presented as some- 
thing apparently quite new and different. 

Let us look closely into the circumstances of this 
question. We are applying heat to water, and in con- 
sequence the water is contracting instead of expanding. 
Suppose, then, that we take water at a temperature 
between zero and 4^ C, and apply pressure to it, what 
should we expect ? Pressure applied to water at any 
temperature above 4*^ C, and to most other liquids at 
any temperature whatever, develops heat. Now Car- 
not's reasoning shows that just for the same reason that 
pressure produces a development of heat in a liquid 
which expands by heating, so in a liquid such as water 
between zero and 4° C, a liquid which contracts on being 
heated, pressure produces cooling, so that water taken 
at any temperature between these narrow limits and 
squeezed in a Bramah press becomes colder in conse- 
quence of the forced contraction in bulk. 

Another very startling result is derived from the 
anomalous behaviour, which I daresay is familiar to 
most of you, of an india-rubber band. I daresay you 
all know that an india-rubber band suddenly stretched 
and applied to the Up feels warmer than before. Most 
bodies when extended become colder, as air does when 
it expands. If you pull out a steel spring it becomes 
colder, as Joule showed by direct experiment; but 
india-rubber is an exception : it not only becomes 
warmer when it is pulled out, but if, — keeping it still 
pulled out — you allow it to cool to the temperature of 
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the air, and then suddenly allow it to contract again, it 
is very much colder than before, as you feel by a|)ply- 
ing it agslin to your lip. . . 

Now these other bodies, such as air and the steel 
spring, when heat is applied to them^ expand, A 
steel spring supporting a weight, and with heat applied 
to it, will expand, and allow the weight to descend. 
On the contrary, as I hope to be able to show you by 
a simple arrangement, when you apply heat to stretched 
india-rubber, instead of expanding it contracts, and 
perfectly in accordance with the theoretical prediction 
of Sir William Thomson from Carnot's reasoning 
applied to this case. 

I suppose the spot of light crossed by a sharp hori- 
zontal dark line is visible to all of you near the top of 
the scale. The light from an incandescent lime-ball 
passes through a lens, and (after reflection from a plane 
mirror) is brought to a focus on the scale. The hori- 
zontal dark line is the image of a wire stretched in 
front of the lime-ball. This is our index, not the 
vaguely-defined spot of light. I have here suspended 
a piece of vulcanised india-rubber gas-tubing, with the 
spiral wire-core removed from it. Its lower end has a 
scale-pan attached, and is also fastened to a lever which 
moves the plane mirror. In order to show you what 
the movements of the apparatus indicate, my assistant 
will put one or two additional weights into the scale- 
pan hanging from the tube, and you will notice that 
the effect of the additional weights, which is of course 
to extend the india-rubber, produces a movement of 
the reflected light ufi the scale. Hence, if this indiar 
rubber were to expand further by the application of 
heat, we should see the spot of light on the scale move 
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farther up ; but, on the contraiy, a^ soon as heat is 
applied by a spirit-lamp to the india-rubber, the spot 
of light you see moves downwards upon the scale, 
showing that the india-rubber is contracting instead of 
expanding. India-rubber is a very bad conductor of 



heat, so that it will require some time to cool ; but if 
we were to allow it time to do so, we should find it 
return almost exactly to its original length ; so that 
while being heated under tension it contracts, and while 
cooling under tension it expands. 
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[Clerk-Maxwell has recently improved this experi- 
ment in a most marked manner, by heating the india- 
rubber tube by the passage of a current of steam 
through it. The shortening produced can now easily 
be made visible directly to a large audience.] 

There are a great many other substances which 
present anomalous properties of the same kind ; but we 
will now go back to cases which are not anomalous, and 
there we shall see that the application of Carnofs prin- 
ciples leads, in these as in other cases, to results which 
may be of the very greatest importance. Take, for 
instance, a piece of wax. We know that when wax 
solidifies it contracts very considerably. Paraffin and 
many other bodies do the same ; and, therefore, in exact 
accordance with Carnot's reasoning, their melting points 
are raised by pressure instead of being lowered, as the 
melting point of ice is, so that in order to melt paraffin 
under a very great pressure, you require to heat it very 
much above its ordinary melting point. 

This is exactly analogous to the case of the conver- 
sion of water into steam. When water is converted 
into steam, there is an enormous increase in the bulk, 
and we know that the temperature of the boiling point 
of water is greatly heightened by increased pressure. In 
a high-pressure steam-engine, and wherever we insist 
on having steam at a high pressure, the boiler requires 
to be raised to a correspondingly high temperature 
above the ordinary boiling point. We all know that 
Papin's Digester was formed upon that principle, for the 
purpose of heating water to a very much higher temper- 
ature than the ordinary boiling point, and. therefore to 
confer upon it solvent powers for dissolving bones and 
such like, which it does not possess at the ordinary boil- 
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ing point. And, in the same way, Alpine travellers have 
told us of their difficulties in cooking tea and other 
food on the top of a high mountain, because it is im- 
possible at such altitudes, without enclosing the water 
in a boiler with a closed lid, to heat it up to the tem- 
perature of 1 00° C, the ordinary boiling point Water 
boils in an open vessel at about 85^ C. on the top of 
Mont Blanc. 

'Now, consider the application of this on a far more 
gigantic scale. Think of its application to the (Qriginally 
fluid) substances which now form the whole mass of the 
earth. There can be no doubt whatever, from various 
physical and geological proofs, that the interior of the 
earth, at all events for a very considerable depth under 
the surface, must, at some long time ago, have been in a 
viscous or even a perfectly liquid state. Now, when that 
mass first cooled, which it certainly would do most rapidly 
at the surface, then if the substance were such as to con- 
tract on cooling, so that the solid crust became denser 
than the liquid below it, there would be an exceedingly 
precarious state of equilibrium, as gradually the crust 
formed, and, shrinking in, increased the pressure qn 
the liquid below, and thus produced a powerful hori- 
zontal tension throughout its own substance. In a^U 
probability the crust must have broken up by the 
surface-tension necessary to balance this internal pres- 
sure (as the tension of a soap-bubble balances the extra 
pressure due to the compressed air it contains), and 
tumbled in (and sunk) in pieces, and then solidifica- 
tion commenced on the fresh exposed liquid surface, 
and so on. But through the whole . globe,, there 
may: be, at depths even of so little as 500 • miles 
under the earth's surface, portions still left of the 
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originally liquid mass at temperatures equivalent to a 
red beat; or (it may be) even a white heatrr-at tem- 
peratures at all events far above their melting point 
under ordinary pressures; and yet, as Sir William. 
Thom3on has shown by means of precession, and by 
other astronomical . determinati9ns^ still solid. . The 
whole mass of the earth is virtually solid ; more rigid 
in fact than if it had been of glass throughout — very 
nearly as rigid as if it' had been a solid mass of 
steel ; still; I say there may be portions of the interior, 
even not so much as 500 miles under the surface, which 
are still at a white heat, and yet solid, because in conse- 
quence of the immense superincumbent pressure their 
melting points have been raised so high that even a white 
heat is insufficient to liquefy them. 

The illustrations of this lecture have been mainly 
devoted to the law of transformation of energy from 
one form to another, and all the examples I have given 
have been simply applications of Carnot's great result, 
as modified slightly so as to make it agree with modern 
knowledge as to the nature of heat. But there are other 
reflections which we must make on the same subject; 
and especially with reference to the necessity in Carnot's 
process of a large portion, by far the greater portion, of 
the heat which even a perfect engine employs, being let 
down, without undergoing transformation, from a high 
temperature, where it has a great deal of available 
energy, to a lower temperature, where it has a less 
amount of available energy. : 

There is, of course, the same amount of energy in a 
given quantity of heat in whatever body and at whatever 
temperature you have it ; for a quantity of heat, what- 
ever its temperature, represents its equivalent of work. 
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But though there is a definite mechanical equivalent 
for so much heat, there are vast variations in its utility 
under different circumstances. If you have the heat in 
a very hot body, you can get a great deal of its value 
out of it On the contrary, if you have it in a com- 
paratively cold body, you can get very little out of it ; 
and therefore we are led to speak of the availability of 
an amount of heat-energy. Availability of energy 
simply means its capability of being transformed into 
something more useful, i,e, of being raised higher in 
the scale of energy ; and depends in the case of heat 
entirely upon the temperature at which we have it. 

We have seen that even a perfect engine, when it is 
using heat, necessarily converts only a part of the heat 
into work. We get the full benefit of that part of the 
heat ; but the remainder is not left in the boiler, but is 
degraded, is let down, through the range of temperature 
corresponding to that between the boiler and the con- 
denser ; and there, although even yet it is equivalent 
as much as ever to work, it cannot be converted into 
useful work ; for, in order that such a conversion should 
take place, we must have a new engine working down 
to a temperature lower than that of the original con- 
denser. Therefore this heat, although quite as high 
as the rest in its equivalent of mechanical energy, is 
not so useful, because we have not the means of trans- 
forming it. It has lost its standing, as it were ; it has 
lost its availability ; and thus there is a constant ten- 
dency, even with a perfect engine, — and we cannot get 
a perfect engine in any of our operations, — to a degrada- 
tion of the greater part of the heat employed. 

This leads us, then, to the consideration of why it is 
that such a degradation must take place. Perhaps the 
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best way of studying such a question will be to take 
— as another illustration of the perfect engine, and Car- 
not's cycle — the case of compressed air, or some other 
such source of power which does not necessarily involve 
the direct application of heat. 

The case of compressed air is a very instructive one, 
and at the same time a very simple one. It was first 
thoroughly worked out by Joule, and in this way. He 
took a strong vessel containing compressed air, and 
connected it with another equal vessel which was ex- 
hausted of air. These two vessels were immersed each 
in a tank of water. After the water in the tanks had 
been stirred carefully so as to bring everything to a 
perfectly uniform state of temperature, a stop-cock in the 
pipe connecting the two vessels was suddenly opened. 
The compressed air immediately began to rush violently 
into thfe empty vessel, and continued to do so till the 
pressure became the same in both ; and the result 
was, as every one might have expected, that the vessel 
from which the air had been forcibly extruded fell in 
temperature in consequence of that operation. It had 
expended some of its energy on forcing the air into 
the other vessel. But that air, being violently forced 
into the other vessel, impinged against the sides of that 
vessel, and thus the energy with which it was forced in 
through the tap was again converted into heat. Thus 
the air which was forced into the vacuum became hotter 
than before, while the air which was left behind became 
colder than before. But, on stirring the water round 
these vessels, after the transmission of air had been 
completed, and the stop-cock closed, Joule found that 
the number of units of heat lost by the vessel and the 
water on the one side, was almost precisely equal to 
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the quantity of additional heat which had been gained 
on the other side. 

He then repeated the experiment, — putting instead 
of two tanks of water, each holding one of the two 
strong vessels, one larger tank also filled with water, 
with both vessels buried side by side in it, — then, on 
allowing part of the air to escape, as before, from the 
one into the other, and stirring till everything had ac- 
quired exactly the same temperature, he found that there 
was scarcely any measurable change in temperature. 

These experimental methods, then, proved indisput- 
ably that the quantity of heat lost by the one part of 
the air was — at least as nearly as that kind of experi- 
ment enabled him to test it — equal to the quantity of 
heat gained by the other. Now, think of this for a 
moment, and you will see that the compressed air had 
at first a certain capability of doing work. You might 
have used it to drive a compressed-air engine, or you 
might have used it for propelling air-gun bullets, or 
anything of that sort ; but in its final state, when it had 
expanded to double its original bulk, it had not any- 
thing like such an amount of available working power 
stored up in it as it had before. There was, therefore, 
dissipation of the energy, or of part of the energy, origin- 
ally present ; and yet, as you have seen, the apparatus 
and its contents had not lost any heat. 

There was, on the whole, no heat lost, because what 
was lost to the one vessel was gained by the other. 
No heat was given out to external bodies, and no avail- 
able work was done. The air was simply allowed to 
expand — ^to change its bulk — ^without driving out 
pistons, or doing anything by which it could convey 
work to external bodies. It had, therefore, at last 
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precisely the same amount of energy as at first ; and 
yet of that not nearly so much was available. The air 
had seized at once the chance given it of dissipating 
part of its energy, and did dissipate it, as far as was 
compatible with the circumstances of the arrangement 

Now the really curious point about this is, that in 
order to restore the lost availability to the energy of the 
air, — ^to get that air back into its former condition, so as 
to be capable of doing as much work as it ws^s capable 
of doing at first, — it would be necessary to spend work 
upon it, pumping it back from the double vessel into 
the single one ; but the amount of work which is so 
spent in pumping it back goes to heat the whole mass 
of air ; and when you have expended work enough to 
force back the air into the first vessel from the second, 
you find that the amount of heat which is given out 
during that process — and which can be measured with 
great exactness — is almost precisely equivalent to the 
work which is spent in forcing the air back. 

Thus to restore to the energy its former availability, 
you do not need to spend any energy, you, have only to 
degrade some. You have spent work and got instead 
its less useful heat-equivalent You must waste a cer- 
tain amount of energy, or rather get a bad form of 
energy in place of it, in order to restore to the mass 
of air the availability of the energy which it possessed 
originally, and which had been allowed to be lost by 
gradual expansion. 

I can illustrate this in another and very instructive 
way by taking an experiment belonging to the domain 
of electricity. The experiment is, I daresay, a well- 
enough known one, so far as the mere exhibition of an 
experiment goes, l?ut its really important feature, its 
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explanation as bearing upon the principles of enei^, 
and especially upon Camot's results, does not appear to 
be, at all events, very generally known. I have got here 
a couple of Leyden jars, and, contrary to the usual 
practice, their exterior and interior coatings are both 
insulated. The jars are supported upon varnished glass 
stems. Now, I am going to charge from the electric 
machine only one of those two jars. First of all, we 
shall chai|;e and discharge it ; and you wiU.be enabled 



to judge roughly the amount of work which corresponds 
to its full charge by the sound and light of the spark. 
After that I shall charge it again as nearly as possible 
to the same amount, and then share the charge of 
electricity between the two jars, by putting first their 
outer coatings together, and then their inner coatings ; 
so that the charge shall be divided equally (because of 
their equality) between the two. You now obtain 
(showing) from the sound and light of that discharge- 
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spark an idea of the amount of work stored up in the 
jar when charged. Now, the jar being charged again, 
I simply place a chain over the two outer coatings, and 
then I connect the interior coatings by means of the 
discharging-rod. But you will notice that a spark 
passes during that process. {Shows,) Now, no elec- 
tricity has disappeared, for the jars and discharging- 
rod are, all of them, insulated. But by separating the 
two jars from one another, and discharging them separ- 
ately, you find there is a charge in each {shows), and 
that these are as nearly as possible equal, so far as can 
be judged by the appearance and sound of the discharges. 
But you must have noticed, also, that of the four sparks 
which you have just heard and seen, the first was very 
much the stronger ; it made by far the greater noise, and 
it was also the longer and more brilliant. The second 
spark was the next in order of magnitude, and the two 
final sparks, as we should have expected, were about 
equal, but not at all comparable in intensity, even to 
the second one, which was weaker than the first 

Now, this is a beautiful illustration of exactly, or 
almost exactly, the same principle as that I have just 
explained. When I had the full charge of electricity 
in the one jar, there was a certain definite quantity of 
what, for want of precise knowledge, we provisionally 
call positive electricity, in the inner coating, and an 
equal quantity of negative electricity was in the outer 
coating. Then, when I connected the outer coatings of 
the charged and the uncharged jar by means of this 
chain, they formed, as it were, the outer coating of a 
single jar ; but in order to make the two inner coatings 
correspond in electric condition, I had to put the dis- 
charging-rod between them, and you noticed that I 

K 
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could not do so without allowing a spark to pass. A 
spark necessarily passed during that operation, at least 
it did so when a short stout metallic discharging-rod 
was used. 

Now, that spark represented a portion of energy 
which was wasted — a certain amount of work done in 
producing sound, light, and heat. Therefore, obviously, 
from the mere fact that such a spark passed when I 
completed the connection between the two jars, you 
saw that energy must have been wasted. But how 
could the energy be wasted when there was no free 
electricity lost? The quantity of positive electricity 
originally in the inside of one jar was simply divided 
between two jars ; — there was just one-half the original 
quantity of positive and one-half the quantity of negative 
in each. The quantity of electricity remained the same, 
and yet there was a quantity of energy dissipated during 
the process. Now the answer is simply this (it was 
originally made out as a very particular case of grand 
general theorems, given first by Green and afterwards 
interpreted and applied by Helmholtz and Sir William 
Thomson), — that the work due to a charge of electricity, 
or the work which must be spent upon an electric 
machine (suppose it wholly goes to producing electrical 
charge of a conductor), depends upon the square of the 
quantity of electricity. No matter what the form of 
the conductor or jar is, the energy of the charge, or the 
amount of work which it will do, depends upon the 
square of the quantity of electricity. Now we can 
understand perfectly our experimental result Sup- 
pose we call the quantity that the first jar had when it 
was charged, one ; then^ when I discharged it by itself 
on the first occasion, you had a spark which corresponded 
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to the quantity of energy, the square of one, or one 
itself. But when I put the two jars together, and thus 
divided the charge, so that there was only one-half 
the quantity of positive, and one-half the quantity of 
negative in each jar, then the whole discharge of each 
separate jar, or the energy of it, was proportional to 
the square of one-half, — that is, to one-fourth. Each of 
these, when the charge had been divided between them, 
contained a quantity of energy equal to one-fourth of 
the original store, and therefore the two together corre- 
sponded only to one-half of that store. Now we can see 
what it was that produced the spark when I was dividing 
the charge : that spark was the equivalent of the other 
half of the energy, the half which necessarily went to 
waste. You wasted the whole quantity by discharging 
the charged jar itself; but in merely putting the two 
together, sq as to divide the charge, you wasted one- 
half the energy, and then the quantities that you had 
remaining corresponded to the two remaining quarters.^ 
Now, in all these illustrations that I have shown you 
— ^whether they correspond to dissipation of ordinary 
energy, or to dissipation by sound or friction, or even to 
the production of heat, light, and so on, by electrical 
discharges, — in all these cases, you notice that there is a 
tendency for the useful energy, whenever a transforma- 
tion takes place, to run down in the scale, — that, the 
quantity being unaltered, the quality becomes deterior- 
ated, or the availability becomes less ; and from similar 

' If instead of the stout, short, discharging-rod I had used a very long, 
fine wire or other conductor of great resistance, such as, for instance, a 
niimber of persons joining hands, the second spark might have been 
reduced indefinitely ; but then the inevitably wasted half .of the enei^gy 
would have appeared as heat in the wire, or in the physiological effects 
of the shock. 
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results in all branches of physics we are entitled to 
enuntiate, as Sir William Thomson did very early after 
the new ideas were brought into full development, the 
principle of Dissipation of Energy in nature. 

The principle of dissipation, or degradation, as I 
should prefer to call it, is simply this, that as every 
operation going on in nature involves a transformation 
of energy, and every transformation involves a certain 
amount of degradation (degraded energy meaning 
energy less capable of being transformed than before), 
energy is continually becoming less and less trans- 
formable. 

As long as there are changes going on in nature, the 
energy of the universe is getting lower and lower in the 
scale, and you can see at once what its ultimate form 
must be, so far at all events as our knowledge yet 
extends. Its ultimate form must be that of heat so 
diffused as to give all bodies the same temperature. 
Whether it be a high temperature or a low temperature 
does not matter, because whenever heat is so diffused 
as to produce uniformity of temperature, it is in a con- 
dition from which it cannot raise itself again. In order 
to get any work out of heat, it is absolutely necessary 
to have a hotter body and a colder one ; but if all the 
energy in the universe be transformed into heat, and if 
it be all in bodies at the same temperature, then it is 
impossible — at all events by any process that we know 
of as yet — to raise the smallest part of that energy into 
a more available form. 

Having seen then that this must be the ultimate end 
of all the energy in the universe ; that — ^so long at all 
events as those I have just been explaining remain 
physical laws — this is the consequence to which they 
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must lead, it becomes a very necessary inquiry — ^Whence 
is it that the enormous quantities of energy which are 
made use of, even on the surface of our diminutive 
planet, are supplied to us ? What are our principal 
sources of energy, and how do we transform the supplies 
they afford us so as to make them useful for various 
practical purposes, especially the most practical of all, 
— ^the practical one of living, which, so far as mere 
vitality is concerned, is certainly a purely physical 
process ? 

Well, the muscular work which an animal does, and 
the animal heat which it gives out (in much larger 
equivalents than it does muscular work), these of course 
we all know are due mainly to food. In such a term 
as food, I include not merely solid and liquid food, but 
also (and this is very important) the gaseous food which 
we inhale. All these may be classed under the general 
title of food. These being taken in, we have certain 
other things which are got rid of, such as carbonic acid, 
water, and so on. These you may call the ashes of our 
food. These have, in their chemical relations, part of 
the degraded energy of the food which was taken in. 
The non-degraded part of the energy corresponds of 
course to the muscular work done, and the store of 
muscle, etc., laid up in the system. 

Now, if this process were going on continuously 
there would be constant using up of the oxygen of the 
atmosphere by its combination with part of the food, 
and production of the (to the animal) useless, or rather 
pernicious, gas, carbonic acid. Leave this part of the 
question as a difficulty for the moment, — that we should 
have the oxygen of the air gradually taken up, and its 
place supplied, at all events to a great extent, with car- 
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bonic acid gas, in which an animal could not live : — 
still we have this further difficulty : — Although animals 
may live to a great extent upon animal food, yet if you 
go on from man, who consumes a certain kind of 
animal, while that animal also consumes animals, and 
so on, there must be either a cycle in which the last 
animal consumes man, or an infinite range as it were of 
animals, so that all could live on animal food I 

We know that it is not so, that there is a large class of 
animals which consume only vegetable food. Now, it is 
to the wonderful difference between the application of the 
laws and processes of energy to the nutrition of animals, 
and to that of vegetables, that we are indebted for the ex- 
planation of the difficulty which I have just pointed out 
to you — ^what becomes of this large quantity of carbonic 
acid gas, which in time would, if not got rid of, kill off 
all animals, either by direct poisoning, or by depriving 
them of their oxygen. The explanation is simply this, 
that the animal takes in the oxygen, and with it animal 
or vegetable food, giving out the objectionable carbonic 
acid gas ; but, on the other hand, the plant takes the 
carbonic acid gas, with water and other things, and 
works it up again, — gives back the oxygen to the air, 
and stores up the carbon, etc., in the form of vegetable 
food, upon which many animals live, and in their turn 
become man's food. 

Now, it is quite obvious that if plants were not assisted 
by some external supply of energy, here would be some- 
thing equivalent to the perpetual motion on the grandest 
conceivable scale. If the plant were capable, merely by 
its own peculiar organisation, of taking the ashes as it 
were of the fuel burnt in the animal engine, and work- 
ing them up again into fit and proper food, without 
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external assistance, then that process might go on 
indefinitely, — ^the animal all the time, remember, giving 
out animal heat and doing muscular work. 

This would be the perpetual motion on a scale never 
contemplated even by the perpetual-motionists. It is 
obvious then that in order to escape from our difficulty 
— no less than a contradiction in terms of what we 
know to 'be a physical law — there must be some source 
of energy which the plant draws upon in order to help 
it to woric up that carbonic acid, etc., and store up the 
available part of it as food for the animal. 

It was long ago recognised, but first, perhaps, in a 
nearly definite form, by Stephenson, that it was by 
energy supplied in a radiant form from the sun, that 
plants were enabled to decompose carbonic acid ; and it 
is a very wonderful thing that those so-called actinic or 
chemical radiations from the sun, which are most effec- 
tive in promoting the decomposition of carbonic acid by 
the leaves of plants, are the very rays which are most 
absorbed by the green leaves. The green leaves are 
particularly absorbent of them, and any of you may 
convince himself of the fact by comparing the photo- 
graph of a tree in full leaf with that of almost anything 
else. In fact, the photographs of foliage (at all events 
with the chemicals usually employed) are almost in- 
variably exceedingly dull, even black, showing that the 
chemically active rays, except those which have been 
reflected from the surfaces of polished leaves, have been 
absorbed at once by the green leaves, and in this act 
have been performing their function of decomposing 
carbonic acid and water. 

In fact, we may make a rough comparison — it is not 
by any means an exact one, but it is close enough to be 
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sufficient for our present purpose — ^we may compare 
roughly the animal to the ceil of a galvanic battery, 
where you have the virtual food supplied in the shape 
of zinc and dilute sulphuric acid ; and the cell, by means 
of the electric current it produces, driving an electro- 
magnetic engine or producing heat in a wire, just as 
the animal produces muscular work or animal heat. 
On the other hand, you may roughly, with about the 
same degree of approximate accuracy, compare the 
plant to a cell in which energy, in the form of a current 
of electricity, furnished from an external source, is 
employed in decomposing water, let us say : — separating 
it into its oxygen and hydrogen, and producing that 
high form of potential energy which I exhibited to you 
experimentally in a former lecture ; so that fresh 
materials, as it were, for the battery cell are being 
actually separated, and getting their potential energy 
given back to them in the decomposing cell. That 
corresponds to the plant. You supply these materials 
again to the cell of the battery, and it again produces 
electric currents, and so on in succession. 

But it is quite obvious that a process of that kind 
cannot go on without a supply of energy from 
without. The raising of energy from the lower form 
to the higher always requires external application of 
some fresh energy, which is itself degraded in the pro- 
cess. This idea originated with Joule at a very early 
period of his investigations ; and he pointed out that 
not only does an animal much more nearly resemble 
in its functions an electro-magnetic engine than it 
resembles a steam-engine, but he also pointed out that 
it is a much more efficient engine, — that is to say, an 
animal, for the same amount of potential energy of food 
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or fuel supplied to it (call it fuel, to compare it with the 
other engines), gives you a larger amount converted 
into work than any engine which we can construct 
physically. 

To use the vernacular of engineers on the subject, the 
* duty ' of an animal engine is much larger than the 
duty of any other engine, steam, or electro-magnetic, 
or otherwise, which we can construct to employ fuel, 
— ^the duty simply meaning the percentage of the 
energy of the fuel supplied to the engine which it can 
convert into the useful or desired form. Carefully 
observe here that this does not necessarily hold true 
if we contemplate water-mills, etc., for there the energy 
supplied is in general of a higher order than that of 
food or fuel. 

Now, from what I have said, you will see that the 
supply which the plant requires comes from the sun. 
That leads us then to the question — what is the source 
of the sun's energy.? Now, when, with the view of 
answering that question, we make a few calculations, 
we find that they at once upset the first ideas that we 
are likely to form for ourselves on the subject. Of 
course, the old notion that the sun is a huge fire, or 
something of that kind, is one which will only occur to 
those thinking of the matter for the first time ; but with 
our modem chemical knowledge, assisting the more 
ordinary physical reasoning which I havejust given you, 
we are enabled to say, that, massive as the sun is, if its 
materials had consisted even of the very best materials 
for giving out heat by what we understand on the ter- 
restrial surface as combustion, that enormous mass of 
some 400,000 miles in radius could have supplied us 
with only about 5000 years of its present radiation. A J 
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mass of coal of that size would have produced very 
much less than that amount of heat. Take (in mass 
equal to the sun's mass) the most enei^etic chemicals 
known to us, and in the proper proportion for giving 
the greatest amount of heat by actual chemical combi- 
nation ; and, so far as we yet know their properties, 
we cannot see the means of supplying the sun's present 
waste for even 5000 years. 

Therefore, as we all know that geological facts, if 
there were no others, point to at least as high a radiation 
from the sun as the present, for at all events a few 
hundreds of thousands of years back, — perhaps, as we 
shall find later, even a few millions of years back, — 
and perhaps also indicate even a higher rate of 
radiation from the sun in old time than at present — 
it is quite obvious to you that the heat of the sun 
cannot possibly be supplied by any chemical process 
of which we have the slightest conception. 

Now, if we can find, on the other hand, any physical 
explanation of this, consistent with our present know- 
ledge, we are bound to take it and use it as far as we 
can, rather than say — This question is totally unanswer- 
able unless there be chemical agencies at work in the 
sun of a far more powerful order than anything that 
we meet with on the earth's surface. If we can find a 
thoroughly intelligible source of heat, which, though 
depending upon a different physical cause from the 
usual one, combustion, is amply sufficient to have 
supplied the sun with such an amount of heat as to 
enable it to have radiated for perhaps the last hundred 
millions of years at the same rate as it is now radiating, 
then I say we are bound to try that hypothesis first, and 
argue upon it until we find it inconsistent with something 
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known. And if we do not find it inconsistent with 
an3^ing that is known, while we find it completely 
capable of explaining our difficulty, then it is not only 
philosophic to say that it is most probably the origin of 
the sun's energy, but we feel ourselves constrained to 
admit it Newton long ago told us this obligation in 
his Ruks of Philosophising. 

The shortest and easiest way in which I can illustrate 
this simple though tremendously important step is by 
stating that if we were to take a mass of the most per- 
fect combustibles which we know, — those combustibles 
which give the greatest amount of energy when 
burned together, and let it fall upon the sun merely 
from the earth's distance, — then the work done upon 
it by the sun's attraction during its fall would give it 
so large an amount of kinetic energy when it reached 
the sun's surface as to produce an impact which 
would represent 6000 times the amount of energy which 
could be produced by its mere burning. It is, in fact, 
capable of perfectly easy and simple demonstration, — 
that a mass which would produce the utmost known 
energy by burning, would give 6000 times more energy 
by a simple fall from the earth's distance upon the sur- 
face of the sun. 

It appears, then, that until it is shown that there is, 
or has been, in the physical universe, at some time or 
other, a greater amount of kinetic energy than can be 
accounted for by the falling together of the masses 
which compose the sun and stars, our natural and only 
trustworthy mode of explaining the sun's heat at present, 
in time past, and for time to come, must be something 
closely analogous to, but not identical with, what was 
called the nebular hypothesis of Laplace — very eagerly 
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accepted when it was first proposed — the hypothesis of 
the falling together (from widely scattered distribution 
in space) of the matter which now forms the various 
suns and planets. We find, by calculations in which 
there is no possibility of large error, that this hypothesis 
is thoroughly competent to explain 100 millions of years' 
solar radiation at the present rate, perhaps more ; 
and it is capable of showing us how it is that the sun, 
for thousands of years together, can part with energy 
at the enormous rate at which it does still part with it, 
and yet not apparently cool by perhaps any measurable 
quantity. 

Now, in confirmation of this it is well to state here, 
that not only is the hypothesis itself capable of ex- 
plaining the amounts of energy which are in question, 
but also recent investigations, aided by the spectroscope, 
—of which I shall have a good deal to say in another 
lecture, — ^have shown us that there are gigantic nebular 
systems at great distances from our solar system, in 
the process of (physical) degradation in that very way, 
by the falling together of scattered masses, and with 
immense consequent developments of heat by impacts. 
What are called temporary stars form another splendid 
and still more striking instance of it, as where a star 
suddenly appears of the first magnitude, or even brighter 
than the first, outshining all the planets for a month or 
two at a time, and then, after a little time, becomes 
invisible in the most powerful telescope. Things of that 
kind are constantly occurring on a larger or smaller 
scale, and they can all be easily explained on this sup- 
position of the impact of gravitating masses. 

Now, holding that such may be the cause of the 
enormous amount of radiation from the sun, let us 
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inquire what fraction of that whole radiation reaches our 
own little globe. We know what an enormous quantity 
of solar heat reaches the earth, — reaches even our own 
small comer of the earth. That is of course a very 
small part of what reaches the earth's whole surface ; 
but still, if you recollect that the earth, as seen from the 
sun, appears very much less than the planet Jupiter, or 
even Mars, as seen by us, — that is, that it would present 
no visible disc to the naked eye, and that to an observer 
at such a distance as tjiat of the sun it would require a 
telescope of some little magnifying power to show it as 
a disc at all, — considering also that the sun is radiating 
very nearly uniformly in all directions, — how much of 
the sun's entire radiations can reach this little speck at 
such a distance as ninety millions of miles ? A circular 
disc of four thousand miles radius, at a distance of 
ninety-one million miles, appears to occupy less than 
one two-thousand-millionth part of the celestial sphere. 
You see, then, that the quantity of heat which the 
whole earth gets from the sun is of the order of some- 
thing less than the two-thousand-milHonth part of that 
which the sun gives out. Now, experiments have been 
made, and fairly satisfactory ones, to determine what 
amount of heat we do receive — what amount of energy 
does fall upon the earth's surface in a given time. Of 
course, they are interfered with to a considerable extent 
by absorption of the radiation as it passes through the 
various and varying constituents of the earth's atmo- 
sphere in each region of the globe ; and therefore the 
most trustworthy experimental results have been such 
as were obtained at considerable elevations in balloons, 
or on the tops of very high mountains, where there is 
comparatively little absorption. 
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This instrument, the pyrheliometer, is constructed 
for the purpose of measuring the amount of radiation 
from the sun. It is made of silver polished on the 



cylindrical part, and on the back, because this is an 
exceedingly bad radiator of heat, so that the instru- 
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ment loses by those sides very little of the heat which 
it collects by the blackened side, which is a good 
absorber and is turned directly to the sun. This little 
silver vessel is filled with water, and all the radiant 
heat and light, everything in the form of radiation that 
falls upon this lampblack, is absorbed by it, and is 
degraded into the form of heat and so communicated 
to the water. In the middle of the water is the bulb of 
the thermometer, whose stem runs down through the 
axis of the apparatus. We can adjust it so that the 
blackened disc shall receive the sun's rays perpendicu- 
larly, by a very simple contrivance : — a disc of metal at 
the other end of the thermometer tube, of exactly- the 
same size as the first disc : then the whole being so set 
that the shadows of the two discs coincide, — we know 
that it is turned directly to the sun. Take off the cap 
of the instrument for a measured period, put it on again, 
and after the whole has been thoroughly shaken up, so 
that the temperature of the water is the same through- 
out, read off the rise of temperature as shown by the 
thermometer. Correct that for the loss of heat by 
radiation during the performance of the experiment. 
That can be done at once by simply watching how it 
gradually loses heat when it is turned to the sky, but 
screened from the sun's radiation. With this instru- 
ment we can make a fairly approximate estimate of the 
amount of heat which is received from the sun by the 
blackened surface in a given time ; and by comparing 
the surface of this disc with the surface of the whole 
earth which is exposed to the sun, we can estimate at 
least approximately how much radiant energy in the 
form of heat, light, actinism, and so on, comes to us 
per second from the sun ; and therefore we can esti- 
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mate what amount of energy leaves the sun's whole 
surface every second, — ^that is to say, what number of 
foot-pounds of energy the sun is spending per unit of 
time. 

According to Thomson (calculating from the data of 
Pouillet and Herschel), the sun's radiation is equiva- 
lent to about 7000 horse-power per square foot of his 
surface — somewhere about thirty-fold that of the same 
area of the furnace of a locomotive — and somewhere 
about 6x ID** units of heat (C.) leave his whole surface 
per annum. 

In addition to the data which I have just given you, 
I shall conclude this morning by giving one or two 
others. Let us take the case of the earth's motion in 
its orbit. The immense mass of the earth moving round 
in its circle of over 90,000,000 miles radius in one year 
is moving at what we should consider an enormous rate, 
far greater than that of a cannon ball (being in fact 
about 80 times as great), and yet the whole kinetic 
energy it would supply, if it were accidentally to impinge 
upon a huge target, — as an Armstrong projectile goes 
against an iron plate, — is a mere trifle to what we have 
been considering ; it could only supply by that fright- 
ful crash an amount of heat equal to the sun's loss 
in about 80 days. But if instead of taking its energy 
of motion in its orbit, you were to take its potential 
energy, as a heavy body which, if allowed, would 
fall into the sun, and there produce an immense 
development of heat by impact, the calculation leads 
us to this result, that it would acquire, on reaching 
the sun's surface, such a speed that the energy of the 
impact would be equivalent to the heat at present 
given out by the sun in about 91 years. But the 
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planet Jupiter is not only enormously more massive 
than the earth, but is also very much farther away 
from the sun, and therefore on both accounts it would 
produce a much greater development of heat if it were 
to fall into the sun. The calculations made on the 
same data for the planet Jupiter give something like 
32,000 years, — that is to say, Jupiter alone falling into 
the sun would supply its present loss for 32,000 years 
to come. 

Then, there is one final datum with which I shall con- 
clude to-day, and it is this : — I shall give more detailed 
explanation of it in my next lecture, but I wish to men- 
tion it before concluding, — that the lowest possible 
estimate which we can make of the capacity of the sun 
for heat is such that, cooling at the present rate — losing 
energy at its present rate — the sun cannot possibly 
cool more than a single degree Centigrade in seven 
years. It may be, on the highest estimate we can take, 
one degree in 7000 years ; the data are very uncertain ; 
but we may say that these are the limits between which 
it must lie. Startling as are many of the matter-of-fact 
statements I have made to you to-day, I cannot help 
once more repeating this, by far the strangest of them 
all : the sun has such an enormous capacity for heat 
that it takes at least seven years, at its present enormous 
rate of radiation, to cool by one degree Centigrade ! 
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LECTURE VII. 

SOURCES AND TRANSFERENCE OF ENERGY. 

Available Sources of Eneigy on the Earth. Whence these have been derived 
Uniformitarian School of Geologists. Sir W. Thomson's arguments as 
to the length of time during which life has been possible on the earth. 
Transference of Energy— through Solids, Fluids, and through the Ether. 
Test of the Receptivity of a body or system for energy in a vibratory form 
Physical Analogies introductory to Spectrum Analysis. 

In my last lecture I considered, in as great detail as 
our necessarily limited time permitted, the origin of the 
enei^ of the solar system. I must now consider in 
part of to-day's lecture a smaller, but much more im- 
portant matter, — much more directly personal to us, — 
namely, our available sources of terrestrial energy. In 
my little work upon Thermo-Dynamics, I have arranged 
these sources in order as follows : — 

First. Our available sources of potential energy. 

1st, Fuel. Under the head of fuel I should include 
not merely coal, wood, and so on, but also all that may 
properly be called fuel — the zinc used in a galvanic 
battery, for instance, and various other things of that 
kind. 

2d, The food of animals. 

3d, Ordinary water-power. 

4th, Tidal water-power. 

All these are forms of potential energy. 
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Then, Secondly ^ in the Kinetic form, we. have — 

(I.) Winds. 

(2.) Currents of water, especially ocean currents ; and 
finally we have 

(3.) Hot springs and volcanoes. 

There are other very small sources known to us, 
exceedingly small; but these I have named include 
our principal resources. 

Now comes the question, what are the sources of these 
supplies themselves ? I find I have classified them also 
under four heads. 

The first is primitive chemical affinity, — chemical 
affinity which we may suppose to have existed between 
particles of matter from the earliest times, and still to 
exist between them, because these portions of matter 
have not combined with one another nor with other 
matter. If, for instance, when the materials of which 
the earth is at present composed were widely separated 
from one another, there were particles of meteoric iron 
and native sulphur which, when the materials did come 
together to form the earth and heated one another by 
mutual impact, did not combine together but have still 
remained through long periods of time separate from 
one another, we should consider that the mutual chemi- 
cal potential energy of the iron and sulphur remains to 
us as a portion of energy primordially connected with 
the universe. But of that, so far as we know, at least 
near the surface of the earth there is very little. There 
may be towards the interior enormous masses of as yet 
uncombined iron and uncombined sulphur, or various 
other materials, but towards the surface, where they 
could be of any direct use to us, the quantities of these 
are excessively small. 
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The second source is that which I have several times 
alluded to, — ^solar radiation, — and that is by far the most 
abundant source we have. 

Then we have two very instructive forms, viz., the 
energy of the earth's rotation about its axis, and the 
internal heat of the earth. 

Now, if we take in turn the enumeration which I gave 
at first of our available stock, and compare it with the 
sources from which we derive that stock, we shall easily 
see how the two are connected with one another. 

First, we have fuel. Now, our supplies of fuel are 
almost entirely due to the sun. That is to say, in times 
long gone by, the sun's rays by their energy, as absorbed 
in the green leaves of plants, decomposed carbonic acid 
and stored up the carbon. That carbon, and various 
other things stored up ages ago along with it, we have 
still as an immense reserve fund of coal. 

Then for the food of animals we are mainly indebted 
to the sun again, because the food of animals must ulti- 
mately be vegetable food, even of the animals which 
live upon animal food. Then for ordinary water-power 
we are also indebted to the sun, because it is mainly 
the energy of the radiation from the sun in its heat 
form which evaporates water from the plains or seas, 
and allows it to be precipitated again at such a height 
that it has potential energy in virtue of its elevation. 
Ordinary currents of water are a mere transformation 
of this potential energy, because water on a height may 
convert part of its potential energy into kinetic energy 
of visible motion as it flows down. 

But when we come to tidal water-power we must look 
to another source. If we employ tidal power for the 
purpose of driving an engine, we take it in the rise of 
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the water as the tide-wave passes us. We secure a por- 
tion of water at a certain elevation, wait till the tide has 
gone back, and then take advantage of the descent of 
that portion of water. Now, if we were to go on doing 
that for any considerable period of time, and doing it 
over large tracts of sea-coast, we should find that the 
effect of it in time would be to gradually slacken the 
rate of rotation of the earth ; so that if all our important 
sources of power, such as coal, and direct solar radia- 
tion, were to fail us in great part, and if we were driven 
finally as a last resource to use tidal water-power, it 
might come to be a very serious international question 
between those kingdoms which possessed sea-board and 
those which had none. For if it were largely employed, 
the period of the rotation of the earth might be in a 
moderate period of years seriously affected. And there 
seems to be no known compensating advantage for 
those nations who are not possessed of an extensive 
sea-board within the Temperate or Torrid Zones, where 
alone this source of power would be of much avail. 

Then we have, next to these, winds and ocean cur- 
rents. These are almost entirely due to solar radiant 
heat. And, finally, hot springs and volcanoes, which 
have never been employed for any direct production of 
work, but which might possibly be so used. Their 
energy depends, mainly at least, upon the internal heat 
of the earth; partly perhaps on potential energy of 
chemical affinity. 

So you see that mainly to solar radiation, but partly 
to the other three sources of supply, are due the various 
stores of energy which we have at our disposal. This, 
however, is a mere bare enumeration. I might spend 
many lectures developing small parts of this grand 
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subject ; but I have given you in these few words the 
large heads, and it is scarcely compatible with the time 
at our disposal to devote another couple of lectures to 
pursuing the subject into its minute details. 

The next question I take up is this, — intimately con- 
nected with what we have just considered : the question 
of how long something like the present state of things 
has been going on on the earth's surface. This is an 
extremely important question, and can be approached 
from various sides, — from the geological side, for in- 
stance, by consideration of the thickness of strata, of 
amounts of erosion, and such like ; but it can also be 
approached directly from the point of view of energy, 
and from that point of view alone I shall now attempt 
briefly to treat it. 

The old notion of what was called the Uniformitarian 
school of Geology, was simply that things had been 
going on and were to go on, both in the past for many 
millions of years, and in the future for many other mil- 
lions of years, at as nearly as possible the same uniform 
rate, — ^that we were getting a steady supply of heat 
from the sun, — that even if energy (it was not called 
energy in those days), even if some source of supply, call 
it what you like, was disappearing in some portion of 
the interior of the earth, at its disappearance it was 
producing say electric currents, and decomposing some 
compound substance ; so that, if ever lost by chemical 
combination at one place, electric currents would be 
produced, and something equivalent thereby given out 
in some other place, so that the stock should be main- 
tained as nearly as possible at a uniform state. 

Now, this is totally inconsistent with modern physical 
knowledge as to the dissipation of energy. Transfor- 
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mations must be going on now (at least on the average) 
at a much slower rate than they were going ages ago. 
Just as when you take a red-hot ball from a furnace ; 
it cools at a certain rate, but as it becomes colder it 
cools more and more slowly. And this is not a mere 
analogy, but an almost absolute identity, with the case 
of the earth and the sun. There is no doubt that at 
some period long ago the earth was so hot as to be at 
all events plastic, if not absolutely liquid throughout 
its mass; and there is no doubt that at the present 
moment, even after ages of expenditure of energy at a 
very great rate, the sun must be still liquid in great 
part, and even gaseous in very large part. 

Now, we can apply the theory of energy, especially 
from Carnot's point of view, to the state of things in 
the earth and in the sun, and can at all events roughly 
approximate to the period during which the earth has 
been habitable for animals and plants such as we find 
upon it now. We do not say, of course, that it was in- 
habited for such periods by animals and plants such as 
we see now, or find fossil remains of ; but we can trace 
approximately backwards for how long the earth was 
habitable by such, and that is the problem we propose 
to solve. 

This subject was taken up very carefully within the 
last few years by Sir William Thomson, and the brief 
risum^ I shall give of his results contains nearly all that 
is accurately and definitely acquired to science upon 
the subject. He divides his arguments upon it into 
three heads. The first is an argument from the internal 
heat of the earth ; the second is from the tidal retarda- 
tion of the earth's rotation ; and the third is from the 
sun's temperature. 
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Now, as regards the internal heat of the earth, we 
know by actual observation that as we go down a deep 
mine we find the temperature almost invariably increas- 
ing. We know also that whenever a body is hotter at 
one part than another, the tendency of heat is always 
to flow from the hotter part of the body to the colder. 
Therefore, as the earth's crust is warmer and warmer as 
we go farther and farther down, there must be a steady 
flow of heat outwards from the interior to the surface. 
The earth is therefore even now losing heat at a certain 
perfectly measurable and calculable rate. But if it 
is losing heat now we can calculate by known physical 
laws and known mathematical processes, from the pre- 
sent state of distribution of temperature, — we can cal- 
culate backwards how its heat was arranged a hundred 
thousand or a thousand thousand years ago, just as 
certainly — if physical laws as we know them now were 
in existence in the past — as we can predict from our 
mathematical calculations what will be its distribution 
at any time future, if these physical laws continue to 
hold. In working out such a question as this, it is 
found that the rise of temperature, taken (over the 
whole earth's surface) at an average of about one 
degree for lOO feet of descent, leads to this conclusion, 
that about ten millions of years ago the surface of the 
earth had just consolidated, or was just about to con- 
solidate; and in the course of a comparatively few 
thousands of years after that, the surface which had 
been consolidated had become so moderately warm 
as to be fitted, at all events in some parts, for the exist- 
ence of life such as we know it. That is to say, the 
surface temperature, in certain regions at least, was not 
greater than that which is perfectly easily borne by 
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animals and vegetables in the tropics at the present 
day ; and the rate of increase of temperature in going 
down below the surface was one degree in perhaps 
every six inches, or every ten inches, or something of 
that sort. That would not interfere very greatly with 
the growth of vegetables ; so from this point of view 
we are led to a limit of something like ten million 
years as the utmost we can give to geologists for their 
speculations as to the history even of the lowest 
orders of fossils. 

If we were to trace the state of affairs back, instead 
of to ten millions, to a hundred millions of years, we 
should find that (if the earth then existed at all, if that 
collocation of matter which we call the earth was then 
actually formed), and if the physical laws which at 
present hold have been in operation during that 
hundred million years, then the surface of the earth 
would undoubtedly have been liquid and at a high 
white heat, so that it would have been utterly incom- 
patible with the existence of life of any kind such as 
we can conceive from what we are acquainted with. 
Thus we can say at once to geologists, that granting 
this premiss, — that physical laws have remained as they 
are now, and that we know of all the physical laws 
which have been operating during that time, — we can- 
not give more scope for their speculations than about 
ten or (say at most) fifteen millions of years. 

But I daresay many of you are acquainted with the 
speculations of Lyell and others, especially of Darwin,^ 
who tell us that even for a comparatively brief portion 
of recent geological history three hundred millions of 
years will not suffice ! 

^ Ori^n of Species (1859), p. 287. 
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We say — So much the worse for geology as at present 
understood by its chief authorities, for, as you will 
presently see, physical considerations from various inde- 
pendent points of view render it utterly impossible that 
more than ten or fifteen millions of years can be granted. 

You see, then, that the argument from the internal 
heat of the earth depends upon working the problem 
backwards, and finding what is the utmost limit of time 
back at which the surface of the earth could possibly 
have been fitted for the life of either animals or plants. 

And this leads me to say a word or two about one 
of the most remarkable results of investigations of this 
kind, — investigations conducted as purely mathematical 
problems, and based entirely upon physical experimental 
data, viz., — upon the observed laws of conduction of 
heat. In the great majority of problems where the 
data are of the nature of those we have as to the under- 
ground temperature of the earth, the question of the 
future is a perfectly definite one. If we knew the pre- 
sent thermal condition of every part of the earth's mass, 
we could calculate what would be the temperature at 
any depth below the earth's surface at any time future, 
provided things went on under the same conditions as 
they are going at present, and our results would be 
always perfectly and directly intelligible. But when 
we try to work the problem the other way, when we 
ask what must have been the thermal state of such a 
body as the earth at such and such a time past, then 
we invariably, or almost invariably, find a limit of time 
beyond which our equations become uninterpretable. So 
far as our equations represent what would be the course 
of nature provided the existing physical laws remained 
true, there must have been at this definite epoch of 
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past time the introduction of a new state of affairs, 
something which arose from a previous state by 
means of a process not contemplated in our investiga- 
tion. 

In the case of the earth there is no particular diffi- 
culty in understanding what might have been that an- 
terior state of affairs. We can trace matters back to 
the time when the earth was molten throughout Going 
farther and farther back, we come to a distribution 
(which might be pretty nearly uniform) of heat through- 
out the whole mass. Now, a uniform distribution of 
heat throughout the whole mass could have had no 
existence for more than an instant, so far as we know ; 
and we cannot conceive it to have arisen from any pre- 
vious distribution of heat in the mass. But we can 
understand how a high temperature throughout the 
whole mass might have been produced by the materials 
of which the earth is composed falling together. If 
they fell together in such a way that the whole mass of 
the earth was agglomerated together almost at once ; 
and if the different parts impinged together with pro- 
perly arranged velocities, it is possible the earth may 
have been agglomerated together, so as to have for a 
moment the same temperature throughout, thus giving 
us something like what we have deduced from our for- 
mulae. But you will notice the state of things before 
and after that moment. Before that moment it was 
cold masses of matter, separated perhaps by millions of 
miles, or far more than that, but having potential energy 
of gravitation gradually being transformed into kinetic 
energy of approach. Then, at the instant of impact, 
came the critical change. Instead of the cold scattered 
masses of matter, there was suddenly an agglomerated 
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mass of almost uniform temperature throughout, and it 
has been cooling and shrinking ever since. 

The second of these arguments of Sir William Thom- 
son depends upon the tidal retardation. In my first 
lecture I mentioned to you that there was such an 
effect, and that it had been actually observed by astro- 
nomers in a very peculiar way ; because, on calculating 
back from the known present motion of the moon, it 
was found that there must be some unrecognised pecu- 
liarity in that motion, which had not been deduced by 
calculations founded upon gravitation, either as attrac- 
tion or as disturbance. The moon, in fact, seems to 
have been moving quicker as time has gone on, since the 
eclipses of the fifth and eighth centuries before our era. 
The only way, as Laplace put it, in which it could be 
accounted for in his time, was by what he called * secular 
acceleration of the moon's mean motion.' In other 
words, the average angular velocity with which the 
moon moves round the earth appears to have been in- 
creasing for the last 2000 years or more. He showed 
that there was a mode of accounting for this by planet- 
ary disturbance of the earth's orbit, and as calculated 
by him, this explanation seemed to account for exactly 
the amount of acceleration which was observed in the 
moon's motion. Using his formulae and the numbers 
calculated from them, and working back to those old 
days, we find we arrive at almost the circumstances of 
those eclipses as described by historians. 

Fortunately, Adams, a few years ago, revised La- 
place's investigation, and found that he had neglected 
a portion of th6 necessary terms, and that the expla- 
nation given by Laplace, when properly corrected, ac- 
counted for only one-half of the phenomenon observed ; 
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SO that there still remained one-half of the quantity to be 
accounted for. This could not be accounted for by the 
disturbance of other bodies attracting the moon. Why 
then does the moon appear every revolution to be moving 
faster and faster round the earth ? Well, the only way 
in which we can explain it, after we have made every 
possible allowance for effects of disturbance by other 
planets, is simply to inquire, Does our measure of time 
continue the same ? 

We measure the time of the moon's revolution in 
terms of hours, minutes, and seconds ; but these hours, 
minutes, and seconds are measured for us not by our 
clocks, as you may at first think. We set our clocks 
by the earth's rotation, and therefore it is in terms 
of the earth's rotation that we measure the time of the 
moon's revolution round the earth. So that the moon 
will appear to be moving quicker round the earth, 
even supposing her orbit be altogether undisturbed, if 
the earth itself, which is furnishing the unit of time in 
which her revolution is to be measured, is rotating 
slower and slower from age to age. 

Then comes the question. Is there a cause which 
tends to slacken the earth's rotation ? Newton laid it 
down, in his First Law of Motion, that motion unresisted 
remains uniform for ever, and referred to the earth as a 
particular instance where there is nothing in the attrac- 
tion of the sun or moon, or the disturbance caused by 
any of the other planets, affecting the rate of its rota- 
tion about its axis. But it was left to Kant, first of all, 
to point out, and even to approximate in amount to, 
a resistance to the earth's rotation due to the tide-wave ; 
and to show that the earth, because the tide-wave is 
lifted up towards the moon, and on the opposite side 
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from the moon, has constantly to rotate inside what is 
practically a friction-brake. The water is held back by 
the attraction of the sun and moon, and the earth has 
to move inside this shell of water. There is therefore 
a source of constant friction, and friction of course 
constantly produces development of heat. The heat 
must be accounted for by some energy transformed, 
and what is here transformed is part of the energy of 
the earth's rotation about its axis. So long as tides go 
on, there will therefore be constantly a retardation of 
the rate of the earth's rotation. 

Now let us see when this relaxation of the earth's 
rotation would cease. Obviously this would be at the 
instant when the earth at last ceased to rotate within 
the tide-wave ; in other words, when the tide-wave 
rotates along with the earth, when it is always full tide 
at one and the same portion of the earth's surface, the 
tide-wave being fixed (as it were) upon the earth's sur- 
face. But the tide-wave is always, approximately at 
least, directed towards the moon, so this part of the sur- 
face where the tide-wave is fixed for ever must be con- 
stantly turned towards the moon. In other words, if 
there were no sun producing tides, but the moon only, 
the final effect of the tides in stopping or quenching the 
earth's rotation would be to bring the earth constantly 
to turn the same portion of its surface towards the 
moon, and therefore to rotate about its axis in the same 
period as that in which the moon revolves about it. 
This most remarkable ultimate effect we see already 
produced in the moon, — ^it is precisely the same thing, — 
we see the moon turning almost exactly the same 
portion of its surface to the earth at all times. The 
little deviation we see occasionally is precisely ac- 
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counted for by the fact that the moon's orbit is not 
exactly a circle, and therefore the moon does not 
move in it with the same rapidity when it is nearest the 
earth as it does when it is farthest away from the earth. 
We are thus, as it were, enabled occasionally to see a 
little round the comer. The moon is now rotating pre- 
cisely in the way in which the earth will in time rotate 
when as much as possible of its energy of rotation is 
used up in producing/ heat by tidal friction. And that 
the moon should already have come into this state so 
long before the earth has arrived at it, need not sur- 
prise us. The moon's seas (when she had them) were of 
molten lava, — far more viscous than water ; the tide- 
raising force on her surface depended on the mass of the 
earth, some eighty times greater than that of the moon, 
which is the main agent in our comparatively puny tides : 
and, in addition, the moon's moment of inertia is very 
small compared with that of the earth. 

It being thus established that the rate of rotation of 
the earth is constantly becoming slower, the question 
comes : How long ago must it have solidified in order 
that it might then have the particular amount of polar 
flattening which it shows at present? Suppose for 
instance it had not consolidated less than a thousand 
million years ago. Calculation shows us that at that 
time, on the most moderate computation, it must have 
been rotating at least twice as fast as it is now rotating. 
That is to say, the day must have been 12 hours long 
instead of 24. Now, if that had been the case, and the 
earth still fluid throughout, or even pasty, that double 
rate of rotation would have produced four times as great 
centrifugal force at the equator as at present, and the 
flattening of the earth at the poles and the bulging at 



176 SOURCES AND TRANSFERENCE OF ENERGY, 



the equator would both have been much greater than 
we find them to be. 

We say then, that because the earth is so little 
flattened it must have been rotating at very nearly the 
same rate as it is now rotating, when it became solid. 
Therefore, as its rate of rotation is undoubtedly be- 
coming slower and slower, it cannot have been many 
millions of years back when it became solid, else it 
would have solidified into something very much flatter 
than we find it That argument, taken along with the 
first one, probably reduces the possible period which can 
be allowed to geologists to something less than ten 
millions of years. 

Then comes the third argument, — it is not quite so 
emphatic in its demands for restricted periods as either 
of the other two, — the argument from the length of 
time that the sun can be imagined by its radiation to 
have kept the earth in a state fit for the habitation of 
animals and vegetables. The argument from this point 
of view, I say, is not so trenchant as the others, because 
we can imagine that when the sun was immensely hot, 
as it must have been at some previous time, — enor- 
mously hotter than at present, — we can imagine that 
one effect of its heat was to throw off from its surface 
such enormous clouds of absorbing vapour, which cooled 
as they left the surface, that the effective amount of 
radiation reaching the earth might not have been greater 
than at present. So it is possible to conceive a sort of 
uniformitarian state of radiation from the sun: — account- 
ing for it by saying that when the sun was hottest and 
was radiating the most, it was simultaneously raising the 
greatest amount of obstructions to the propagation of 
radiations from its surface. A similar argument might. 
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of course, be devised with reference to the greater 
amount of vapour which increased solar radiation would 
raise to be condensed in the earth's atmosphere. How- 
ever, if we make the supposition that the sun has been 
cooling even at a uniform rate, we find that this mode 
of calculation leads us, in spite of the enormous amount 
of heat which must have been produced in the sun by 
the impact of its materials when they fell together, to 
the conclusion that on the very highest computation 
which can be permitted, it cannot have supplied the 
earth, even at the present rate, for more than about 
fifteen or twenty million years.^ 

This, I again say, is not so trenchant an argument as 
either of the other two ; but the conclusion from these 
three arguments is not, as some of Thomson's opponents 
seem to imagine, only as strong as the weakest of the 
three. In order to upset the conclusions drawn from 
them, it would be necessary to disprove two of these 
arguments, and greatly to damage the third. But each 
of these arguments is quite independent of the other 
two, and is — for all tend to something about the same 
— to the effect that ten millions of years is about the 
utmost that can be allowed, from the physical point of 
view, for all the changes that have taken place on the 
earth's surface since vegetable life of the lowest known 
form was capable of existing there. 

I leave this part of the subject for a time. This has 
been a developed application of the theory of energy 

\} Note to Third Edition, Several critics, as well as some writers of a 
higher order, think they have detected inconsistency between this passage 
and another in p. 156. There is no such inconsistency. At p. 156 the 
whole supply was spoken of; while here we are dealing with what has 
been already expended.] 
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to the solar system first, and then in particular to our 
own earth. 

Now, I pass to one or two other applications' of the 
second law of thermodynamics, especially in the beau- 
tiful part of it furnished by Camot's reasoning. We 
have now to take up the consideration of the transfer- 
ence of energy from one body to another, not the 
passage of energy from one part of a body to another 
portion of the same body. That is in the main the 
question of the conduction of heat, to which I shall 
devote another lecture. But now we are to speak 
of the radiation of heat and light from one body to 
another. 

But before I take up that I shall direct your atten- 
tion to one or two experiments, some of them long 
known but at their epoch hardly explained, others only 
recently made. 

First of all, let us take as the medium of communica- 
tion between two bodies : — the medium through which 
the energy is to be transferred from one body to an- 
other: — a strong wooden framework such as this. I 
have two pendulums with very massive bobs suspended 
from it, and have carefully made these two pendulums as 
nearly as possible of the same length, so that their 
times of vibration are as nearly as possible the same. 
Both pendulums are now at rest, but suppose I set 
one to vibrate, leaving the other at rest, you will notice, 
if you watch the second for a short time, that it begins 
to vibrate in its turn, and as time goes on it swings 
through larger and larger arcs of vibration, till at last 
the first pendulum is reduced to rest. Now, this is 
quite obviously a case of transference of energy from 
one pendulum to the other, effected, you will see, 
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through the wooden structure ; but it has been effected 
thus completely on account of the simple fact that the 
two pendulums had been (as it were) previously tuned 
together and made to vibrate in precisely equal times. 
We shall presently try the experiment with the two 
pendulums not tuned together, and then you will see 



that there may be transference of energy for a few 
minutes, but it will be far less complete, and in the 
course of a very short time the whole will be given 
back again to the first pendulum, and so on. In the 
case before us, a short time will suffice for the whole of 
the energy to be transferred from the one pendulum to 
the other, and it will then be just as if we had turned 
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the whole apparatus round through two right angles. 
You will have the second pendulum vibrating with the 
whole original energy in place of the first,, then the 
transference will go on again in the opposite direction, 
and the first wijl get back what it lost, except what has 
been unavoidably dissipated in producing air vibrations, 
and in producing heat in the materials of the frame- 
work, which is not a perfectly elastic body, and all 
throughout which friction and various other disturb- 
ing causes operate. Notice particularly that the mode 
of transference in this case is through a solid body, and 
that it is simply by vibration of the solid body that it 
has been effected. 



^^^^ 



I pass from the consideration of transference through 
a solid body to transference by a gaseous body ; and 
we shall easily realise precisely the same effect by 
means of a couple of tuning-forks. These forks are 
tuned precisely to the same note. They are furnished 
with resonating cavities, to enable them to communi- 
cate to the air as much of their energy as possible. If 
I set one in vibration, the effect of the resonating cavity 
is to enable it to set in lively motion, at its own period 
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of vibration, the air surrounding it. But here is another 
cavity which is tuned to that particular time of vibra- 
tion. The tuning-fork attached to it is also tuned to 
precisely the same note, and now we find that when I 
first of all start the first tuning-fork, then turn it so as 
to place its resonating cavity with the mouth towards 
the mouth of the resonating cavity of the other, through 
the gas-filled space between the two, there is a trans- 
ference of energy which is such that if, after a second 
or two, I suddenly stop with my finger and thumb the 
vibrations of the first fork once for all, you will hear 
the other resounding with considerable loudness. The 
transference of energy has here been made through the 
air instead of through a solid body, as in the case of 
the wooden framework connecting the pendulums. 

[I now call your attention once more to the massive 
pendulums, because the first has again handed over the 
greater portion of the energy to the second. My 
assistant will now put them out of tune, and we will 
try the experiment again.] 




I 




Connected with these, and to be explained 6n precisely 
the same physical principles, we have another strikingly 



i82 SOURCES AND TRANSFERENCE OF ENERGY, 

illustrative experiment. Consider this third arrange- 
ment, where we are to have the transference of energy 
effected, not as in the case of the pendulums through a 
solid bar, nor as in the case of the tuning-forks, through 
the gaseous medium between the two, but simply by 
magnetic action : — force acting between a couple of steel 
bars ; an action which, as you all know, is not affected 
by the interposition of any non-magnetisable body 
whatever, and which is as energetic through what we 
call a vacuum as through air. These bar magnets are as 
nearly as possible of equal mass, and are supported by 
strings or wires of equal length. If I take one of them 
away, the time of oscillation of the other will be the 
same, whichever I take. In their position of equili- 
brium they hang in the same horizontal line. Now 
they are both at rest at this moment. Suppose I com- 
municate vibration to one of them in the direction of 
its length. You notice how very rapidly the energy is 
transferred from the one to the other. The magnet 
which was at first at rest has now gained the greater part 
of the energy, and in the course of a very few seconds 
more you will see the other has lost it all. There it is : 
absolutely at rest for a moment ; and now the process 
recommences the other way. After exactly the same 
interval of time as that which elapsed from the com- 
mencement of the experiment to the instant of the 
first magnet's being brought to rest, the second will 
be brought to rest in its turn. There it is at rest now 
— for an instant only ; and the same transference will go 
on again indefinitely. Now, what is it that conveys the 
energy in this case } The transference of energy is due 
entirely to the magnetic attraction of one of those bars 
for the other; because, though the apparatus is con- 
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structed suspiciously like that which I employed a few 
minutes ago for the massive pendulums, the masses of 
these bars are not sufficient to produce any appretiafale 
effect upon the supporting beam, so that it would be 
impossible, if we were to demagnetise these bars, to 
obtain any appretiable transference of energy from the 
one to the other. This then is transference of energy 
from one body to another, not through a solid, nor 
through a gas, as in our recent experiments, but through 
the magnetic medium, whatever that may be, — ^what 
Clerk-Maxwell has given us strong reason to believe is 
the same medium as that which conveys light and 
radiant heat So we have here, as it were, a third 
mode of transference of energy from one body to 
another; and this resembles much more nearly than 
either of the other two the cases to which I am about 
to proceed. 

[But before I so proceed, you will notice that I have got 
the original pair of massive pendulums on the wooden 
frame put out of tune, and you can now study how the 
oscillations are handed on from the one to the other. 
You see that the transference, if any at all, is very much 
more slight than before, and not only is it slight, but 
after a short time it ceases, and then sets in the other way. 
The energy of the second pendulum is sometimes falling 
and sometimes increasing, but it never rises to any great 
percentage of what remains in the first In fact, because 
of the dissimilarity of their periods of oscillation, the 
one comes sometimes into a position in which it can 
gain energy from the other, and a second or two later 
it puts itself into such a position as to lose energy, and 
so on backwards and forwards ; whereas, when the two 
were tuned almost exactly to one another, if they were 
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at any instant in such a position that the one was giving 
energy to the other, they would remain for a very long 
period in such a relative position. The one would 
always be throughout that period in the most favour- 
able position for communicating energy to the other, 
and this solely because their periods of oscillation were 
alike ; whereas when their periods of oscillation differ, 
the one is sometimes getting away from the other, and 
sometimes getting pulled back.] 

All of you must have noticed this in the ringing of a 
massive bell. Even a child can ring an immensely mas- 
sive bell with very slight application of force, provided 
he perseveres in pulling exactly at the proper moments. 
Just as the bell is about to descend, let him pull, so as 
to quicken the motion, but let him slacken when the 
motion is such that a pull would tend to stop it. By 
waiting till the exact moment, and properly timing the 
impulse, he is capable of giving large oscillations to a 
mass which otherwise he is almost incapable of setting 
in motion. 

In the same way it is possible to check it by apply- 
ing retardations exactly at the proper moment. This 
would be at exactly equal intervals of time, represent- 
ing the vibration of the bell if it were left to itself. 

Thus all these experiments depend upon the trans- 
ference of energy in a kinetic form between two bodies, 
and the test of the capability of the one for receiving the 
energy which is sent out by the other is this, that the 
natural undisturbed times of vibration of the two bodies 
shall be as nearly as possible precisely the same. I 
have not time to enter more deeply into the subject 
to-day, but I shall endeavour, in the few minutes which 
remain to me, to sketch briefly what is to be our appli- 
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cation, to modern science, of these purely mechanical 
experiments. 

Suppose we have a substance which, instead of giving 
off sound, in consequence of its vibrations, is vibrating 
so rapidly as to be giving off some particular colour of 
light or of radiant heat. Then the substance which 
will be best qualified to absorb that particular colour of 
light or of radiant heat, will be another body of pre- 
cisely the same kind as the first, because the two speci- 
mens of the same matter will, under the same circum- 
stances, vibrate according to precisely the same laws ; 
and therefore if you define a particular beam of light 
by having it sent out from a particular substance which 
is rendered incandescent, another specimen of the same 
substance will find in the beam precisely those particular 
times of vibration which most aptly suit it, and there- 
fore will be best fitted to absorb them. 

This is, briefly, the dynamical principle at which 
Professor Stokes arrived more than twenty years ago, 
and which, if its applications had been properly pursued 
at the time, would have given us ten years' start in our 
knowledge of celestial chemistry. Stokes' illustration 
was this : — He imagined a space, such as this room for 
instance, to be filled with tuning-forks (with resonat- 
ing cavities let us say) or with pianoforte wires stretched 
about in all directions so as not to interfere with one 
another, but as nearly as possible to fill the whole space. 
If all the tuning-forks, or all the pianoforte wires, are 
tuned to the same note, that arrangement will form a 
medium which is capable, when agitated in the simplest 
manner, of giving out only that particular note. Set 
all the tuning-forks to vibrate, they all conspire to 
strengthen one another and give out their one particular 
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note, and that note only. On the other hand, when you 
use that arrangement not as a source of sound, but as 
a medium through which you endeavour to make sound 
pass, then from what I have just shown you, you will 
obviously find it to be particularly opaque to that par- 
ticular note, and to that note only. Suppose a per- 
former with a powerful instrument (such as a cornopean) 
placed at one side of the room, and a listener at the other. 
Then let the player play any note he pleases except the 
note belonging to the forks or strings, that note will 
be heard in full intensity, except in so far as the strings 
(merely as obstacles) intercept the passage of the sound. 
Such a note will be heard almost as powerfully on the 
other side of the room as if there had been no tuning- 
forks or wires present. But as soon as he plays the 
particular note which belongs to all the forks or all the 
strings, it comes to be just the question of the pendulums 
or magnets, or the two tuning-forks which I have just 
shown you. The contents of the room gradually absorb 
each a portion of the sound which reaches it, and are 
set into vibration by it. If there be enough of them 
they take all the energy of the sound, and of course 
completely prevent the sound from passing through 
the medium, except in so far as they give it out them- 
selves. 

Here, then, is a medium which of itself can give out 
one definite note, and one note alone, when it is a 
source of sound ; but which, when it is employed as 
a sort of sifter of sound, can sift out from a mixed or 
confused sound only that particular note. That then 
is mechanically or physically the analogy to which 
we shall have to reduce the fundamental principles of 
spectrum analysis. 



LECTURE VIII. 

RADIATION AND ABSORPTION. 

History of the discovery of the Physical Basis of Spectrum Analysis. First 
result of Spectrum Analysis applied to non-terrestrial bodies ; — ^There is 
Sodium gas in the Sun's Atmosphere. Elaborate experiments of Stewart 
and Kirchhoff. Identity of Light and Radiant Heat. Distinctive char- 
acters of a particular lay. Application of Camot's principle to establish 
the equality of radiating and absorbing powers. Black, transparent, and 
perfectly reflecting bodies. 

I ENDED my last lecture by considering various modes 
of transference of energy of vibration from one body to 
another. I took in particular three cases, in the first 
of which the transference took place through a solid 
body, in the second the vehicle was ordinary air, and 
in the third case it was the medium which propagates 
magnetic and electric actions. But in every one of 
these cases we found that the condition which is abso- 
lutely necessary for a complete handing over of the 
energy of one vibrating body to another, whatever be 
the intervening medium of communication, was that 
the time of vibration of the second body should be 
adjusted to be exactly equal to the time of vibration of 
the body which had the energy at first. 

I then went on to suppose a finite space to be filled 
with a number of such vibrating bodies, all tuned (as 
it were) to vibrate in precisely the same time ; and I 
showed you that if we considered a space so filled to 
act as a medium, it would be such as when set in 
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vibration would give one perfectly definite sound, or 
note of one definite pitch, and that it would be com- 
petent on the other hand to absorb precisely that 
particular note and no other. All other musical sounds 
would pass through it without marked interruption 
(unless its transverse dimensions were very great) ; but 
if that particular note were played in its neighbourhood, 
none of its vibrations could pass through the medium. 
They would, if the medium were only deep enough, be 
almost entirely absorbed and retained by the medium. 

Now, that is the dynamical principle which led Pro- 
fessor Stokes, about the year 1850, to the first distinct 
anticipatory statement of the physical basis of spec- 
trum analysis. In order that I may make quite intelli- 
gible to you how he made the application to the analogy 
between the behaviour of certain bodies as regards light, 
and the behaviour of those tuning-forks and strings as 
regards sound, it will be necessary for me to make a 
slight digression. That digression has reference to the 
different refrangibilities of the different colours or wave- 
lengths of light. 

It was one of Newton's simplest and yet greatest 
discoveries in optics that when a beam of white sun- 
light passes through a prism it is divided into its various 
components. The components have different wave- 
lengths, or different times of vibration, or diflferent 
refrangibilities, — for these three properties vary together, 
— in virtue of which their paths, when they pass out of 
the glass prism, differ in direction ; and therefore they 
all spread out from each other into the graduated series 
of colours which Newton called the solar spectrum. 
Newton's first method of forming the spectrum was 
complete so far as the object he had in view was con- 
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cerned ; but it is not sufficient to enable us to make 
that searching scrutiny of the composition of sunlight 
which alone would enable us to tell whether certain 
perfectly definite coloured rays are wanting in it or not. 
In order to achieve this it is absolutely necessary to 
make some optical arrangement by which no two por- 
tions of coloured rays of different refrangibilities shall 
be allowed to overlap one another (as it were) in the 
spectrum. 

Newton's first method was simply to cut a round hole 
in the window-shutter of a dark room, and allow the 
beam of sunlight which entered by it to pass through 
his prism, and then to be received upon a white screen. 
Make, then, the simplest possible supposition, so as to 
save complexity at the commencement of our explana- 
tion ; — ^suppose that there were only two distinct kinds 
of homogeneous light in sunlight, — that it were made up, 
for instance, of homogeneous red and green in proper 
proportions to make white. By this method of ex- 
perimenting we should have had on the screen, before 
inserting the prism, a circular spot of white sunlight. 
After the interposition of the prism this would be de- 
composed into two circular spots ; a red spot depending 
on the one kind of light, and a green spot depending on 
the other; both displaced (but the green most) from 
the original position of the white spot. But, as we 
know, sunlight consists not merely of a particular kind 
of red and a particular kind of green, but of almost 
every shade of colour intermediate between and beyond 
these limits on each side; and it is therefore evident 
that the method gives superposition of equal round 
spots of light of gradually increasing refrangibility, 
with their centres arranged continuously (or almost 
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continuously) along a straight line on the screen ; so 
that there must be a constant overlapping of a great 
many of these successive spots at any one point of the 
spectrum, and therefore it must be practically impos- 
sible by this method to detect the absence of any one 
particular shade of colour. 

Now, though the optical method which Newton^ 
devised for the purpose of avoiding this difficulty is 
a very simple one, it deserves a word or two, as it will 
help you to understand the experimental illustrations 
I mean to give in my next lecture. Instead of using a 
round hole we now use a narrow slit whose sides are 
perfectly parallel to each other, and which can be made 
(by proper mechanical adjustment) as wide or as narrow 
as we choose. The light from the sun or electric lamp, 
or whatever source we employ, comes through this slit 
as a thin sheet, and falls upon an achromatic lens ; that 
is, a lens which behaves in almost precisely the same 
way to all the differently coloured rays falling upon it. 
It is usually convenient to place the lens at such a 
distance from the slit that at exactly the same dis- 
tance beyond the lens ai> image of the slit, equal to 
it in size, will be formed on the screen. If, then, 
sunlight pass through the slit, and fall upon the lens, 
we shall have, on a screen placed at the proper dis- 
tance, simply an intensely bright white line, con- 
sisting of all the different rays belonging to sunlight. 
But if you interpose in the course of those rays, just 
after they come through the lens, a prism, with its edge 
parallel to the slit, the effect will be a change of direc- 
tion of those cones of rays which are converging to- 
wards the image. The prism will most refract the 

* Optics, Book I. Part i. Exp. ii, Illustration. 
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violet rays, and all the oth^p$ wiU be less and tess 
refracted as their wave-lengths grow longer and longer 
till we reach the lowest red in the spectrum ; and there- 
fore instead of having a set of coloured discs, as by 
the first method, succeeding one another with their 
centres along a line, and overlapping,, you will have a set 
of parallel coloured images, each no broader than the 
slit itself, and you can make the slit as narrow as you 
please. In every part the consecutive images lie side by 
side, contiguous to one another ; but if there be light of 
any wave-length or any particular refrangibility which 
is wanting, then the space , corresponding to that will 
be left as a dark line (an unilluminated image of the 
slit) across the otherwise continuous coloured band. 

You see hanging on the wall a coloured plate repre- 
senting the solar spectrum, formed in the way I have 
just pointed out, and you can see those dark lines 
across it Only a few of the chief ones are figured. 
The number of those whose position is already care- 
fully measured, or photographically registered, amounts 
to many thousands. [See diagram, p. 192.] They were 
first noticed by Dr. WoUaston, about the beginning of 
this century, but he paid very little attention to them ; 
and they were re-discovered a considerable time after- 
wards by the great optician Fraunhofer, whence they 
have been called Fraunhofer*s lines. 

Of those lines one of the most remarkable is that to 
which Fraunhofer gave the name of Dy which you will 
see upon the picture near the boundary between orange 
and yellow. When, however, a very perfect prism is 
used, and a telescope is employed instead of the screen 
to receive the spectrum, then we are enabled to see that 
this line is double. This gives it a very remarkable 
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I characteristic,— two almost 
equally strong dark lines 
across the spectrum, so close 
together as to be quite in- 
capable of being separated 
from each other without the 
use of a telescope, or of a 
great number of prisms in- 
stead of one, 

Now.Fraunhofer observed 
that in the flame of an or< 
dinary tallow candle, when 
he tested it just as he had 
tested sunlight, there ap- 
peared a pair of bright lines, 
brighter than the rest of the 
otherwise continuous spec- 
trum, — that there were no 

I other lines in the spectrum 
but those two bright ones, 
and that they occupied, so 
far as his instrumental mea- 
surements enabled him to 
discover, precisely the same 
place in the spectrum as the 
two dark lines D of the solar 
spectrum. That is to say, 
the candlelight possessed in 
excess precisely one of those 
definitecomponents in which 
sunlight had been found to 
be either wholly, or at least 
to a great extent, deficient. 
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No further action seems to have been taken with 
regard to this very remarkable coincidence, until Pro- 
fessor Miller of Cambridge, in 1849 or 1850, made a 
more exact experiment, with the view of comparing 
these yellow lines in the flame of a spirit-lamp with the 
dark lines of the solar spectrum, so as to test whether 
they are exactly coincident with one another or not 
The result of his measurements was that the close- 
ness of coincidence was so great that it was impossible, 
with his finest instruments, to find any divergence 
between them. The twp bright lines exactly corre- 
sponded with the two dark ones as to refrangibility, and 
therefore also wave-length. It had been conclusively 
shown by Swan, that the two bright lines in the light 
of a candle are due to common salt, which pervades 
the air everywhere, and of which the very minutest 
trace is capable of producing this yellow light. It 
was then that Stokes at once took the additional step 
required, and explained that the glowing vapour, which 
is capable, when it is the source of light, of giving these 
definite bright lines, is itself, when used as an absorbing 
medium, capable of absorbing these and these only; 
and therefore that Miller's test of the exact coincidence 
of the bright and dark lines was a complete proof that 
there exists in the sun's atmosphere this vapour of sodium. 

That occurred about 1850, and ever since that time the 
fact that sodium exists in an incandescent state in the 
sun's atmosphere, has been taught (as an experimentally 
ascertained truth) by Sir William Thomson and others. 
This was the birth of Spectrum Analysis, as applied to 
celestial objects. 

It is curious to find that the deservedly celebrated 
Foucault had in 1849 made the same experiment in an 

N 
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even more convincing form than that which Miller had 
adopted. He found that the light, of what is called the 
electric arc, has in its spectrum these two bright lines ; 
but that when he looked at sunlight through the electric 
arc and allowed the sunlight to come in so strongly as 
to overpower the electric light, then the electric light 
actually cut out the D lines from the solar spectrum more 
powerfully than if it had not been present Although 
it was there giving out these lines strongly, it was not 
competent to fill up the wants in the solar spectrum, but 
actually made the deficiency more glaring than before. 
Then, to test whether it was really the case that this 
electric arc was absorbing these particular kinds of light, 
Foucault very ingeniously took advantage of the fact that 
the carbon points between which the electric arc is 
usually formed become incandescent and, reaching a 
higher temperature, are very much more brilliant than 
the arc itself By means of a small mirror he reflected 
the white light from these carbon points through the 
electric arc, and found that whenever it passed through 
the arc, instead of getting brighter at those places, 
it had those very lines cut out of it ; but whenever it 
passed beside the electric arc it had no deficiencies. 
Curiously enough, he seems to have derived no defini- 
tive conclusion from this. 

Then, again, exactly the same statement was made in 
Sweden by Angstrom in 1853. He says, as the result 
of experiment, that an incandescent gas gives out 
luminous rays of the same refrangibility as those which 
it absorbs. 

Each one of these three thus completely made and 
recorded the discovery of the physical basis of spectrum 
analysis before 1854; but, of the three, Stokes alone 
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made the application which really constitutes celestial 
chemistry. Fox Talbot had, long before, distinctly 
pointed out the use of the prismatic method for dis- 
tinguishing terrestrial substances in a flame. 

As I have already told you. Sir W. Thomson has, 
certainly ever since 1852 (probably a year or two sooner), 
regularly given in his public lectures in Glasgow Uni- 
versity the statement that there is sodium vapour in the 
sun's atmosphere ; and that, to find other constituents 
of solar and stellar atmospheres, all that is wanted is a 
comparison of the dark lines in their spectra with the 
bright lines in the incandescent vapours of various 
terrestrial substances.^ But it was not till 1859 or i860 
that this was known generally, or was applied to any 
purpose further than to the mere recording of the 
existence of sodium in the vapours around the sun. I 
should like to read a quotation from some remarks I 
made a year or two ago to the Royal Society of 
Edinburgh upon this curious subject :^ — 

It is difficult now-a-days, when so many philosophers are en- 
gaged almost simultaneously at the same problem, to decide which 
of their successive steps in advance is that to which should really 
be attached the title of discovery (in its highest sense) as distin- 
guished from mere improvement or generalisation. You have only 
to look at the recent voluminous discussions as to the discoverer 
of the Conservation of Energy, to see that critics may substantially 
agree as to facts and dates, while differing in the most extraor- 



^ President's Address^ Brit, Ass, 187 1. See Stokes, Nature, January 6, 
1876. Thomson writes to me with reference to this (January 23, 1876) : — 
' I never imagined that Stokes thought I was generalising too fast, or that 
/was generalising at all. I felt that I had learned the whole thing from 
him on a foundation of absolute certainty. . . . All I said in my 
Edinburgh Address on this matter is, I believe, irrefragable.' 

* Proceedings R,S,E„ May 15, 187 1. 
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dinary manner as to their deductions from them.^ Some of these 
writers, no doubt, put themselves out of court at once by habitually 
attributing the gaseous laws of Boyle and Charles to Mariotte and 
Gay-Lussac Men who persist in error on a point so absolutely 
clear as this, show themselves unfit to judge in any case of even a 
little more difficulty. Others, who strongly support the so-called 
claims of Mayer in the matter of Conservation of Energy, and who 
should (to be consistent) therefore far more strongly advocate the 
real claims of Talbot, Stokes, Angstrom, Stewart, etc., to the dis- 
covery of spectrum analysis, are found to uphold Kirchhoff as 
alone entitled to any merit in the matter. 

The question of priority just alluded to illustrates in a very 
curious way a singular and lamentable, though in one sense 
honourable, characteristic of many of the highest class of British 
scientific men ; />. their proneness to consider that what appears 
evident to them cannot but be known to others. I do not think 
that this can be called modesty ; it is rather a species of diffidence 
due to their consciousness that in general their accurate knowledge 
of the published developments of science is confined mainly to 
those branches to which they have specially devoted themselves. 
Their foreign competitors, on the other hand (especially the Ger- 
mans), are often profoundly aware of all that has been done, or, at 
least, have some one at hand who is, and can thus, when a new 
idea occurs to them, at once recognise, or have determined for 
them, its novelty, and so instantly put it in type and secure it. 
Neither Stokes nor Thomson, in 1850, seems to have had the least 
idea that he had hit on anything new . . . — the matter 
appeared so simple and obvious to them — and, but for the fact 
that Thomson has given it in his public lectures ever since (at 
first giving it as something well known), they might have thus 
forfeited all claim to mention in connection with the discovery. 

I went on to show how this lamentable state of things 
could easily be rendered impossible for the future, by 
the regular publication, at very short intervals, of a 
digest of all new advances in science.^ 

1 Some frantic partisans of Papin, etc., deny almost all credit to Watt 
in the matter of the steam-engine I No further examples need be cited. 
* \Note to Third Edition, To a great extent this desideratum is now 
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I come now to the question of what was done on 
this subject in 1858 and 1859. The first of these dates 
belongs to Balfour Stewart, and the second to Kirch- 
hoff. Balfour Stewart treated the subject almost 
entirely from the point of view of what is called the 
Theory of Exchanges, and he demonstrated a very 
remarkable generalisation or extension of the law long 
before laid down by Prevost. Kirchhoff treated the 
subject from an, at first sight, somewhat higher theo- 
retical point of view, and used reasoning considerably 
more complex and a good deal more mathematical ; 
but in reality the fundamental point upon which the 
reasoning is based was precisely the same in both their 
investigations. What they established by their different 
processes was this, — the absolute equality of the radiat- 
ing and absorbing powers of a substance for every 
definite ray. It was not merely what had been known 
to Leslie and others, that a body which is a good 
absorber of heat is also a good radiator of heat, with 
many other indefinite statements of that sort ; but it 
was the precise limitation to each and every particular 
wave-length, and not only that, but something higher 
than that, — not merely to rays of a particular shade of 
colour, but also to rays polarised in particular planes. 
Stewart and Kirchhoff thus came to the conclusion 
that if you consider any one definite colour of light, 
and have it polafised in one definite direction, then a 
body which has a power of absorbing that, measured in 
any way whatever, will have an exactly equal power of 
radiating it, if measured according to the same units. 
So if we adopt the same units for radiating and for 

supplied by the Beibldtter zu den Annalen der Physik ; for which the whole 
scientific world is indebted to the disinterested labour of the Wiedemanns.] 
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absorbing power, in all bodies the measure of the 
absorbing power for any particular ray (strictly defined 
as I have just stated) is the measure of the radiating 
power for that same ray. 

Stewart shows first, by very simple reasoning, that the 
absorption of a body at a given temperature must be 
equal to its radiation, for every given description of heat ; 
and then he shows experimentally that a plate of rock- 
salt, which is an exceedingly bad absorber of heat, is 
also an exceedingly bad radiator of heat. Then he 
shows that a body is in general more opaque to radia- 
tions from another portion of the same body than it is 
to radiations from other bodies at the same tempera- 
ture ; in other words, if you measure how much of the 
heat radiated by a piece of hot glass is absorbed by 
rock-salt, and if you measure also how much of the 
radiation from an equally hot piece of rock-salt, instead 
of the glass, is absorbed by rock-salt, you find that rock- 
salt absorbs of the heat which is radiated by rock-salt 
a very much larger percentage than it absorbs of the 
heat which is radiated from glass at the same tempera- 
ture ; and this he showed to be true, with the change of 
a word or two, for mica, glass, and other substances. 
Then he showed also — and this is a very important 
addition — that a thick plate of rock-salt radiates more 
than a thin plate, being at the same temperature ; and 
therefore it follows of course that the radiation from a 
hot body is radiation not merely from its surface, but 
also from layers under the surface, and in some sub- 
stances it may be radiation from layers at a very great 
distance under the surface; so that radiation, like 
absorption, is not a mere surface phenomenon, but 
depends (when the substance is at all transparent) upon 
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the depth or thickness of the absorbing or radiating 
stratum. 

In order experimentally to show some of these results, 
though only in a qualitative not a quantitative manner, 
Stewart first tried a substance such as pottery ware, 
where you have a surface in some places white and in 
others black. If you look at such a piece of pottery 
ware by daylight, the reason why some markings on its 
surface are darker than others is simply that they 
absorb more of the incident light. These are portions 
of the body which absorb more than other portions, and 
therefore we should expect, if this law be true, and if it 
be capable of extension from heat rays to luminous 
rays, that on making the piece of pottery ware itself in 
turn the source of light, — making it hot enough to give 
off light, — then, as those portions which, when it was 
cold, appeared darkest, did so because they absorbed 
most, they should, when it is itself a source of light, 
appear brightest, because they ought to radiate most. 
That is an experiment which any of you can try very 
easily for himself with a piece of pottery which has a 
well-marked pattern on it. You will see, as soon as 
you have heated it to whiteness in the fire, taken it out 
and looked at it in the dark, a white pattern on a dark 
ground, instead of a dark pattern on a white ground. 
And it is very striking if, while thus looking at it, you 
suddenly flash daylight on it, when you see at once the 
inversion. 

I can show to a few at a time, but^ not in a marked 
way at a distance, the same phenomenon, by taking a 
piece of platinum foil and writing letters on it with ink. 
When it is once heated there is a deposit, on the surface 
of the otherwise polished platinum foil, of oxide of iron 
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which tarnishes the surface and makes it absorb con- 
siderably more light than a polished reflecting surface 
will do. We should expect, then, when this is heated 
(as I now heat it in a powerful but very slightly luminous 
flame), and becomes in turn the source of light, to see 
bright letters on a dark ground. The difference of 
brightness is not so marked in this case as in the last, 
but still those who are nearest to me will see the pheno- 
menon distinctly enough. 

But you will see another phenomenon still more start- 
ling on looking at the back of the heated foil instead of 
the front of it. You saw faint traces of bright letters on 
the dark ground when I turned the inked side to you, 
but when I turn the other side you see dark letters on a 
bright ground. Now, the reason why on the one side 
we have bright letters on a dark ground, while the other 
side of the same piece of metal shows dark letters on 
a white ground, is still more confirmatory of the result 
of Balfour Stewart's, which I have just stated, since 
these letters appear dark while at present cold, because 
they are absorbing more than the rest of the polished 
surface. They appear brighter than the polished sur- 
face when heated, because they radiate more ; but just 
because they radiate more they must become colder, 
must be kept permanently colder than the rest of the 
foil, and therefore the parts at the back of the foil, 
behind those which are radiating most, remain perman- 
ently colder. This is made evident when we look at the 
side which is without any difference of surface, as we 
then see, by the relative amounts of brightness, a marked 
distinction between the parts which are hotter and those 
which are colder. This is a still more complete proof 
of Stewart's proposition. 
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Stewart extended his reasoning still further when he 
explained the behaviour of coloured glass when heated. 
If you look at a bright fire through a red glass (for in- 
stance); so long as the red glass is cold, — that is to say, 
is absorbing light but not radiating any, — it absorbs the 
green and lets the red through. That is why we call it a 
red glass, because it absorbs green and almost every ray 
but the red. When you put it into the fire and it has 
acquired exactly the same temperature as the coals, it 
shows no colour, and you cannot distinguish it from 
the coals. In fact, it is transmitting red light but is 
radiating green and other rays : — namely, those which 
it is capable of absorbing, and it is just making up by 
radiation for the amount which it is absorbing; and 
therefore the light which is coming through it from the 
coals behind is just as much strengthened both in 
quantity and quality by its radiation, as it is weakened 
by its absorption, and thus on the whole it comes to our 
eyes uncoloured. If you put in behind it, leaving it in 
the fire at a bright heat, a less hot coal, you will see it 
appears green, because then the glass is hotter than the 
background, and takes from the background less green 
than it gives out, and therefore the light which actually 
reaches the eye, partly through it and partly from it, 
is more green than that from the coal behind. Thus 
the coloured glass loses its colour when exactly at 
the temperature of the objects behind it, and takes the 
complementary colour When it is hotter than the ob- 
jects behind it. 

Kirchhoff gave a good many experimental illustra- 
tions of the relation between emission and absorption, 
of which I can allude to only two or three. The 
first was the very simple one of taking a bead of a trans- 
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parent salt and heating it in a blow-pipe when supported 
in a loop of platinum wire. When the platinum wire 
and the bead were at the same high temperature, the 
platinum wire glowed bright, as we all know an incan- 
descent wire does, but the bead of melted salt remained 
scarcely glowing at all. That is to say, this body, which 
is exceedingly transparent, and therefore a bad absorber, 
is also a bad radiator. On the other hand, the platinum 
wire is perfectly opaque ; it is a good absorber, and 
therefore a good radiator. 

But Kirchhoflf carried his experiments after this at 
once to sunlight. Knowing that there is one particular 
definite red ray which is given out by the metal lithium 
when in a state of incandescent vapour, he noticed that 
there was no corresponding dark line in the solar spec- 
trum. So he attempted with full success to make a new 
dark line in the solar spectrum by letting sunlight pass 
through a slit, and placing near the slit an otherwise 
slightly luminous ilame (that of a Bunsen lamp) in which 
there was a large supply of lithium vapour, which caused 
it to give out light of one homogeneous red. When the 
sunlight came through it, the lithium vapour cut out that 
very red, and a new line was formed in the solar spec- 
trum. As the sunlight was gradually weakened, the 
line gradually disappeared, though there was still a very 
visible supply of sunlight ; and after a further weaken- 
ing, the lithium line came brightly out on the darker 
background. Thus by regulating properly the intensity 
of the sunlight you may have at pleasure a dark line or 
a bright line, or no line at all, at this particular place in 
the spectrum. That was conclusive as to the possibility 
of producing these dark lines in new positions by the 
help of some incandescent gas. 
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But Kirchhoff also showed that if you take the direct 
radiation from a terrestrial body instead of — as in the last 
experiment I described — gradually checking or weaken- 
ing the sunlight, if you had taken the light directly from 
a terrestrial source, then you could get the dark line 
only when the absorbing flame is colder than the source 
of light. In order to produce new dark lines in the sun's 
spectrum, we must use absorbing bodies which are colder 
than the sun. That of course presents no difficulty, 
because we cannot produce any terrestrial temperature 
which at all equals that of the sun ; but it comes to be a 
point of very great importance when we wish to produce 
these absorption bands in an otherwise continuous 
spectrum of artificial light, as, for instance, the light 
from an incandescent lime-ball. The temperature of 
the incandescent lime-ball is very low, compared with 
even the electric arc, and extremely low compared with 
the sun, but the light from it gives a perfectly continu- 
ous spectrum. If we try to produce in that spectrum 
the dark lines of lithium or sodium by the process just 
described, we find the process fail. Bright lines appear 
in place of dark ones. A Bunsen-lamp flame is not cold 
enough. In other words, if sodium be in the Bunsen 
flame, though it absorbs no doubt that particular orange 
light which comes from the lime-ball, yet in place of it 
it gives out a great deal more of the same kind, and 
therefore you have bright lines instead of dark ones. But 
if, instead of a Bunsen-lamp, you take an ordinary spirit- 
lamp, and put sodium vapour into its flame, you find you 
get your dark line in the spectrum of the lime-ball. 
Kirchhoff" thus experimentally showed that for the pro- 
duction of an absorption-line (at least when the source 
and absorber are both behind the slit) it is necessary 
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that the incandescent source should be at a higher tem- 
perature than the absorbing vapour. 

We shall see that this is not only in itself a very 
important result, but that it is of the utmost importance 
^ when we come to interpret the spectrum we obtain from 
various portions of the sun's disc, and from various stars* 
It shows whether the radiating or absorbing matter in 
any of these cases is the hotter or the colder. 

Finally, I may mention a discovery which was made 
almost simultaneously by Kirchhoff and by Stewart ; the 
beautiful application, to absorbing bodies, of the polarisa- 
tion of light. There are various transparent substances, 
which, although colourless, or but slightly coloured, 
nevertheless absorb all vibrations of light which take 
place in a particular direction. The simplest is a plate 
of tourmaline, cut parallel to the axis of the crystal. It 
is not yet absolutely certain whether the rays which it 
absorbs are those which vibrate parallel to the axis of 
the crystal or those whose vibrations are perpendicular 
to it, but that does not matter to our present purpose. 
Light which has passed through such a slice of crystal 
is vibrating in one definite direction only, and therefore 
is said to be polarised. As we have experimental proof 
that common light is subject to no such restriction, the 
portion of the incident light which has been absorbed 
must have been that whose vibrations were in the direc- 
tion perpendicular to that of those which passed through, 
and therefore what was absorbed was also polarised 
light. Here, then, is a bpdy which absorbs polarised 
light : — make it in its turn (by heating) a source of light, 
and it should then, if the proposition we are dealing 
with be universally true, radiate polarised light Now 
the experiment has been made, and made with complete 
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success. The light radiated by the red-hot crystal, if 
you view it against a dark background, is polarised ; but 
if the background be itself as hot as the crystal (and be 
of non-polarising material), no polarisation is observed. 
The crystal transmits one part of the light unaltered, 
and though it stops the other half, it makes up for it by 
the light which it radiates. 

Before I go further with the reasoning on this part of 
the subject, I must make a slight digression as to our 
knowledge, or rather our reasons for conviction, of the 
identity of radiant heat and light. I must, in fact, show 
how we satisfy ourselves that there is no more difference 
between radiant heat and light, or even the so-called 
actinic sun rays, etc., than between waves of sound or 
waves of water of different lengths. The precise nature 
of the vibration which constitutes a wave of light, does 
not matter to this question at all. 

We all know that sound-waves differ practically from 
water-waves. In the case of sound-waves the particles 
of air are vibrating back and forward in the direction in 
which the sound travels ; but in the case of waves on 
water, the particles are moving partly up and down 
and partly back and forwards, so that near the surface 
of the water each particle is describing almost a 
circle. 

In the case of luminous waves, all we know is, that 
whatever be the precise nature of the vibration,* its direc- 
tion is transverse to the direction in which the light is 
moving. Now, the proof that radiant heat and light are 
the same, or only variations of the same thing, is to be 
arrived at by comparing their properties in a great 
number of different ways. I cannot enter very deeply 
into this, but I can at all events mention several of 
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these properties, and show how conclusive the evidence 
is for the identity in question. 

First of all, it is to be considered they both move 
in straight lines. The radiant heat from the sun goes 
along with the light from the sun, and when you shut 
one off, — put an opaque screen so as to intercept the 
one, — the other is intercepted at the same time. In the 
case of a solar eclipse, you have part of the sun's heat as 
long as you can see the smallest portion of the sun's 
disc. The instant the last portion of the disc is obscured, 
the heat disappears with the light That shows that the 
heat and light take not only the same course, but also 
the same time to come to us. If the one lagged ever so 
little behind the other, — if the heat disappeared sooner 
than the light, or the light sooner than the heat, — it would 
show that though they both moved in straight lines, the 
one moved faster than the other; b\it the result of 
observation is that we find, so far as our most delicate 
measurements show, that heat and light pass from the 
moon to the earth, ix. over a space of a quarter of a 
million miles, in sensibly the same time. Therefore we 
have the proposition that radiant heat moves at the rate 
of about 1 86,000 miles per second, because that is the velo- 
city of light. Thus, even our very first analogy between 
them seems to be almost convincing as to their identity. 

Then we have, as you all know, when you use either 
a burning mirror or a burning lens for the purpose of 
condensing the sun's heat into a focus, to adjust this 
by taking advantage of the sun's light You form an 
image by means of the light, and then you find the 
heat rays concentrated at the same point That is to 
say, the laws of reflection and refraction are precisely 
the same for light and radiant heat. 
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Then again, I dare say you all know — for it was 
shown early in this century as the true explanation of 
phenomena known to Newton, and before him — ^that 
two sets of rays of light can be made so to interfere 
with one another as to produce darkness. This ex- 
periment is conclusive^ as to the non-materiality of 
light, and shows that light must be something of 
the nature of a vibration of some kind, so that two 
opposite motions meeting in one place, or rather simul- 
taneously affecting one part of a medium, may produce 
simple rest or non-existence of motion. If we test this 
with sunlight, as was done by Fizeau and Foucault, we 
find that precisely at the places where the sunlight has 
disappeared, at these same places the sun's heat has 
disappeared. Radiant heat, therefore, has, as light 
has, the property of interference ; that is to say, two 
portions of either are, in certain circumstances, capable 
of mutually destroying one another. 

Another very striking analogy between them is fur- 
nished by absorption. Let us take the case of light 
first. If I take a number of pieces of the same blue glass, 
light which has passed through one of these is capable 
of passing in greater part or percentage through the next^ 
and what has been sifted through two of them will in 
still greater percentage pass through the third, and so 
on. Precisely the same thing holds with reference to 
radiant heat. What we call colourless glass happens to 
be extremely opaque to radiant heat, especially to the 
lower forms; but if you force, by using a powerful 
source, a considerable beam of radiant heat through a 
single plate of window glass, you will find that though 

1 Compare foot-note to p. 66. The applicability of the word * con- 
clusive ' is matter of opinion. 



2o8 RADIA TION AND ABSORPTION. 

the window glass is exceedingly opaque to such heat in 
general, what you can force through it will pass in very 
much increased percentage through the second plate, 
and in still greater percentage through the third, and 
so on. And, just as Melloni used the word Thermo- 
chrosCy we may say that a pane of window glass, which 
is colourless or almost so as regards light, would be 
regarded as coloured by larger beings than ourselves : 
beings with such very coarse-grained optical apparatus 
as to have the sense of light produced in them by such 
waves only as to our senses produce radiant heat Such 
creatures would speak of our most transparent glass as 
being exceedingly opaque, while they would speak of 
rock-salt as being transparent, for it is found to transmit 
heat almost as freely as it does light. 

There are various other analogies, such as, for instance, 
that the intensity of light from any source varies in- 
versely as the square of the distance. The same thing 
is true of radiant heat That, however, is necessarily 
true of all emanations in straight lines from a centre 
when there is no absorption, so that it does not 
strengthen the argument. It is, in fact, merely a 
consequence of the geometrical truth that the surface 
of a sphere is as the square of its radius. 

Then again — and this is perhaps the grand proof — 
we have the discovery by Principal Forbes of the polar- 
isation of heat. You can polarise radiant heat as you 
can light, and this is the most conclusive argument ; one 
which, taken with what I have just told you, leaves no 
possibility of escape from the conclusion that the differ- 
ence between radiant heat and light is simply the 
difference between a low note and a high one. There- 
fore, in reasoning upon radiation, it is quite indifferent 
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whether we speak of radiant heat or radiant light, or 
even higher waves which are invisible to the eye except 
through fluorescence. So we need speak of nothing 
but radiation, under which we suppose them all in- 
cluded. 

Now comes this question — By what marks can you 
distinguish one particular radiation from every other ? 
Well, you can do that just as you can perfectly define 
any particular sound. You can define a sound if you 
are told three things about it, — its intensity, its pitch, 
and its quality. Well, the quality has of late been 
shown by the beautiful analytic and synthetic methods 
of Helmholtz to depend upon the admixture of other 
sounds (harmonics) with the primitive sound ; so sup- 
pose you take the simplest quality of all, — that which 
has no admixture, — then a musical sound or note is 
completely defined if we know its intensity, if we know 
its pitch, and if we know its quality to be the simplest. 
Conversely, if you have any disturbance of the air which 
has that intensity, and that pitch, and the simplest 
quality, it will be that same sound. That, then, is our 
mark by which we detect a particular kind of motion of 
the air. 

Now we have precisely the same sort of marks by 
which we can distinguish a particular kind of radiation. 
Take the simplest form, — that is, the simplest quality, — 
there are other three things to be attended to. The 
first is the intensity ; the second is the wave-length or 
colour, what corresponds to the pitch ; and the third, 
how it is polarised, or whether it is polarised or not. If 
these be attended to, and if you were to specify them 
for any one radiation, and if any other radiation what- 
ever satisfied the same conditions, then it must neces- 

O 
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sarily be the same radiation. That is the stamp of 
equivalence between the two. 

And now we come to the question how we prove that 
the radiation from a body must be equal to the absorp- 
tion by the same body under similar circumstances. 
We have seen how we can test the equality or identity 
of two radiations, and now it remains, having that pre- 
liminary settled, to apply reasoning to see why the 
absorbing and radiating powers are necessarily equal. 

The best way we can do it is by applying reasoning 
very similar to Carnot's, but in this case it happens to be 
capable of being applied even more simply. Suppose 
we have a space, the walls of which are either perfect 
reflectors or are always kept at a definite temperature. 
It is an experimental fact that bodies (whatever they 
be) which have been long enough kept in either kind 
of enclosure will at last acquire precisely the tempera- 
ture of the enclosure. That is a fact which has been 
ascertained over and over again. We say, in fact, that 
bodies are at the same temperature when neither parts 
with heat to the other, when there is on the whole no 
transference of heat from the one to the other when 
they are placed in contact Suppose one of these 
bodies more capable of absorbing than it is capable of 
radiating. That body would be constantly taking in 
more heat than it was giving out, and therefore though 
the other bodies would of course absorb the heat which 
was given out by it, they would necessarily cool, because 
they would get back from it less than they gave to it. 
It would be getting hotter at the expense of all the 
other bodies inside the enclosure. 

So far then the reasoning appears, at least at first 
sight, to be nearly complete ; but it is not, because we 
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have been taking the radiations as a whole. Suppose 
we have then inside this enclosure, between two of the 
bodies, some body which we may call a screen, and 
which shall allow to pass a perfectly definite kind of 
radiation and that alone, completely reflecting every- 
thing else. Then whatever radiation passes from the 
first towards the second body must pass through the 
screen, and will be, therefore, of this definite kind only. 
It will be partly absorbed and partly rejected by the 
second ; but if there is to be a constant equality of 
temperature maintained — and that is our fundamental 
proposition — the fraction of the amount of this definite 
kind of radiation given out by the first and absorbed 
by the second must be exactly equal to the fraction of 
that given out by the second, and absorbed by the first, 
else one of the bodies would rise in temperature at the 
expense of the other, and that, you know, is impossible. 
Such a screen, in fact, while (with regard to the par- 
ticular radiation in question) it forms one of three 
bodies in the enclosure, virtually (for all other radia- 
tions) makes it into two separate enclosures. 

You will notice that our reasoning is in reality based 
upon Carnot's: — the same which led to the second 
law of thermo-dynamics, because it is founded on this 
principle, that without expenditure of work we cannot 
cool down a body below the temperature of all the 
surrounding bodies. If a body is at the same tempera- 
ture as the surrounding bodies, we cannot use its heat 
to do work. In fact, we require to spend work to 
make this body colder. Now, if it could make itself 
colder by radiating away more than it absorbs, then we 
should have an enclosure containing two kinds of 
bodies, one of which heated itself at the expense of the 
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other, so that work could be got from bodies all 
originally at the same temperature, and kept in an 
enclosure which is throughout constantly at that 
temperature. [But, just as we have seen that Camot's 
principle is only true in the statistical sense, and 
would not hold if we could deal with individual 
particles of matter, so this assertion of the equality of 
radiating and absorbing powers is true in a similar 
statistical sense only.] 

A word or two about the differences between different 
bodies. There are some bodies which absorb every 
radiation which falls upon them. These are such 
bodies as lamp-black, and we may call them black 
bodies in general. Now, as a black body is capable, 
by definition, of absorbing every kind of radiation 
which falls upon it, so it must, by applying to it the 
proof we have given, be a body which when heated must 
give off every kind of radiation. There can be nothing 
wanting, — no dark lines in its spectrum when incan- 
descent, — ^because as it is capable of absorbing everything, 
it is capable of radiating and will radiate everything. 

The next class of bodies we may call transparent 
bodies. A transparent body is a body which absorbs 
nothing at all. If we had a perfectly transparent body 
it would absorb nothing, and therefore would radiate 
nothing if you made it hot, so that the body could not 
be seen either by itself stopping a certain amount of the 
light which falls upon it, nor could it be seen by making 
itself a source of light, because, in consequence of its 
not being able to absorb, it would not be able to radiate. 
It might, of course, be seen in virtue of its displacing, or 
distorting, the images of other bodies as seen through it. 

Then we have, finally, a class of bodies which may be 
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distinguished from the other two as those into which heat 
cannot be absorbed at all, because it never penetrates the 
surface, — those which are perfectly reflecting bodies. 

We have, then, black bodies, transparent bodies, and 
reflecting bodies. We have none of them in perfection, 
but we may take lamp-black as an example of the first ; 
rock-salt for the second ; and a polished metal, such as 
silver, for the third. None of these is perfect ; but they 
are all approximations, and are as good approximations 
as we find in Nature to the mathematical ideas of rigid 
bodies and perfect fluids, and sufficiently near approxi- 
mations to enable us to deduce from our reasoning on 
them valuable explanations of physical phenomena. 

Let us suppose for a moment that we have two 
of these bodies inside a perfectly reflecting enclosure. 
Suppose one to be a black body and the other a transpa- 
rent body, — only let it be imperfectly transparent. Then 
the black body takes up absolutely any radiation which 
may come to it, and sends out a:bsolutely all kinds of 
radiation ; but the transparent body is incapable of 
absorbing any but one kind of radiation, let us say. It 
will go on absorbing that one kind of radiation from 
the black body, but the black body gets back by re- 
flection and transmission, all except that one kind of 
radiation, and therefore that must be the one kind of 
radiation which the transparent body can give out : and 
it must give it out, — being at the same temperature as 
the other body in the enclosure, — it must give it out pre- 
cisely at the same rate at which it absorbs it ; and thus 
we have from a somewhat varied point of view another 
demonstration of the same principle. I shall endeavour 
in my next lecture to illustrate these theoretical conclu^ 
sions by experiments. 
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SPECTRUM ANALYSIS. 



Spectrum of incandescent black body ; of incandescent gas or vapour. Ab- 
sorption by vapour of parts of spectrum of incandescent black body. 
Application to sunlight, and starlight. Solar spots and protuberances. 
Period of life of various stars. Fluorescence. 

The point at which I had arrived in my last lecture 
was the practical results of the independent discoveries — 
because we can call them no less — of Foucault, Stokes, 
Angstrom, Balfour Stewart, Kirchhoff, and others, with 
regard to the equality of the radiating and absorbing 
powers of any one body for any definite ray of heat or 
light. I explained very fully in that lecture how we 
can test, by separating them from one another, all the 
different forms of radiation that proceed from any par- 
ticular incandescent body, and so discover whether any 
are wanting. It only now remains that I try these 
experiments with the help of a galvanic battery, of 
which I have a pretty powerful specimen down-stairs, 
connected by wires with the electric lamp here. 

In an ordinary galvanic battery, if you have only a 
moderately great number of cells, say lOO, no elec- 
tricity will pass between the terminals until you bring 
them into contact ; but if after bringing them into con- 
tact you then separate them, a spark will follow, and 
heat the air between them so much that, if the battery 
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be powerful enough, we may have a steady current of 
electricity passing between the two, and keeping the 
intervening air in a state of incandescence. 

Now everything in the path of this portion of the 
current is so intensely hot that any ordinary metals 
such as copper, would be melted at once, or at least in 
a very short time, if placed in it ; and therefore the sub- 
stance we employ for the poles of the battery is gas coke, 
the hard deposit of carbon found in gas retorts. Bars 
of this are cut and connected with the poles of the bat- 
tery. When the voltaic arc is passing in hot air between 
the two poles, the ends of these bars become vividly in- 
candescent, and you have therefore two very hot black 
bodies, and between them a hot semi-transparent body. 
Now, you will remember from my last lecture that a 
black body is black because it absorbs all kinds of light 
which fall upon it. A transparent body is transparent 
because it absorbs little of the light which falls upon it. 

Therefore, if our proposition be true, — and we know 
it must be, in the same sense at least as is the second 
law of the dynamical theory of heat, — it will follow that 
if you make the black body incandescent it will give 
out all kinds of radiations, just as it is capable of absorb- 
ing all kinds ; and the gaseous or semi-transparent body, 
which is capable of absorbing only few kinds of light 
or radiations, will be capable, when self-luminous, of 
giving out only the same few. The contrast between 
the two will be well seen by adopting the optical method 
I described in my last lecture. We separate from each 
other the various kinds of radiation given by the two 
bodies simultaneously. 

The radiation which you see just now [throwing the 
spectrum of light from one of the carbon points on the 
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screen] is mainly, almost wholly, from one of the hot 
carbon points, and you see that in its spectrum there is 
no discontinuity. You have every colour, or rather 
wave-length, of visible light, from the lowest red which 
the eye can see, up to the highest violet which the eye 
can see. There are irregularities of brightness in the 
spectrum, but these are due to the fact that we have 
the glowing gas as well as the luminous black body. 
But if I pass to the spectrum of the glowing gas by 
altering (as I now do) the position of the carbon points 
inside the electric lamp, you now see in the dark in- 
terval between the two continuous spectra on the screen, 
each belonging to one of the carbon points, bright lines 
showing definite kinds of radiation and those only, 
while the black bodies give you every possible variety of 
tint, as it were, from the lowest up to the highest visible. 
This glowing gas, which is the arc between the two 
poles, gives you only certain definite kinds of light. 
At present it is very difficult to tell, without careful 
measurement, to what particular vapour each of these 
rays belongs, because the composition of the glowing 
gas between the poles depends for the moment entirely, 
or almost entirely, upon the impurities in the carbon 
points, which have been vaporised by the intense heat ; 
and, therefore, though I can at once see, partly from its 
position and colour, but much more definitely from its 
brightness, that the orange-coloured ray belongs to the 
metal sodium, I could not, without careful measure- 
ment, tell what other substances are incandescent in the 
spark there to produce the other bright lines. But if I 
were to introduce some substance into the arc (placing 
it upon the comparatively large upper surface of the lower 
pole), I should be able to see what lines it produces. 
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whether by new lines appearing or by the strengthening 
of those already present. To illustrate this, I shall take 
a small piece of metallic sodium, and render it incan- 
descent upon one of the carbon points ; then, as it is 
highly volatile, the space between the two carbon 
points will immediately be filled principally with vapour 
of sodium. You see at once that the orange line, to 
which I have already called your attention, is very 
greatly intensified — the others being but little affected, 
though, if anything, rather weaker than before. That 
depends upon the fact that the sodium vapour offers 
much less resistance to the voltaic arc than does air. 
The arc is both longer and at a lower temperature than 
it was before I introduced the sodium. 

To show the testing nature of this mode of discrimi- 
nating between different substances, I take a small por- 
tion of a metal which was discovered by the help of the 
spectroscope almost immediately after this method of 
observation was brought into practical use. You see 
that, in addition to the feeble bands which cross the com- 
paratively dark space between the continuous spectra of 
the carbon poles, we have a new one of great intensity 
and of an exquisite green colour. This is characteristic 
of the vapour of the metal Thallium (closely allied to 
lead in many of its physical and chemical properties), 
a small portion of which I had placed upon the lower 
carbon. 

The final experiment I have to show in this connec- 
tion is the converse of this. We are now going to take 
as the source of light one of the carbon points, an incan- 
descent black body which gives us all kinds of radia- 
tions, from the lowest to the highest, and we are going 
to make the sodium vapour, whose particular kind of 
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radiation we have already studied, the absorbing body, 
and see what part of the continuous spectrum of the 
incandescent black body it cuts out or refuses to allow 
to pass. And in this experiment of course rests the 
definite proof, so far as one single case of experiment 
can give a definite proof, that the absorption and radia- 
tion are exactly equivalent to one another in every 
particular glowing gas. 

I place near the slit of the electric lamp a powerful 
Bunsen burner, into which my assistant will introduce 
a pellet of metallic sodium in a little iron spoon. You 
see first the combustion of the naphtha in which the 
sodium was kept (to prevent its oxidation), then in a 
few moments you have an excessively bright mono- 
chromatic flame, whose light is due almost entirely to 
the incandescent sodium vapour. You see the weird 
expression of one another's countenances as this 
snap-dragon flame becomes more and more intense. 
I interpose a sheet of pasteboard to prevent its direct 
light from falling on the screen where the spectrum of 
the carbon point is for the moment seen continuous. 
I now move the Bunsen lamp slightly, so that the 
carbon point must shine through the sodium flame, and 
you see at once a dark, almost perfectly black, band 
cut out of the otherwise continuous spectrum, just as if 
a pencil or other opaque body had been interposed. 
You see it is exactly a prolongation of the orange band 
of sodium still furnished by the voltaic arc, and you 
see that it appears and disappears exactly as I put the 
lamp in front of the slit or withdraw it. 

It would be easy to extend a series of experiments 
of this kind, but there would be a very great deal of 
sameness about them, because all we could do would 
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be to show over and over again that certain bodies 
when incandescent give perfectly definite kinds of light ; 
and that the same bodies when incandescent, but suffi- 
ciently colder than the carbon pole of the electric lamp, 
cut out from the otherwise continuous spectrum of the 
carbon pole precisely the kind of light they give out 
when they are themselves made the source of light. 
But in order to convert this rude experiment into a 
perfectly definite physical method of measurement and 
proof, it is necessary to take more refined means of com- 
parison than the methods I have just used. First of all, 
it is important to make the slit an extremely narrow one. 
I was obliged to make the slit moderately wide that you 
might see the various coloured images of it ; but in 
order that we may have a thoroughly trustworthy mea- 
surement, I must make the slit extremely narrow, and 
then we shall have perfectly sharp definite lines, only of 
the breadth of the slit itself, showing these colours. You 
see them now perhaps half-an-inch or one-third of an 
inch broad ; but it is perfectly possible and necessary 
for exact physical measurement, to make them exces- 
sively narrow, and to measure with the most extreme 
care their relative positions with regard to one another. 
Another necessary detail is to place the prism, or prisms, 
exactly in the position of minimum deviation as it is 
called — in which case the rays make equal angles with 
the surfaces of the prism at which they enter and escape. 
Then and only then are we entitled to conclude that 
there is absolute coincidence between the dark absorp- 
tion lines and the bright lines due to the same incan- 
descent vapour, according as it is employed to absorb 
or to radiate. When this is to be carried out with the 
utmost perfection attainable in modern optics, we employ. 
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not the method of projection upon a screen, which 
I have used just now, but a far more delicate method, 
invented by Fraunhofer, in which the rays are received 
by the object-glass of a telescope, so that in the air, 
at its focus, an image of the spectrum may be formed. 
This may be examined by means of an eye-piece, as 
powerful as we choose, so that we may separate the 
different kinds of light radiated by a glowing gas, by 
telescopic power as well as by increasing the number 
of prisms. By using telescopes more and more powerful, 
and greater numbers of prisms, as you can easily con- 
ceive, this method will enable us to measure with the 
utmost nicety, to any degree of approximation that may 
be desired,the relative distances between the various lines 
of the spectrum. So we have the means, if we apply 
these refined methods to light from celestial sources, and 
also to that from known terrestrial sources, of determining 
whether the different radiations and absorptions observed 
belong to precisely the same wave-lengths, that is, have 
precisely the same positions in the spectrum ; and there- 
fore we have as complete physical proof as it is possible 
to desire of the presence (somewhere or other in the 
path of the light which comes to us from a celestial 
body) of the incandescent vapour of a particular known 
terrestrial substance. 

This, then, is the basis of spectrum analysis as applied 
to problems connected with the physical universe. I 
shall now say a few words about the results of the 
application of this method of investigation to the sun, 
stars, nebulae, and comets. The literature of this sub- 
ject has become very extensive considering how new it 
is. Seeing that the subject is barely fourteen years 
old in its definite applications, it is astonishing to find 
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that it already fills many volumes of special treatises 
and a host of scattered papers, and still more to find 
that a great deal of what is there contained is thoroughly 
popular and yet thoroughly trustworthy. 

On a point of this kind, therefore, most of you by a 
little reading can acquire at least as much information 
as I have to give you. Therefore, while I must take 
some notice of it, I need not at all dilate upon it, 
though it is a very important and interesting part of 
our subject. 

First of all, let us consider what we do see when we 
treat sunlight as it comes to us from the sun, as a whole, 
that is without specifying any particular portion of the 
surface. Take a beam of sunlight and subject it to the 
same scrutiny which we have employed to-day upon the 
light of the electric arc and the carbon points. It is 
impossible in any coloured diagram to represent accu- 
rately the solar spectrum, and therefore no graphical 
delineation will at all supply the place of an actual 
examination of the phenomena. Nor will a verbal 
description ; so I shall be very brief. We find at once 
that the solar spectrum is crossed over by an enormous 
number of black lines, perpendicular to its length ; 
precisely as the black line lay which you saw a little 
ago across the otherwise complete spectrum from which 
it had cut out a portion. We arrive therefore at the 
conclusion that the sunlight must have come originally 
from some black body, or opaque body, which is in- 
tensely self-luminous, and which may be either in a 
solid or in a liquid state, — possibly even in the state of 
extremely compressed gas. However this may be, the 
source of light in the sun, whatever it is, must, in so 
far as we can see, give off all kinds of radiations, so it 
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is practically a black body. These black lines, or gaps, 
in what would otherwise be a continuous spectrum, must 
therefore be due to absorption by vapours (self-luminous 
or not) which are somewhere in the path by which 
these sun rays arrive at our earth. 

Now, the source of a part of these lines has been 
known for a very long time, — since Sir David Brew- 
ster's early days, in fact, for he discovered that they 
were due to absorption by the earth's atmosphere. We 
know the earth's atmosphere does absorb a great deal 
of sunlight. The rising sun, when we see it obscured 
by vapours, is by no means comparable with the sun 
in the zenith ; but that is mainly a kind of absorption 
which would be given by neutral tinted coloured glass, 
which would tone down the various rays in only slightly 
different proportions, very much, in fact, as they are 
toned down by reflection, as when you see an image 
of the sun in a pool. The reflected sun is very much 
less bright than the direct, and after two or three reflec- 
tions from a glass surface may be looked at without 
injury to the eye. But here the effect is a mere general 
weakening of the light, there is no special or selective 
abscM-ption. The atmosphere might merely have 
weakened the various kinds of sunlight in some such 
nearly constant proportion, but Sir David Brewster 
found it did more than that. He found that when you 
compare the solar spectrum when the sun is high with 
that of the same sun when it is rising or setting, there 
are a great many more lines crossing it in the latter 
than in the former case; and he concluded that, as the 
only difference of circumstances between the two cases 
is that the same rays had to pass through a much 
longer extent of the earth's atmosphere (and especially 
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through the dense part of it), at sunrise or sunset, than 
when the sun is high, therefore these new lines at least 
are due to absorption by the air, or by aqueous or 
other vapour in the air. 

It is possible, by that very simple comparison of the 
spectrum of the sun at rising with the spectrum of the 
sun at mid-day, to classify the missing rays, and say 
there are some whose absence is obviously due to the 
earth's atmosphere ; the remaining ones we cannot 
account for by anything terrestrial, — we must go either 
to the space between us and the sun, or to the sun's 
atmosphere for the explanation of their cause. 

Now, it is obvious that if the absorption were due 
not to the sun's atmosphere or to the earth's atmosphere, 
but to some other medium between us and the sun, that 
medium would treat the light of all the other stars just 
as it treats the light of the sun ; and therefore if these 
lines in the solar spectrum which are not accounted for 
by the earth's atmosphere can be accounted for by 
anything in space, all stars should have spectra con- 
taining the same dark lines as are found in that of 
the sun. 

Now that has been found to be by no means the case. 
Many stars have spectra totally different from that of 
the sun, as well as from one another. Therefore the 
spectrum given by any particular sun or star is due 
mainly to its own atmosphere of incandescent vapour, 
and we can thus study the chemical composition of the 
atmosphere of that sun by simply finding what terres- 
trial substances, put into a Bunsen flame, or rendered 
incandescent by electricity, will produce bright lines in 
its spectrum corresponding to the dark lines we find 
in the spectrum of the star. Here is a small portion 
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of the grand drawing made by Angstrom, a mere frag- 
ment of his map of the solar spectrum, — not above one- 
thirtieth of the whole he has depicted. The numbers 
above indicate the wave-length, in fractions of a milli- 
metre. Thus the three conspicuous green lines of mag- 
nesium, forming the group called b by Fraunhofer (see 
diagram, p. 192), are seen here to have wave-lengths 
of o°™ooosi67, 0*^-0005172, and 0"™-ocx)Si83 respec- 
tively. This portion, as you see, contains a number 
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of dark lines. Well, when you pass sunlight through 
one-half of the slit of the spectroscope, and light from 
incandescent materials (in the electric arc or in an 
induction spark, or even a Bunsen lamp) through the 
remaining half, and examine them through the same 
train of prisms, you get two spectra as here represented, 
the one of sunlight and the other of the terrestrial sub- 
stance, spread out side by side. Any two rays which. 



SPECTRUM ANAL VS/S. 225 



in passing through a very long series of prisms, undergo 
exactly the same treatment, must be of the same refran- 
gibility ; and therefore, by what I have Just explained 
to you, due to the same definite substance. 

In the band just below the portion denoting the solar 
spectrum, all the full lines represent lines which are 
actually observed in the spectrum of metallic iron. 
Looking up, you see the exact coincidence of each 
with a corresponding line in the solar spectrum. You 
see there are about thirty coincidences even in this 
small part of the solar spectrum ; and so throughout 
the spectrum the number of coincidences between 
actual bright lines given by incandescent iron, and 
absorption lines in the solar spectrum, may amount 
to several hundreds. By recording both spectra pho- 
tographically, it appears probable, fron^ some recent 
experiments, that these hundreds of observed coinci- 
dences may in a short time become thousands. Now, 
as Kirchhoff has shown, even if there were not an 
absolutely ascertained coihcidence in any one of these 
cases, — if it were only so near a coincidence that we could 
not be perfectly certain, by means of our instruments, 
that it was an exact coincidence, — still, looking at the 
question from the point of view of the theory of pro- 
babilities, the chances of iron's not existing as an 
absorbing medium in the sun's atmosphere, as estimated 
by a person who has seen even a moderate series of at 
least approximate coincidences, would be represented 
by one against a number which I cannot pretend to 
understand, but which contains some thirty-five places 
of figures. You can see then what extraordinary, sort 
of probability there is that iron is there ; and when I 
say that that probability was derived from only a com- 

P 
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paratively few coincidences in the solar spectrum, how 
enormously greater would it not be were we to take 
account of all now known. And not only this. Lines 
which, in the iron spectrum, are strong, — are correspond- 
ingly strong in the solar spectrum — to every grade of 
nicety. So far, then, iron must be in large quantities in 
the sun's atmosphere. We find also that nickel must 
exist there. Every bright line shown by incandescent 
vapour of specimens of nickel in our laboratories (whether 
these specimens be terrestrial or cosmical, i.e, meteoric) 
corresponds to a dark line in the solar spectrum. Not 
only so, but the character of each bright line and the 
corresponding absorption line is the same. Very bright 
lines correspond with very dark ones, broad lines with 
broad, narrow with narrow, double with double. Some 
lines appear to be given by two different substances, 
as iron and nickel, for instance. This is probably, in 
the great majority of cases, due to slight impurities 
of the specimens tried. Various other substances 
are shown in this small portion of the spectrum, — 
magnesium, manganese, cobalt, chromium, sodium, 
titanium, and calcium. The number of titanium lines 
has been shown by Thal6n to be very much in excess 
of even the enormous number of iron lines I have 
mentioned. 

So far then this has been a question of the spectrum 
of light taken from the whole surface of the sun ; but 
it becomes an exceedingly curious question. Are there 
local differences in the light from that surface, and if 
so, what are they ? when we reflect that there are such 
things as sun-spots, and also when we think of those 
peculiar red flames, as they used to be called, which 
are seen round the dark body of the moon during a 
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total eclipse. It becomes an exceedingly curious 
question what we shall get if we take sunlight from a 
limited portion of the sun's surface, as we can do by 
using a telescope lens of long focus. We form by means 
of it an image of the sun of an inch or so in diameter, 
and place the slit of our spectroscope successively on 
various parts of that image. 

It was to be expected that some veiy important addi- 
tional information would thus be obtained. Now, such 
information you can quite easily procure for yourselves 
by reading works like that of Lockyer, but I may just 
very briefly indicate its nature. In the first place, we 



And that from sun-spots in general we have those 
absorption lines a little thicker and darker than from 
sunlight as a whole, so that it appears that there is 
associated with the sun-spot something which produces 
an excess of absorption. There is a more powerfully 
absorbing medium at the place where the sun-spot 
appears than at the places where faculx or bright spots 
appear. In the particular spot, a portion of whose 
spectrum is here figured, the lines (Z*, and X",) of sodium 
appear not only broadened over the spot, but reversed: 
— i.e. bright instead of dark 1 — just over the middle of 
the spot. 

Then, when we come to examine the red flames or 
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prominences, we find that in general their spectra con- 
sist simply of bright lines. Such then is the spectrum 
of part at least of the gaseous matter which surrounds 
the sun, and it is the upper portion of the absorbing 
medium which cuts out these black lines from what 
would otherwise be a continuous spectrum, and you 
easily trace what lines it does cut out For instance, 
here is a dark line (C) in the red [see diagram, p. [92, 
which shows, as through the same slit, the spectra of 



the sun and of a prominence], which is due to hydrogen 
gas. Well, we find these red flames owe their redness 
to the particular colour of this line of hydrogen. So 
this bright red line is one of the main features of the 
prominences. Then we find a yellow line very nearly 
coincident, as you see, with the lines of sodtum. No- 
body as yet knows what is the chemical substance 
which produces this particular line. It corresponds to 
no absorption line usually found in the sun's spectrum 
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(though you observe a trace of it in the spot spectrum 
which I last showed you), and therefore it must be due 
to a substance in a peculiar condition capable of radiat* 
ing, but of having its absorption made up for, — ^some 
substance which possibly we may not yet know. Pos- 
sibly it may not be a terrestrial substance at all. But 
it occurs here, very nearly giving a coincidence with 
sodium ; but its light is not only more refrangible, but 
it wants the distinctive property which sodium has of 
giving a double line. Then we find several other lines, 
including two — or I may say three — more, due to hydro- 
gen ; so that the spectrum of these flames consists . 
mainly of the spectrum of incandescent hydrogen gas. 
Here is another drawing of a small portion of the 
spectra of the sun and a prominence, which shows the 
exact coincidence of the bright and dark lines. 

Suppose now we had a telescope to which the spec- 
troscope could be adjusted : on looking at a red promi- 
nence without the spectroscope we should see one 
image, but it would be an image which consisted partly 
of the red, partly of the green, partly of the blue, partly 
of the violet rays of hydrogen ; but if we combine tele- 
scope and spectroscope, the combination would enable 
us to separate from each other^ along the line of disper- 
sion, the various colours ; and the edge of the sun 
would be treated in the same way. All its colours 
would be spread out from one another, but they would 
be spread out at a disadvantage compared with the 
colour of a monochromatic line. Because however far 
you separate one such line from another, you do not 
weaken either. They remain, except in so far as re- 
flection from the surfaces of the prisms, and ab-^ 
sorption within the prisms, weaken them, as strong 
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as ever. But if you take a corresponding portion of 
sunlight, then, since it gives practically a continuous 
spectrum, you spread it uniformly over as long a space 
as you choose. So by the aid of this property, as the 
solar spectrum is practically continuous, except where 
there are interceptions of light, you can spread it out, 
and thus weaken it throughout as much as you please ; 
whereas the other spectrum consists of perfectly definite 
bright lines, which you may spread as far apart from 
one another as you please, but which you cannot 
individually weaken. Hence, however strong be the 
glare of sunlight, sufficient dispersive power will enable 
us in fine weather to examine the spectrum of the red 
flames. 

This is perfectly analogous to the observing stars by 
daylight, which, ypu are aware, is done in every fixed 
observatory by means of a good telescope. It is simply 
because the diffused light of the sky allows itself to be 
weakened farther and farther as we spread it over a 
larger and larger image, while the light of the star 
always comes from the same definite point; because 
no one has yet made a telescope showing a star's .disc 
(except as a delusive appearance due to diffraction), so 
that, magnify it as you please, its light comes from the 
same definite point. So it remains of the same bright- 
ness, while the background may be made as dark as 
you please by spreading it out In that way, by com- 
bining the spectroscope with the telescope, and widen- 
ing, or altogether dispensing with the slit, it is possible 
to study the phenomena of these red flames, and, in 
fact, the whole behaviour of gaseous matters round the 
edge of the sun's disc, without waiting for a total 
eclipse. This is an extremely beautiful adaptation of 
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means first made theoretically by Lockyer, and after- 
wards by Janssen, but brought into practice nearly 
simultaneously by the two astronomers. 

Here is the result as applied to a particular portion 
of the sun's circumference. The body of the sun we 



will suppose to be under that picture. These are simply 
eruptions of glowing gas from the sun's apparent sur- 
face. On the same scale there would be another image, 
a green im^e, situated almost at the end of the room ; 
then 3 long way beyond, an indigo, and finally a violet 



one. But we have by means of the prisms separated 
that particular image from the others, and thus we 
have here a monochromatic representation of what is 
above the surface of the sun, in so far at least as incan- 
descent hydrogen gas is involved. When I point out 
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that the change from the first figure to the second took 
place in the course of a few minutes, you will see what 
exceedingly rapid changes are going on in these self- 
luminous clouds \ and when I further tell you that the 
height of this prominence, which is a stream of hydro- 
gen rushing violently up from a rent in the surface of 
the sun, is something like 70,000 miles, you will see on 
what a stupendous scale, and with what tremendous 
velocities, these phenomena are constantly taking place. 
So far then for the sun. When we compare the 
spectra of different stars with that of the sun, we come 
to some very curious conclusions. We find four classes 
of spectra, as a rule, among the different fixed stars 
which have seemed of importance enough to be separ- 
ately examined. The first class of spectra are those of 
white or blue stars. You see an admirable example in 
Vega, and another in Sirius, or the dog-star. All these 
white stars have this characteristic, that they have an 
almost continuous spectrum with few and broad dark 
lines crossing it, and these few for the most part lines 
of hydrogen. These stars are in all probability at a 
considerably higher temperature than the sun ; and 
their atmospheres are in even more violent agitation 
than is that of the sun. Then you come to the class 
of yellow stars, of which our sun is an example. In 
their spectra you have many more dark lines than in 
those of the white stars, but you have nothing of the 
nature of nebulous bands crossing the spectrum, such 
as you find in the third class ; still less have you certain 
curious zones of shaded lines which you have in the 
fourth class of stars. This classification seems to point 
out the period of life, or phase of life, of each particular 
star or sun. When it is first formed, by the impact of 
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enormous quantities of matter coming together by gravi- 
tation, you have the very nearly continuous spectrum 
of a glowing white hot liquid or solid body (or, it may 
be, dense gas), the sole, or nearly sole, absorbent being 
gaseous hydrogen in comparatively small quantity, and 
the spectrum having therefore few absorption lines. 
As it gradually cools, more and more of those gases 
surrounding its glowing surface become absorbent, 
and so you have a greater number and variety of lines. 
Then, as it still further cools, you have those nebulous 
bands which seem to indicate the presence of com- 
pound substances ; which could not exist in the first 
two classes, because there the temperature is so high 
as to produce dissociation. Still further complexity 
of compounds will be found in the atmospheres of the 
fourth class. But sometimes, as in the case of tem- 
porary stars, a spectrum of the fourth class is suddenly 
crossed by the bright lines of hydrogen — showing either 
a last effort at the discharging of red flames, or a flicker 
due to some last chance impact of meteoric matter. 
So that we can study, as it were, not the succession of 
phases of life in any one particular star, but different 
simultaneous phases in many : we can study some stars, 
as it were starting into life, others getting older, others 
older and older; and we occasionally find a most re- 
markable circumstance happening with a star that has 
practically died out, — a star which is scarcely notice- 
able by the astronomer. Such a star occasionally has 
an outburst, rendering it for a little time — sometimes 
for several years — as bright as Jupiter itself. One 
such case very luckily occurred within the spectro- 
scope period. It was carefully examined by Huggins, 
and the result of the examination was to show that it was 
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a star which had gone on cooling, or at all events had 
reached the lowest of its cooling stages, but suddenly 
became bright, because of an outburst of faydn^n. 
Bright lines broke out across its spectrum, showing 
that the incandescent gas which was in its atmosphere 
w4s at a hightr temperature than at least the surface of 
the star itself. Now, this leads me to another and a 
curious remark about the lines of hydrogen which we 
see in the sun. Here is a portion of the solar spectrum 
as seen under particular conditions. It belongs to a 
solar spot, where of course the whole amount of radiation 
is less than that from the general body of the sun 



around it Over that spot there must have floated an 
incandescent hydrogen cloud at a much higher tempera- 
ture than the radiating portion of the sun at the spot, 
and therefore it was capable of radiating more of the 
hydrc^en light than there was to absorb, so it behaved 
as a radiating medium instead of an absorbing one ; and 
therefore the green line in the solar spectrum which is 
due to hydrogen came out as a bright line. After, 
watching this phenomenon for a short time in this par- 
ticular form, the observer saw it change into a line with 
a bright portion at one side and a relatively black portion 
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at the other, — one part evidently due to radiation, the 
other to absorption, but both closely connected. Why 
did one half become bright and the other half black ? 
The answer to that leads us to a study of a very curious 
Jcind, but I must defer this to another lectitre. Mean^ 
while, as I have the electric apparatus at hand, there is 
another experiment I wish to show, though it is not 
directly connected with the subject I have been discuss- 

ing. 

I have here a cube of the well-known Canary glass, 
whosie colour is due to oxide of Uranium. When I place 
it in the path of the rays from the electric arc it shows 
brilliantly its characteristic yellowish green light. But 
observe that this dark violet glass, when interposed 
between you and the cube, renders it practically in-^ 
visible — in spite of its brilliant illumination. The violet 
glass is practically opaque to this yellowish green light. 
So far the experiment presents nothing very remark- 
able. But I now close the aperture of the electric lamp 
with the violet glass ; and there, in the middle of the 
almost invisible beam which it allows to pass, is the 
cube of canary glass showing its characteristic colour 
almost as brightly as before. 

Obviously the canary glass has changed the light 
which falls upon it: — for light can pass through the 
violet glass and afterwards develop the greenish colour 
to which the violet glass is almost opaque. This is one 
of the very beautiful experiments by which Stokes 
physically explained Fluorescence as a change produced 
by certain bodies on the refrangibility or, more directly, 
on the period of vibration of light. 

Here is another exquisite experiment of the same 
kind. I illuminate (very feebly) a sheet of white paper 
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by the radiation through the violet glass. With a brush 
dipped in a solution of sulphate of quinine, slightly 
acidulated by sulphuric acid, I write letters on the 
paper, and these at once shine out brilliantly with a 
light blue colour. This also is nearly invisible through 
the violet glass. 

In both experiments the altered light is of lower 
refrangibility, i,e. of longer vibration-period, than the 
incident light — ^another instance of degradation of 
energy. 

The point I shall first take up in next lecture is the 
point left unexplained to-day, — ^how it is possible for a 
line which was originally dark in the solar spectrum to 
broaden out and become bright, and then for one por- 
tion to become dark while the other portions remain 
bright. 



LECTURE X. 

SPECTRUM ANALYSIS. 

Change of colour of Light by relative velocity of source and observer. Analogy 
from Sound. Causes of broadening of spectral lines. Spectrum of Solar 
Corona ; of Double Stars ; of Comets. Probable nature of Comets ; of 
Saturn's rings ; of the Zodiacal Light. 

You remember I closed my last lecture by pointing 
out to you, for the second time, a diagram of a portion 
of the solar spectrum, in which we had side by side a 
bright line and a dark one, due to the same substance^ 
namely, hydrogen. I told you that there is a very 
beautiful point of theory involved in the explanation of 
this phenomenon, and I proceed to give it. It generally 
goes by the name of Doppler's principle, but it depends 
upon precisely the same idea as that which led Romer 
to the discovery of the finite speed of light. 

Let us take the simplest possible analogy. Suppose, 
for instance, that we had Mr. Perkins' steam-gun, and 
caused it to project bullets in the same direction, sue* 
ceeding one another once every half-second. Then, if 
a target were held in the path of these bullets, it would 
of course be struck 120 times per minute. But suppose 
that the target were to move up towards the gun, while, 
the gun still kept on discharging the bullets at the 
same rate, it is obvious that it would meet more bullets 
in the course of a minute than it would meet if it were 
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standing stilL If you were to withdraw the target 
gradually, keeping it always however in the line of fire, 
you would get fewer bullets per minute; and if you 
were to make it move away from the gun at exactly 
the rate at which the bullets are coming, then no bullets 
would reach it at all. One bullet would be in its neigh- 
bourhood, and would remain constantly at the same 
distance from it ; for, in fact, the target and the bullet 
would be moving with the same rapidity. 

Precisely the same thing may be observed in passing 
over a set of waves. If you were steaming through a 
set of waves in the direction in which the waves are 
going, it is quite conceivable that you may be steaming 
so fast as to be riding on the crest of a definite wave 
all the way ; but steam a little more slowly, and you- 
will see waves gradually passing you ; steam still more 
slowly, and a greater number of them will pass you per 
minute. If, on the other hand, you are steaming so as 
to meet the waves, then you meet more than if you 
were not moving. The faster you go you meet the 
more waves per minute; and there is absolutely no 
limit to the number you may meet per minute, if you 
could only move fast enough to meet them. Now the 
impression, be it of pitch or of colour, that is produced 
upon the ear by sound, or upon the eye by a luminous 
radiation, depends entirely, so far as our present pur- 
pose is concerned, upon the number of these waves 
which meet them per second. Therefore, if we are 
moving towards a sounding body which is giving out 
a particular note, the number of waves which reach our 
ear per second will be greater than it would be if we 
were standing still, or (generally) if we were at rest rela- 
tively to the body. And as a higher npte corresponds 
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to a greater number of waves reaching our ear per 
second, it is obvious that in the former case, whether 
we are moving to the sounding body or the sounding 
body is moving to us, there will be a greater number of 
waves reaching our ears than if we were at relative 
rest ; so that we should perceive a higher pitched 
sound than what is actually igiven off by the sounding 
body. The experiment has been made by the help of 
a railway engine — first in Holland, and since in other 
countries — ^by stationing upon the engine a trumpeter, 
who had beside him a musician to control exactly the 
note that he should play. The musician, of course, 
was moving along with the trumpeter, and therefore 
heard precisely the note that the trumpet was sound- 
ing. The sound, however, was also heard by other 
musicians who were placed at the side of the line, and 
they noted that the faster the engine came up to them, 
the higher did they hear the note which was played by 
the trumpet ; and the faster the engine went away after 
passing them, — the faster it retreated from them, — the 
lower did this note appear to be. I have no doubt 
that you — at all events those of you who have paid any 
special attention to musical sounds — will be able at once 
to perceive this effect by means of such a simple instru- 
ment as this tuning-fork, even with such comparatively 
slight velocity as I can give it by swinging it in my 
hand. For the success of an experiment of this kind, 
it is better that you should close your eyes, in order 
that you may not associate the result with any move- 
ment which you may observe on my part ; and I shall 
endeavour to perform the experiment without making 
any noise which might indicate to you how I am 
moving, or whether I am moving, the apparatus at the 
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instant [Experiment shown.] You notice, then, that 
during the interval that I allowed the fork to sounds 
there was a period at which its pitch appeared to you 
to rise ; then immediately afterwards it appeared to fall ; 
then it rose again, and so on. We had a musical sound 
which was alternately higher and lower in pitch as I 
sharply moved the vibrating fork to or from you, and 
then, when the fork was held steady, we had the original 
sound. Now, precisely the same thing happens with 
regard to waves of light If you move so as to meet more 
waves of light in a second, that will correspond to an im- 
pression upon your retina of a higher order of colour than 
if you were not moving to meet those waves, or if the body 
which was sending those waves to you were not moving 
towards you. Thus you see that the light which comes 
to us from a star is capable, not only, as I pointed out 
in my last lecture, of showing what chemical substances 
are incandescent in the atmosphere of the star, whether 
as giving out light on their own account or as absorb- 
ing portions from an otherwise continuous spectrum, 
but is also capable of pointing out to us whether the 
star is moving to us or from us ; or still more minutely, 
whether a portion of its atmosphere is moving on the 
whole from us, and another portion on the whole to us. 
The first application of this by the spectroscope to the 
study of the relative motion of a star with reference to 
the solar system, was made by Mr. Huggins with refer- 
ence to the dog-star. Of course, in order to find out 
from such experiments (which tell us only the relative 
velocity of the earth and the star in the direction of 
the line of sight) what the corresponding velocity 
of Sirius is with regard to the sun, it is necessary to 
consider in what part of its orbit the earth is during the 
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observation, because when the earth lies in a line from 
the sun, making a right angle with the line drawn to 
Sirius, the earth is moving much faster or much slower 
towards Sirius than the sun is moving. On the other 
hand, when the earth is 180° from that position, it is 
moving slower or faster towards Sirius than the sun is 
moving. When the earth is so placed that Sirius and 
the sun are nearly on the same or on opposite sides of 
it, it is moving transversely to the line joining the sun 
and Sirius, and its motion relatively to the sun pro- 
duces no modification of the observed phenomenon. 
We should have in such a case the full effect due to the 
relative motion of Sirius and the sun. Correcting, then, 
for the velocity of the earth relatively to the sun, Mr. 
Huggins found that the velocity of Sirius relatively to 
the sun is about twenty miles per second in a direction 
tending to increase their distance ; so that ever since 
the time when Sirius was first observed, it has been 
steadily moving away from the solar system at the rate 
of something like twenty miles per second, and yet we 
have not the least documentary or other proof that 
the brightness or apparent magnitude of Sirius has 
become at all diminished in consequence. It has been 
leaving us at that tremendous rate, and yet so far is it, 
or has it been, from us all this time, that even this in- 
crement of distance, growing at such a tremendous 
rate, has made during historical periods no perceptible 
change in the amount of light that we receive from it. 

The next application that was made of this principle 
was to verify the fact of the sun's rotation about its 
axis. It is obvious that, as the sun rotates about its 
axis in the same direction as the earth rotates, one por- 
tion of the solar equator, the portion to the left as we 

Q 
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look at the sun in our northern hemisphere — the left- 
hand side of the sun — is coming towards us, and the 
right-hand side of the sun is going away from us. The 
sun's rotation about its axis takes place in what is called 
the positive direction ; that is, the opposite direction to 
that of the hands of a watch, as looked at from the north 
pole side of the plane of the ecliptic. Now, although 
the sun's rotation is very slow, — that is to say, though 
the sun takes about twenty-six days to execute a whole 
revolution, — still, because of its enormous diameter, the 
linear velocity of all parts of its equator is very consid- 
erable : more than a mile per second. Therefore if we 
examine, by means of a spectroscope, the light which 
comes from,let us say, incandescent hydrogen at different 
parts of the solar equator, it should correspond to rather 
higher light (more refrangible rays — more waves per 
second) from the left-hand side of the sun's equator 
which is approaching us, than from the right-hand side, 
which is retiring from us ; and, therefore, if we could by 
a proper optical combination place side by side, as com- 
ing through the same spectroscope slit, the light given 
out by incandescent hydrogen at these two extreme ends 
of the sun's equator as seen by us, then we should find 
of the two hydrogen lines, the one from the left-hand 
side shifted a little up in the scale, and the one from the 
right-hand shifted a little downwards. Therefore we 
should find, of course, the hydrogen line in different 
places of the two spectra ; and by measuring the 
amount of displacement between the two, we could 
calculate what is the rate of the motion of these points 
in the sun's equator to us or from us, compared with 
the whole velocity of light in space. 

Now, carry this just a step further, especially thinking 
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of the enormous velocities (which I discoursed upon in 
last lecture) with which these masses of flaming hydro- 
gen are thrown out in explosions or eruptions from 
below the visible surface of the sun. Think of a rate of 
several hundred miles per second, or something like it, 
with which these masses of glowing gas are thrown out, 
and you can easily see that if something of the nature 
of, but incomparably superior in dimensions to, a cyclone, 
such as we have in our tropical regions, were taking 
place, accompanied by down-rushes of colder gas, and 
up-rushes of warmer gas, both of these being incandes- 
cent hydrogen, the general down-rush of the cold will 
correspond to absorption, and the up-rush of the hot to 
radiation. There will be cold gas absorbing, but going 



from us, and an up-rush of (on the whole) radiating gas 
which is coming towards us ; and therefore we should 
find the absorption correspond to a lower position in 
the spectrum than the natural hydrc^en line, while the 
bright line corresponding to the gas coming towards us 
will belong to a higher position in the spectrum ; and 
so we account for the double line referred to in my last 
lecture, the lower half of it nearest the red being dark 
or due to absorption, and the other side being bright or 
due to radiation. Thus, even with a slit, the motion of 
these hydrogen clouds is easily seen by the blurred and 
broken form presented, whether by their absorption 
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lin« as seen on the spectrum of the solar surface ; or 
their radiation lines as seen in the spectrum of the 
regions round the edge of the disc Curious examples 
of these two phenomena are shown in the diagrams 
before you. Both represent appearances presented by 
the green line of hydrogen — in the first partly absorbent, 
partly radiating, the line is on the disc — in the second 
it is seen in a prominence, parts of which are moving 
with very great velocity. [Hence these pictures arc not 
pictures of the prominence, as it would be seen by a 
telescope during a total eclipse, but pictures distorted by 
the Doppler principle.] 



If we think for a moment of the whole light sent us by 
the sun, in which absorption by hydrogen far exceeds 
radiation by hydrogen, and think of the different rela- 
tive rates of motion of different parts of the surface, 
we see a physical reason for broadening of the hydrogen 
lines altogether independent of pressure and cyclone 
currents. Hence a star in which the absorption bands 
are very broad may not necessarily have a dense 
atmosphere, but may be merely rotating rapidly about 
its axis. Thus caution is requisite in interpreting such 
appearances. And all the more so because Lord Rayleigh 
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has called attention to the fact that even when a mass 
of incandescent gas is at rest as regards the spectator, 
its individual particles are in motion with sufficient 
relative rapidity to render a very narrow bright pt 
dark line an impossibility. Even very rare hydrogen, 
if very hot, will therefore give broad absorption bands 
or bright lines. Other two causes, which may in 
certain cases lead to similar results, I must presently 
point out to you. 

I may mention, before leaving this part of the sub- 
ject, that Fox Talbot has proposed to apply the same 
principle to double stars, in order to find what is the 
distance of a physical system of two stars from us ; at 
least when they have one common absorbing con- 
stituent in their atmospheres. If we can observe a 
double star, the plane of whose relative orbit passes 
(let us say, for example) nearly through the earth, 
then we may perform upon these two stars precisely 
the same operation as I have described with reference 
to the light coming from the two ends of the solar 
equator ; and therefore of course we shall be able to 
tell what is the actual velocity of the one star in its 
orbit relatively to the other. We shall be able to cal- 
culate the relative velocity of the two, which is in fact 
the actual velocity of the one star in its orbit round the 
other ; and knowing that actual velocity, we shall be able 
to calculate, from the observed periodic time, from the 
actual velocity thus determined, and from the apparent 
size of the orbit, not only what the actual size of the orbit 
is, but also how far that orbit is removed from us in 
order to appear so small as it does. So that by the help 
of this method, when properly applied, we shall be able 
to get perhaps a much closer approximation to the dis- 
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tance of various fixed stars from us than we can get by 
the only method hitherto employed, namely, by the 
determination of what is called their annual parallax. 
In fact, we may conceivably thus obtain a measure of 
the distance of stars so far off as to show no measur- 
able, or even observable, annual parallax at all. 

You see, then, that the light from a heavenly body 
can give us new information of very varied kinds, — infor- 
mation which was not sought nor even thought of as 
attainable until the introduction of spectrum analysis. 
We can find out, first of all, whether the light which 
it sends to us is light from a body of the nature of a 
solid or liquid, or at all events, a body of high general 
absorbing power, or whether it is light from a body of 
comparatively small and specific absorbing power, such 
as a glowing gas. Then, we can also tell— and this is 
perhaps one of the most curious of all the applications 
— if it be a glowing gas, at what pressure and at what 
temperature it exists in order to give off the spectrum 
that we find, because we can operate upon terrestrial 
hydrogen, etc., at various temperatures, and combine 
these with various pressures, and examine the spectrum 
under all such possible combinations, and then compare 
these variations in the spectrum with the varieties of 
hydrogen spectrum, which we get from the sun as a 
whole, from different parts of the sun's surface, and 
from various fixed stars. Therefore we are able to 
assign, not merely that it is this particular chemical 
substance, but also in what particular physical condi- 
tions it is found in order that it may give that parti- 
cular kind of spectrum. Then we can tell, as we have 
just seen, the rate at which that particular radiating 
body is coming to us or going from us. , The rate at 
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which it is moving in a direction transverse to the line 
of sight is of course to be measured by ordinary astro- 
nomical processes, and therefore this fills up a lacuna — 
something that was wanting to ordinary astronomical 
processes, because we could tell perfectly well how a 
body moves transversely to the line of sight, but it 
is quite a novelty, — at all events when the body 
is one whose dimensions are invisible in the tele- 
scope, — to find the rate at which it is moving to or 
from us. 

With reference to other possible causes (which are 
often at work — at least we may reasonably suppose so), 
besides variations of temperature and pressure, for the 
broadening of lines in the solar spectrum, let us think 
first of a particular effect that may take place in conse- 
quence of the currents of hydrogen gas in the sun's 
atmosphere. If part of the gas were going down slowly, 
part of it in a locality immediately contiguous going 
down faster, and then another stream going down still 
faster, then that part which was going down slowest 
would give the higher absorption line, and the part 
which is going down fastest from us will give the lowest 
absorption line ; and you would have, therefore, instead 
of the single definite narrow line which would be given 
by hydrogen remaining at rest, a broad band of absorp- 
tion, parts of it corresponding to the different velocities 
of portions of the gas. All these absorption bands 
may fine off", as it were, continuously into one another ; 
so that although it is the same definite substance which 
is producing them all, it is producing them in different 
places in the spectrum, and filling with comparative 
darkness a definite breadth of the spectrum, because 
its different parts are moving from us with different 
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velocities. That is another way in which the broadening 
of a band may occur in the solar spectrum. 

But, as I said before, it may depend upon the 
fact that differences of temperature and pressure in 
general produce changes in the spectrum which a body 
gives. I shall come in another lecture to the considera- 
tion of the molecular theory of gases, when I shall speak 
of the particles flying about with very great velocity and 
impinging upon one another, and upon the sides of the 
containing vessel, and so producing what we call the 
pressure of the gas. Meanwhile, I shall anticipate so 
far as to say that when a gas is at the ordinary pres- 
sure of the atmosphere, each particle has to move a 
distance, let us say, of something like ^mnnnyth or 
^^^i^nnrth of an inch on the average before it comes 
into collision with another particle, and is sent into a 
new path ; but if you were partially to exhaust the 
gas in the receiver of an air-pump, there would be so 
much fewer particles in a given space that the length 
of the average path of any one particle, between one 
collision and the next, would be notably increased. On 
the other hand, if you were to compress the gas, then 
you might bring the particles so much closer together 
that no one would, on the average, be able to move 
more than, let us say, nnnnnnn^th part of an inch, even 
at its very greatest excursion, before it would come 
into collision with another, and be sent into a new path 
altogether. And the more you compress the gas, the 
greater will of course be the number of such impacts for 
every particle in a given time, and therefore the shorter 
will be its average path between one collision and 
the next. Now the effect of heat also is to increase this 
number of impacts, because it makes the average velo- 
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city of the particles greater than before. The average 
square of the velocity of the particles corresponds in fact 
with what we call the energy of heat in the gas ; and there- 
fore corresponds nearly to what we call the temperature ; 
so that as you compress the gas, you give its particles 
less way to go before they impinge upon one another, 
and as you still heat it under compression, you make 
them go faster and faster through the little range which 
they can compass before collision. Therefore, by these 
processes you make the collisions more numerous and 
more violent, and you also make the length of time dur- 
ing which a particle is in collision a larger percentage of 
the whole time of its motion. If it has only a collision 
now and then, it has a very small percentage of its 
time occupied by the collision, because the actual time 
of a collision is exceedingly short, and during the rest 
of the time it is moving free ; but if collisions occur 
with very great frequency, then the time occupied in 
collisions becomes a serious fraction of the whole ; and 
when a gas can be so far condensed as to approach 
the liquid state, its particles are scarcely ever free 
from collisions. Finally, when you get a body in the 
solid state, its particles are practically in a permanent 
state of collision with one another, — or, at all events, 
the time occupied in collisions is by far the greater 
part of the whole time. Now, during a collision, a 
particle of gas is not free ; it is jammed against an- 
other or others ; and therefore we may expect some 
modification to take place in the periods in which 
it is capable of vibrating. It is vibrating not by 
itself, but, as it were, only so far as the other or 
others will permit it, and thus the particles inter- 
fere with and modify one another's vibrations. Thus 
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we see that if we hai^e a very rare gas, we may ex- 
pect that the spectrum which it gives off when heated 
will be in the main the spectrum due to the vibrations 
of the individual particles of the gas as they are flying 
about free from the others ; but as we gradually com- 
press it, the part of the whole time which is occupied 
in collisions increases, and then you do not get the pure 
spectrum of the gas, — ^what each particle would give 
on its own account, but in addition to that, you get the 
modification which is introduced by the action of one 
particle upon the next ; and as you more and more 
compress it, and also as it is more and more heated, 
you get more and more of this interference of particles 
with one another. From free particles we get in general 
a few definite forms of vibration, corresponding each to 
a fine line in the spectrum, except in so far as this is 
modified by the relative velocities of the particles with 
regard to one another. When there are collisions, but 
not very numerous, we get slight modifications, gener- 
ally as much in the way of increase of refrangibility as 
the opposite, so these lines broaden out on both sides. 
But as the amount of collision becomes more and more 
serious, and occupies more and more of the whole time, 
these eflTects spread themselves over larger and larger 
spaces in the spectrum ; and so the effect of increased 
pressure and temperature is to make all the bands 
broader and broader, and finally, when we compress 
sufficiently, to reduce the gas to what is practically a 
solid, or at all events an incandescent liquid, the bands 
have so spread out that they have met one another, and 
you have in fact got a practically continuous spectrum. 
Thus the source of sunlight may not be a solid or even 
liquid globe — it may be merely a great thickness of 
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very hot and highly compressed gas ; in fact it seems 
quite possible that no portion of the body of the sun 
may be as yet even liquid. 

Attending then to this, in addition to the other pos- 
sible causes of modification which I have just men- 
tioned, let us consider some of the data which are 
obtained by actual observation. I spoke to you in my 
last lecture about the spectrum of the incandescent 
part of the sun itself, and also of the protuberances 
which are seen during a total eclipse. But now let us 
consider the spectrum of what is called the corona, — 
the pearly white light which is seen round the body of 
the moon during a solar eclipse. There are parts of it, 
according to many drawings by accurate observers, 
which are obviously due to motes and ice crystals and 
various other things floating in the earth's atmosphere, 
because, of course, when you consider the enormous 
dimensions of the sun itself, it is quite certain that there 
can be no solar atmosphere (in the ordinary accepta- 
tion of the word), extending to a height of something 
like two or three diameters above his surface. Con- 
sider the enormous mass of the sun and its consequent 
attraction, and you will see at once that the idea of a 
solar atmosphere extending to anything like that dis- 
tance is altogether preposterous. For in spite of the 
very high temperature at the sun's apparent surface, the 
density of the atmosphere there, due to the immense 
pressure, would in such a case be so great that a layer 
of moderate thickness from its lower part might easily 
have a density exceeding that of the sun as a whole ; so 
that the sun would thus be in unstable equilibrium in a 
fluid denser than itself. Besides, there is a well-ascer- 
tained fact of quite a different character which goes 
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against the notion altogether ; that is, that no two ob- 
servers drawing such a corona, even at very short inter- 
vals of time from one another, or at very short intervals 
of distance from one another at the same time, ever 
draw at all nearly the same thing. That is a complete 
proof that at least the outer part of what has often been 
called the corona is a phenomenon due to the state of 
the terrestrial atmosphere in the observer's line of sight. 
But, even when the atmosphere is in its very clearest 
state, as it happily was in the south of India during the 
great eclipse of 1871, when most perfect observations 
were made, it is still found that there is a silvery 
light surrounding the sun, but extending to a height 
of, at the utmost, only fifteen or twenty minutes of arc 
above the dark circumference of the moon. That light 
has been analysed by the spectroscope, and its spectrum 
has been found to consist of two things, — one of them 
light from a glowing gas, the other reflected sunlight, 
so that the true corona owes its light to two sources. 
One is self-luminous gas, of whose composition I shall 
speak immediately ; the other, scattered particles which 
are capable of sending back sunlight. In fact, the 
spectrum of the corona as observed by Janssen, with an 
instrument specially contrived for the purpose, — a tele- 
scope with very large aperture as compared with its 
length, constructed for the special purpose of enormously 
increasingthe brightness of the image of the phenomenon, 
— was simply a weak solar spectrum, not continuous, but 
having the dark lines, just like the spectrum of moon- 
light (which is merely reflected sunlight). But crossing 
it there were bright lines of hydrogen, — the C line, the 
/^line, and the G line, which I described to you formerly 
[diagram, p. 192] : and, in addition to these, there was 
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a green line, which cannot as yet be assigned to any 
known substance. That line appeared, in a detailed ex- 
amination, to be given out even in the uppermost regions 
of the corona, regions farther from the sun than the 
highest in which hydrogen lines were seen. This would 
appear to indicate a gaseous element, one not only giving 
a simpler spectrum than hydrogen, but also a lighter 
element, capable of rising to higher elevations against 
the action of the sun's attraction. There must, then, be 
in the corona a solar atmosphere extending to a height 
of rather more than one-half the radius of the sun frorti 
his surface. It is possible it may extend still farther ; 
but in addition to that, there must be matter which is 
capable of reflecting sunlight, and giving the continuous 
spectrum which Janssen observed. 

Some very curious observations made in America 
upon the corona led to the detection of three bright 
lines which were found to coincide with lines which 
occur in the spectrum of the aurora. Now, it is a 
very singular fact that the terrestrial substance which 
gives these lines has not yet been discovered ; and 
it is a problem of the most curious interest to us at 
present what substance it can be which, — incandescent 
by electricity no doubt, — during a terrestrial aurora, 
gives us the peculiar homogeneous green light which 
every aurora shows, and which is almost the only light 
given by the great majority of auroras. But the pre- 
cise similarity and coincidence between the three auro- 
ral lines observed by one American observer, and the 
three lines observed by another American in the corona 
of the sun, seem to promise us wonderful information 
as to the similarity of the upper regions of the earth's 
atmosphere to those of the sun's atmosphere. 
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I shall now add a word or two to what I said in my 
last lecture with reference to double stars. I spoke 
to you about the spectra of fixed stars as indicating 
what may be called periods of life ; but there are, be- 
sides, some very curious observations made specially 
upon double stars. All of you who have looked through 
even a moderately good telescope at double stars, must 
have noticed that many of such stars have extremely 
fine colours, very often directly complementary colours. 
Now, it was of course an interesting application of the 
spectroscope to find out to what these complementary 
colours are due. You can see at a glance when the 
spectra of the components of a double star are placed 
side by side, in what they differ. Now one of the first 
pairs examined showed for the first component the 
spectrum of a white star nearly; but the other com- 
ponent showed in its spectrum an enormous group of 
bands, cutting out almost the whole of the blue and 
green regions. Hence the group consists of a white 
star, with a practically red star revolving round it But 
for an optical, or rather a physiological reason, of which 
it is not my business now to inquire the nature, a white 
body in the neighbourhood of a red body has a tendency 
to appear green. It is, then, merely an effect of contrast, 
as it were, that this double star appears in the telescope 
as an extremely fine green star, associated with an ex- 
tremely fine red one. For when the spectroscope is 
appealed to, it tells us that there is a direct reason — 
obviously due to absorption in its atmosphere — for the 
one star's appearing red ; but that there is absolutely 
no reason, except the physiological reason just alluded 
to, for the principal star's appearing green, for we see the 
spectrum it gives is almost devoid of absorption bands. 
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A few additional remarks remain to be made, chiefly 
with reference to comets. Unfortunately, the last very 
fine comet that was observed came before any one was 
prepared to apply the spectroscope to it ; and, since 
spectroscopes have been in every observatory, no comets 
have appeared, except small and usually mere tele- 
scopic ones. There is no doubt, however, that the next 
fine comet ^ that appears will, especially by the help of 
spectroscopes, give us an amount of information as to 
the nature of comets immensely exceeding all that we 
have already gathered during thousands of years. 




But such small comets as have been observed have 
given spectra which are extremely well worth noticing. 
Observations of these seem to show, first of all, that the 
tail of a comet gives a spectrum like that of the moon 
or other body illuminated by sunlight ; in other words, 
that the tail of the comet is not self-luminous, — that it 
shines by scattered sunlight. But the head of the comet 
shows in general a spectrum which indicates the presence 
of glowing gas ; that is to say, its spectrum is not con- 
tinuous, nor is it visibly intersected by dark lines : it 
consists in general of a small number of bright lines 

^ These lectures were given in the spring of 1874, before the appearance 
of Coggia*s comet. This was a magnificent object, but unfortunately ill 
situated for spectroscopic observation, having to be examined either very 
low in the horizon or in very strong twilight. 
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Standing markedly out in relief from a feeble continuous 
spectrum. There (in the lower figure) is one of these — 
the spectrum of what is called Winnecke's comet, from 
the discoverer. It consists of three bright bands of 
light, each sharply terminated towards the red end of 
the spectrum, and shading away upwards to the violet 
end. Now Mr. Huggins, who first observed this, was 
struck by the resemblance of this spectrum (as he saw 
it in the telescope) to a terrestrial spectrum which he 
had noted before ; and going over his note-book, he 
found it closely resembled the delineation of the spec- 
trum of a hydro-carbon such as olefiant gas, rendered 
incandescent by passing an electric discharge through it 
He then adopted the method to which I have already 
several times referred, of sending light from the two 
sources simultaneously through the upper and lower 
parts of the same slit, so that the spectra of light from 
the two sources should be placed side by side, and sub- 
jected to precisely the same series of refractions. When 
that was done the result was as shown in the diagram. 
The upper figure is the spectrum of some hydro-carbon, 
as given by an electric spark through the olefiant gas ; 
the lower is the spectrum of the comet Now, just as 
we had concluded that there is hydrogen in the sun's 
spectrum from the coincidence of the bright lines of 
terrestrial hydrogen with dark lines in the solar spec- 
trum, here is a similar telling coincidence. Here is the 
coincidence of the three bands : a coincidence perfectly 
exact so far as the enlargement by the spectroscope 
enabled Huggins to measure it, not only of the bright 
terminations of these bands, but also in the gradual 
shading-off of each of them. 

Now, this is a most remarkable phenomenon. It at 
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once suggests the question — How does the hydro-carbon 
get into this incandescent state in the head of a comet ? 
A word or two on that subject may be of considerable 
interest, but we must lead up to it gradually. A great 
astronomical discovery of modem times is, that meteor- 
ites, the so-called falling stars, especially those of 
August and November, as they are called, follow a 
perfectly definite track in space, and that this track is 
in each case the path of a known comet ; so that : — 
whether, as Schiaparelli and others imagine, the meteor- 
ites are only a sort of attendants on the comet; or 
whether, as there is, I think, more reason to believe, the 
mass of meteorites forms the comet itself: — there is no 
doubt whatever that there is at least an intimate con- 
nection between the two. The path of the meteorites is 
the path of the comet. Well, let us consider a swarm of 
such meteorites (regarded each as a fragment of stone), 
like a shower, in fact, of Macadamised stones, or 
bricks, or even boulders : — what would be the appear- 
ances presented by such a cloud ? It must in all cases 
be of enormous dimensions, because the earth takes 
two or three days and nights to pass through even the 
breadth of the stratum of the November meteors. 
Consider the rate at which the earth moves in its orbit, 
and you can see through what an enormous extent of 
space these masses are scattered. Now, if you think 
for a moment what would be the aspect of such a 
shower of stones when illuminated by sunlight, you 
will see at once that, seen from a distance, it would be 
like a cloud of ordinary dust : and an easy mathematical 
investigation shows that it should give when sufficiently 
thick, except in extreme cases, a brightness equal to 
about half that of a solid slab of the same material 

R 
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similarly illuminated. The spectrum of its reflected or 
scattered light should be the spectrum of sunlight, only 
a great deal weaker. It is easy without calculation, but 
by simply looking at a cloud of dust on a chalky road 
in sunshine, to assure one's-self of the property just 
mentioned of such a cloud of dust or small particles. 
Remember that in cosmical questions we can speak 
of masses like bricks, or even paving-stones, as being 
mere dust of the solar system, and we may suppose 
them as far separated from one another, in propor- 
tion to their size, as the particles of ordinary dust are. 
Whether, then, it be common terrestrial dust, or 
cosmical dust, with particles of the size of brickbats 
or boulders, does not matter to the result of this 
calculation. Spread them about in a swarm or cloud, 
as sparsely as you please : — only make that cloud deep 
enough, and illuminate it by the sun, then it can send 
back one-half as much light as if it had been one con- 
tinuous slab of the material. Now, look at the moon. 
You see there a continuous slab of material, and you 
know what a great amount of brightness that gives. And 
a shower of stones in space at the same distance from the 
sun as the moon, and of the same material as the moon, 
could, if it were only deep enough, however scattered 
its materials, shine with half the moon's brightness. 
Now, no comet's tail has ever been seen with brightness 
at all comparable to that of the moon ; and therefore it 
is perfectly possible, and, so far as our present means 
enable us to judge, it is extremely probable, that the 
tail of the comet is merely a shower of such stones, large 
or small. 

But now we come to the question — How does the light 
from the head of the comet happen to contain portions 
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obviously due to glowing gas, in addition to other por- 
tions giving apparently a faint continuous spectrum of 
sunlight, and perhaps also light from an incandescent 
solid ? The answer is to be found — at least so it 
appears to me — in the impacts of those various masses 
upon one another. Consider what would be the effect 
if a couple of masses of stone, or of lumps of native 
iron such as occasionally fall on the earth's surface 
from cosmical space, impinged upon each other even 
with ordinary terrestrial, not with planetary, velocities. 
In comparison with these latter, of course, the velocity 
of the shot of any of the big guns at Shoeburyness 
would be a mere trifle; yet we know that when a 
shot from one of them impinges upon an iron plate 
there is an enormous flash of light and heat, and 
splinters fly off in all directions. Now, mere dif- 
ferences among the cosmical velocities of the parttcles 
of a comet, due to different paths round the sun, or to 
mutual gravitation among the constituents of a cloud, 
may easily amount to 1400 feet per second, which is 
about the rate of a cannon-ball. Masses so impinging 
upon one another will produce several effects, — incan- 
descence, melting, the development of glowing gas, 
the crushing of both bodies, and smashing them up into 
fragments or dust with a g^eat variety of velocities of the 
several parts. Some parts of them may be set on mov- 
ing very much faster than before ; others may be thrown 
out of the race altogether by having their motions sud- 
denly checked, or may even be driven backwards ; so 
that this mode of looking at the subject will enable us 
to account for the jets of light which suddenly rush out 
from the head of a comet (on the whole, forwards), and 
appear gradually to be blown backwards, whereas in 
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fact they are checked partly by impacts upon other 
particles, partly by the comet's attraction. Other very 
singular phenomena often presented by comets have 
recently been explained by a general rotation of the 
whole. Arid it is, of course, excessively improbable 
that a cosmical cluster of stones should not, whatever its 
origin, have a certain amount of moment of momentum 
in itself. Therefore, so far as can be said until we get 
a good comet to which to apply the spectroscope, this 
excessively simple hypothesis appears easily able to 
account for many even of the most perplexing of the ob- 
served phenomena. I must warn you, however, that this 
is not the hypothesis generally received by astronomers.^ 
There are various other phenomena in the solar 
system to which I might call your attention as capable of 
similar simple explanation, but I shall mention only two 
of them. The first is the wonderful appendage of Saturn, 
— ^what is known as Saturn's rings. There can be no 
doubt now that these rings are clouds of separate 
masses. This follows first from telescopic observation, 
which has shown us stars through one of the rings of 
Saturn, proving that there are numberless gaps in it, just 
as there are such gaps not only in the tail but in the head 
of a comet, through which we can see a star, even a small 
star, with almost absolutely undiminished brightness, and 
without refraction-change of apparent position. Again, 

1 [See Proc, R.S,E, 1868-9, and Cosmical Astronomy y V., Good fVords, 
1875. I^ecent researches, mainly due to Bredichin, have tlirown very 
great additional light on this subject : — but have not added any new axgu- 
ments In favour of the intrinsically improbable electrical hypothesis alluded 
to in the text They have, however, made it possible that an action, some- 
what akin to that which is shown by the Radiometer^ may play a consider- 
able part in causing the outrushes of tail-dust from the comet. — Added to 
Third EdiHon?i 
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mathematical calculation, founded on the laws of mo- 
tion, has proved that rings like those of Saturn, if solid 
or liquid, would be broken up in a very short time by the 
enormous forces which are exerted upon them. The 
solid would either be broken up into pieces, or else it 
would as a whole go against Saturn on one side or 
another. The liquid would be broken up by enormous 
forced waves travelling round it, like the waves pro- 
duced by a canal boat, which would go on increasing 
and increasing until they ruptured it. Clerk-Maxwell 
has shown, in his A dam J Prize Essay ^ that no hypo- 
thesis whatever will account for the form and perma- 
nence of these rings, except the supposition that they 
consist of clouds of stones, or fragments of matter 
of some kind or another, flying round, each almost 
like an independent member of a family of satel- 
lites, but still, of course, acting upon one another by 
their mutual gravitation. That mutual gravitation is, 
no doubt, sufficient to produce among them impacts 
with considerable relative velocity ; so that it is possible 
that we may some day find bright lines in the spec- 
trum of the light from the rings. Thus these rings of 
Saturn, like everything cosmical, must be gradually 
decaying, because in the course of their motion round 
the planet there must be continual impacts amongst 
the separate portions of the mass ; and of two which 
impinge, one may be accelerated, butjit will be acceler- 
ated at the expense of the other. The other falls 
out of the race, as it were, and is gradually drawn in 
towards the planet. The consequence is that, possibly 
not so much on account of the improvement of tele- 
scopes of late years, but perhaps simply in consequence 
of this gradual closing in of the whole system, a new 
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ring of Saturn has been observed inside the two old 
ones, — ^what is called from its appearance the crape 
ring, which was narrow when first observed, but is 
gradually becoming broader. That is formed of the 
laggards, as it were, which have been thrown out of the 
race, and which are gradually falling in towards the 
planet's surface. 

The second instance I refer to is the zodiacal light, 
which obviously cannot possibly be part of the gaseous 
atmosphere of the sun, nor can it be any solid or liquid 
body. It must be of the nature of detached portions of 
solid or liquid, floating as separate satellites, revolving 
about the sun, though by no means necessarily in orbits 
nearly circular. The spectrum of the zodiacal light has 
been examined. It is an extremely difficult thing to 
examine it ; however, the task has been at least partially 
accomplished. The light is far too faint to enable even 
the most skilled observer, with the most perfect of our 
present instruments, to say whether there are dark lines 
across its spectrum or not. The spectrum has been 
found to be at least practically continuous ; that is to 
say, it has been found to be probably that of reflected 
sunlight simply. Thus the zodiacal light reveals to us 
the existence of enormous amounts of small cosmical 
masses which have been somehow or other detached 
from comets or swarms of meteorites, and forced, 
whether by planetary attraction or by resistance, to 
revolve in orbits of moderate size about the sun. As 
they have been seized at diflferent times and from 
different sources of supply, they probably move in all 
sorts of orbits — with all sorts of eccentricities and in- 
clinations — somewhere about half of them probably 
going round in the opposite direction to that in which 
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the planets move. Meteorites or aerolites, which every 
now and then reach the earth, may often be portions 
of this source of the zodiacal light. These scattered 
fragments, gradually resisted, or impinging upon one 
another, fall in age after age towards the sun's surface. 
They must thus form a supply, although an extremely 
small and inadequate supply, of potential energy, which 
has the effect of, to a certain extent, maintaining the 
sun's heat. 

I must now take leave of this part of the subject, and 
I do so by recurring to what I said at the commence-^ 
ment of it. I began by saying that, after studying the 
laws of heat and thermo-dynamics, we should consider 
some very important cases of the transference of heat 
or energy from one body to another. We have already 
treated of the radiation of heat and the absorption of 
heat. Now we come to another case of the transference 
of energy: — the case in which energy is transferred 
continuously from one part of a body to another part of 
the same body ; and here we must deal, first of all, with 
what is called conduction of heat. This subject was 
very fully worked out as a mathematical problem long 
before the period to which these lectures are professedly 
confined, but great additional information has been 
obtained about it within that period, and therefore I 
propose in my next lecture to give a brief sketch of 
the early development of it ; and then to go more fully 
into the recent extensions and additions which it has 
obtained. Along with the conduction of heat I shall, 
virtually at least, treat of other things which, although 
having apparently no connection whatever with conduc- 
tion of heat, really have precisely the same laws. These 
are the conduction of electricity, as, for instance, in a 
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submarine cable, and the diffusion of a salt or an acid 
in a solution in water. Perfectly different as these 
phenomena appear to be> they are all, when treated 
mathematically, dependent upon the same differential 
equation (merely, of course, because their elementary 
laws, which are summed up with all their possible con- 
sequences in that equation, are of precisely similar 
form) ; and therefore by the change of a word or two, 
any statement made with regard to the one can be 
transformed into an equally true statement with regard 
to either of the others. 



LECTURE XL 

CONDUCTION OF HEAT* 

Fourier's Mathematical Theory. His Definition of Conducting Power. Ana- 
logy between Thermal and Electric Conductivities. Forbes's method and 
results. Angstrom's method. Penetration of Surface temperature into 
the earth's crust. Analogy between conduction of heat and conduction 
of electricity. Diflfiision also analogous to these. Diffusion of matter, of 
kinetic energy, and of momentum. 

As I promised in my last lecture, I now proceed to a 
consideration of the subject of the conduction of heat. 

A great deal was known about the conduction of heat 
before the period to which my lectures specially refer, 
but during that period a very great deal of quite un- 
expected information has been obtained on the subject 
Perhaps it will conduce to the intelligibility of what I 
have to say about the new matter, if I briefly run over 
what was known about the time when Principal Forbes 
commenced his experimental inquiries into the question 
before us. 

It was Fourier who first put the laws of conduction of 
heat into a perfectly definite mathematical form, and 
who invented, for the purpose of investigating detailed 
problems on the subject, a mathematical method of ex- 
quisite power. Fourier defined conductivity — the con- 
ducting power of a substance — in a manner which has 
not been improved since. He defines it, in fact, in this 
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way. Suppose that you have a slab of unit thickness, 
but in surface practically infinite, composed of some 
material whose conductivity you wish to measure. Sup- 
pose one of its sides to be kept permanently at a tem- 
perature one degree hotter than the other side. Then, 
as we know that there is a constant flow of heat from a 
hot body to a colder one, there will be in this case (after 
things have settled down to a permanent condition) a 
definite rate of flow of heat through every unit of sur- 
face of the slab in a direction perpendicular to the slab. 
In fact, because we have supposed that the slab is of 
practically infinite extent, and that its surfaces are kept 
each throughout at a perfectly definite temperature, 
the flow of heat will necessarily be in the common perpen- 
dicular to the surfaces of the slab ; and the measure of 
conductivity then, according to Fourier, is the number of 
units of heat which pass per square unit of surface of the 
slab from one side to the other in unit of time. You see, 
then, how all the different units come in. You have 
unit of length for the thickness of the slab: you consider 
the square of this unit — that is, unit of surface — as the 
portion of the slab through which the heat is passing. 
You have the unit of heat defined as the quantity of heat 
which can raise the temperature of a pound of water one 
degree. You have unit, that is one degree, difference of 
temperatures on the two sides of the slab, and you have 
unit of time during which the process of conduction is 
supposed to go on. Now, in an arrangement of the kind 
described, after a time, practically very short though 
theoretically infinite, the temperature will distribute itself 
permanently in this way : — The temperature will fall off 
steadily by a uniform gradient from the value on the one 
side to that on the other of the slab. It follows from this 
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that the rate at which heat passes through the slab 
depends only upon two things, — the gradient or rate at 
which the temperature falls off per unit of length in the 
direction of its thickness, and the specific conductivity 
or conducting power of the material. Now, taking this 
datum, Fourier gave completely the mathematical 
formulae which are necessary for applying it to any 
case — however complex — of the conduction of heat, in 
a solid of which the conductivity is not altered by 
temperature. 

But this question very naturally arose — Is the con- 
ducting power of a substance the same at all tempera- 
tures ? It had been assumed in Fourier's calculations 
that it was so ; but Forbes seriously shook this assump- 
tion by pointing out a curiously complete analogy 
between the conducting powers of metals for electricity 
and their conducting powers for heat. It was found by 
experiment that those metals which conduct electricity 
well, also conduct heat well, and not only so : — Forbes 
pointed out that the order of conducting power for elec- 
tricity is also, in the main, the order of conducting power 
for heat. [This observation of Forbes, which had been 
founded on the published experiments of other physi- 
cists, was confirmed by the experiments of Wiedemann 
and Franz, which were specially devised for the purpose 
of testing it] Now, a point which has become of very 
serious importance of late years, especially in conse- 
quence of the development of submarine cables, is the 
very great change of electric conducting power of sub- 
stances by change of temperature. Metals, in general, 
conduct electricity very much worse when hot than 
when cold ; so that it occurred to Forbes that as there 
was an analogy — a primd facie analogy, at all events 
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— ^between the conducting powers of different metals 
for heat and electricity, and as the conducting power 
for electricity is rendered very much worse by increase 
of temperature, so there might be an effect of this kind 
upon the conducting power of metals for heat. He 
therefore established a series of experiments, which, 
unfortunately, he lived to develop only as regarded the 
one metal, iron ; but the results of these experiments 
were perfectly decisive in proving that the conducting 
power of iron for heat becomes worse and worse as it 
is hotter, and almost in the same proportion as it 
becomes by heat a worse conductor of eliectricity.^ 

I may say a word or two as to the process by which 
we investigate the conducting power, before I describe 
Forbes's experimental apparatus. Take an analogy 
first : suppose we consider the stock-in-trade of a cer- 
tain business. There are two ways of investigating 
how that stock-in-trade may alter. One way consists 
simply in periodically taking stock, or going through 
the whole collection and seeing what it consists of 
But there is another and equally good way, provided 
it could be carried out as well, and that is to keep 
an account of purchases and sales ; so much has come 
in on the whole during the period ; so much has gone 
out during the period ; and the difference between the 
quantity which has come in and the quantity which 

* [This, however, is true only of what is called the TTtermonutric Con- 
ductivity ; in which the amount of heat conducted is measured in terms of 
the rise of temperature which it would produce in unit volume of the 
conducting substance at the temperature of conduction. But the specific 
heat in all substances alters with temperature. Thus Forbes's results are 
subject to serious modification when they are reduced to the usual thermal 
unit implied in Fourier's definition of conductivity. — Note to Third 
Edition J\ 
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has gone out is the quantity by which the whole stock 
has changed during the period ; so that there are these 
two ways of getting at it. Now, precisely the same 
idea is applied in ascertaining the conditions of the 
conduction of heat in a solid. We picture to our- 
selves a small portion in the interior of the solid, 
and for reasons of simplicity in calculation, we con- 
sider that small portion brick-shaped. We consider 
how much heat comes in .through any one side, 
then how much during the same period of time goes 
out by the opposite side; and extend the process to 
the other two pairs of parallel sides. A mathemati- 
cal expression can easily be formed for these various 
quantities, as I have already explained. They will be 
expressed in terms of the gradients of temperature, 
and the conducting powers (which may not be the 
same in all directions), parallel to the three sets of 
edges of the brick. But then there is the other way 
of looking at it. Instead of thinking what comes in 
and what goes out, think of how the temperature of 
the whole is altered during the period. You will see 
that in terms of the rise of temperature, the specific 
heat of the body, and the mass of the brick-shaped 
portion, we can make an independent calculation of 
how much heat has come in (of course on the assump- 
tion that no heat has been generated or destroyed 
within the brick). The latter of these expressions de- 
pends upon the rate of rise of temperature with time 
at any one point ; the former depends upon the rates 
of increase of temperature per unit of length (or what 
may be called thermometric gradients) in three selected 
directions at right angles to one another. The gradients 
and the conductivity tell us how much comes in : the 
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rate of change of gradient, per unit of length, and the 
conductivity, therefore, tell us how much more comes 
in than goes out ; while the rate of rise of temperature, 
per unit of time, gives us another expression for the same 
quantity. It is the determination of relations between 
these two which is the object of every experimental 
inquiry on the subject. 

Forbes's apparatus may be briefly described as 
follows : — These bars (^showing), which were made for 
my own experiments, are made exactly of the dimen- 



sions of Forbes's original bar. You will notice they 
are bars of \\ inch square section, and somewhere 
about 8 feet long, but that is not usually a matter of 
any great consequence. Along the length of each bar 
there are at intervals, first of three inches, and then of 
six inches, and finally of a foot, little holes cut verti- 
cally into the bar. In Forbes's iron bar these holes 
were simply filled with mercury, and the bulbs of 
thermometers were placed in them. In copper bars, 
and in German silver bars, such as those before you, it 
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was necessary that these little holes should be lined 
with iron cups like arrow-heads, in order to prevent the 
mercury from attacking the substance of the bar. Now, 
matters being arranged in this way, a crucible was slid 
on, as you see, upon one end of the bar, and filled with 
melted metal, and a powerful lamp being applied to it, 
the temperature of the molten metal was kept as nearly 
as possible uniform for eight, or nine, or sometimes even 
ten hours. There was, therefore, a constant source of 
heat applied at one end of the bar, and all the rest of 
the bar was exposed simply to the air of the room. In 
the case of iron bars, Forbes found ths^t even with the 
highest temperature to which he raised the crucible of 
molten metal, there was scarcely any perceptible rise 
of temperature in eight hours at the far end of the 
bar ; but in my own experiments, I have found that 
because copper is so very much better a conductor 
than iron, it is absolutely necessary, if we keep the 
pot of metal at any moderately high temperature, to 
have a constant stream of cold water flowing over 
the farther end of the bar, in order to keep it from 
gradually increasing in temperature, even after eight 
hours' experimenting. However, the action of the 
cold water at the farther end introduces only a slight 
and simple modification of the formula, and in the mode 
of deducing the final results from it, but does not inter- 
fere with the mode of reasoning from the experiment. 

The first effect of applying heat is to produce a 
gradual rise of temperature, which is of course observed 
first in the holes nearest the crucible. The thermo- 
meters farthest off are the last to give any indication 
of increase of temperature, and (after a steady state 
has been arrived at) are found to have risen the least. 
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What we wish to study now is the rate at which 
heat is being conveyed along ; what our thermometers 
tell us is the temperature at diflferent points of the 
bar. We must take care in making the deductions to 
remember that while our information is about tempera- 
tures, our conclusions require to be about heat 

Heat, then, gradually flows from the hot end of the 
bar to the cold one ; and as the bar rises in tempera- 
ture above the surrounding air, there is a loss of heat 
by radiation from its surface, and also by convection, 
by currents of heated air rising from the bar. This 
state of matters, strictly speaking, would go on inde- 
finitely, approximating to a steady state. The steady 
state of temperature should (theoretically) never be 
actually arrived at; but practically in all our experi- 
mental work, a suflicient approximation to the steady 
state is arrived at in bars like these in at most eight 
or nine hours. After that time, provided we keep 
the temperature of the molten metal as nearly as 
possible steady, and provided the temperature of the 
air in the room remain unchanged, it is found that 
the thermometers have assumed definite readings 
from which they do not practically alter more than 
by very small fractions of a degree. There is then 
a steady state of temperature at every point of the 
bar, and that is the essence of the method. In such a 
steady state of temperature, of course, there is a steady 
thermometric gradient maintained at each point along 
the length of the bar ; and it is found that practically we 
may assume, without risk of sensible error, the tempera- 
ture to have the same value at all points of the same 
transverse section. The process I have just described 
to you may be applied to any thin transverse slice of the 
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bar, so far as its supply, etc., of heat is concerned. First, 
in consequence of the greater steepness of the gradient 
of temperature at the warmer side of it, there is a greater 
quantity of heat passing into the slice by conduction 
than passes out of it by the same process. But be- 
cause the temperature remains unchanged, that excess 
of heat must be lost by radiation and convection into 
the air. If, then, we could only measure how much 
heat is given off by radiation and convection from any 
given part of the bar, we should be able to measure 
how much more heat comes in than goes out in conse- 
quence of the difference of gradient at its ends. The 
temperatures are observed ; from these the gradients and 
the difference of gradients can be calculated ; multiply 
the difference of gradients by the conducting power, and 
by the area of the cross section, and you get the excess 
of the quantity of heat which goes in over the quantity 
which goes out per unit of time. Now that excess is pre- 
cisely the loss from the external surface, also during unit 
of time. Forbes therefore made an addition to the usual 
experiment. He took a separate bar of the same 
material, of the same section, and in every respect similar 
to the first, only much shorter : and having heated this 
up, to a high uniform temperature, he allowed it to cool, 
simply noting its temperature after the lapse of successive 
equal intervals of time. Thence he calculated the rate 
at which it lost heat per unit of surface by radiation 
and convection together at each temperature. We have 
now by these two experiments an equation between two 
expressions, — one involving, besides known quantities, 
the conductivity which is unknown, the other consisting 
entirely of known quantities — and from this equation 
the conductivity is found. By that very ingenious 

S 
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method, then, carried out by extremely careful experi- 
ments, the difficulty of which you may very well judge 
when I tell you that this pot of metal was usually 
heated to a temperature of somewhere about 300** or 
350® C., and had to be kept sometimes for more than 
eight hours together without varying more than a single 
degree from that temperature, Forbes arrived at the 
conclusion which I have already stated, that the [ther- 
mometric] conducting power of iron falls off very 
rapidly with increase of temperature. He found that 
the conducting power at various temperatures is ex- 
pressed by the following numbers, the units being the 
foot, minute, and degree Centigrade : — 

o** C, 0-0133 

lOo"* C 00107 

200° C, 0*0082 

showing a remarkably steady diminution with increase 
of temperature. On looking at these numbers, we find 
that they almost exactly agree with the empirical law 
that the conducting power of iron for heat is inversely 
as the absolute temperature ; that is to say, if you add 
274° to each of these temperatures, you will find that the 
product of temperature so altered into the correspond- 
ing conductivity of iron is very nearly the same for each. 
Thus the conducting power is, as far as this determina- 
tion allows us to judge, nearly inversely as the absolute 
temperature. This, if a general law, would appear to 
show that could we get an iron bar cooled down to a 
temperature of 274"* under zero, its conducting power 
would become practically infinite ; at least that, when 
the bar is almost deprived of heat, it has the power of 
conducting heat at an enormously great rate. That, of 
course, is arguing from results at a certain limited range 
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of easily obtaiiiqd temperatures to a range of tempera- 
tures on which we have not the least prospect of ever 
being able to make experiments at all. 

I may mention, in passing, a curious form in which 
this semi-empirical statement as to thermal conductivity 
may be put. If we assume the principle of dissipation 
of energy to hold not merely for cases in which heat is 
altogether left to itself in a conducting body, but also 
in cases of artificially-sustained distribution of tempera- 
ture, such as in this long bar of Forbes's, we have no 
difficulty in accounting for the fact that the conductivity 
may be inversely as the absolute temperature. 

For (to take our earliest illustration of conduction) we 
conclude that any three consecutive slices of the infinite 
slab, of equal thickness, will have the least available 
energy when the absolute temperature of the middle 
one is the geometric mean of the temperatures of the 
others. Then the gradient will be as the absolute 
temperature, and (to make the flow of heat uniform) 
the conductivity must be inversely as the absolute tem- 
perature. This is on the assumption that the specific 
heat is unaltered by change of temperature, and must 
be modified accordingly. 

I shall now say a word or two about a repetition of 
Forbes's experiments, and an extension of them to other 
bodies than iron, which has been carried on for some 
time in my own laboratory. You see there two copper 
bars, between which it would be exceedingly difficult for 
any of you, even with the aid of careful chemical ana- 
lysis, to find much difference. The two bars are as alike 
as possible in their ordinary properties — in colour, 
specific gravity, elasticity, hardness, etc., and yet this 
mysterious energy, which we call heat, has far greater 
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facility in passing along one of these bars than the 
other. One of them has somewhere about 40 per cent 
greater conductivity than the other. Now, the only 
difference which we can detect between them is this, — 
that in the manufacture of one there seems to have 
been a very small quantity of oxide of copper mixed 
up with the molten mass, and this small trace (which it 
is difficult to measure by chemical processes) makes 
the metal a very much worse conductor of heat These 
bars were obtained for the purpose of trying whether 
Forbes's analogy between different metals in their con- 
ducting powers for heat and electricity would extend 
to different specimens of the same metal. The bars 
were procured for me by Mr. Willoughby Smith, one 
being made of copper of very high, the other of copper 
of very low, electric conductivity. In fact that which 
conducts heat 40 per cent, better than the other con- 
ducts electricity about 73 per cent better.^ 

But then there comes in another and a very curious 
thing. You have seen that in all pure metals, as iron, 
copper, and so on, the electric conductivity falls off as 
the temperature rises. This is not the case with such 
an alloy as German silver. It is, in fact, used for electric 
resistance-coils because of the slight change produced 
in its electric conductivity even by serious changes of 
temperature. Here is a German silver bar of the same 
dimensions as the iron and copper bars. We find, on 
making the same experiments with it, that its conduc- 

^ [The experiments on the bars of copper and German silver, here de- 
scribed, had been made before these Lectures were delivered, but the 
extremely laborious process of deducing the conductivity from them had 
not been fully carried out. A full account of the results was given in 
Trans. RJS.E,, iSjS.—NoU io Third Edition.^ 
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tivity for heat is much less affected by temperature 
than that of iron. 

I have described one modern method by which con- 
ducting powers have been found. I have discoursed 
upon it so long that I must dismiss more briefly the 
other also modern method which has been applied to 
the purpose of experiment by Angstrom, but which had 
been virtually employed in observations on a gigantic 
scale long previously to his time. 

He, like Forbes, employs a bar, only instead of heating 
it steadily at one end, and waiting till a steady state of 
temperature has been set up in it, he produces a peri- 
odical change of temperature at one end. He heats it 
for a certain time, then cools it for an equal period, and 
repeats this operation until a steady state of oscillation of 
temperature has been practically attained at all points 
of the bar where observations are to be made. He 
observes at selected stations the range and the epoch 
of each wave of heat which thus travels along the bar, 
becoming less and less marked as it proceeds. This is 
in fact quite analogous to the process of telegraphing 
through a submarine cable. You apply one pole of a 
battery to the end of the submarine cable for a certain 
time : — then remove it — and so on : — and certain waves 
of electric potential run along the wire, by which intelli- 
gible signals are transmitted to the other end. Pre- 
cisely the same thing, then, has Angstrom done with 
reference to the conduction of heat by bars ; and his 
method has given nearly the same conductivity as 
Forbes's for iron, which was the only metal experi- 
mented on by both. You will get some idea of Ang- 
strom's method and of the results deduced from it, if, 
instead of speaking-of the more complex circumstances 



278 CONDUCTION OF HE A T. 

of the wave running along a bar, I speak of the simpler 
case in which we have a large slab of metal, heated 
periodically at one side, and kept cold at the other. 
Further, instead of metal, let us take the crust of the 
earth. Here is a diagram^ prepared by Principal Forbes 
from continued observations of thermometers, whose 
bulbs were sunk, some in the porphyritic rock of the 
Calton Hill, within the Observatory grounds, some in 
the sandstone of Craigleith quarry, and some in the 
sandy soil of the Experimental Gardens. The curves 
on the diagram show the temperatures as indicated ^y 
these thermometers throughout the course of a whole 
year. The first thermometer at each locality has its 
bulb three feet below the surface of the ground ; the 
second six feet below, the third twelve, and the fourth 
twenty-four feet under the surface. The observations 
are here figured in four groups, each containing three 
curves corresponding to the simultaneous indications at 
the different localities given by thermometers buried 
to equal depths under the surface. These thermometers 
(with the exception of one which was broken by the 
intense cold of the winter 1860-1) have been regularly 
read since they were buried. [This very valuable series 
of observations was interrupted by the wilful destruction 
of the instruments (September, 1876); but new ones 
have since been sunk, and the observations resumed.] 

You will notice here that for the upper thermometer 
in the trap rock of the Calton Hill, you have the periodic 
wave of temperature lowest, not about the middle of 
winter, but about the middle of February. That is at 

^ It has not been judged necessary to reproduce this very elaborate 
diagram from Trans. R.S.E,, 1846, to which the reader is referred for 
fuller information on the question of terrestrial surface-temperature. 
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a depth of about three feet below the surface. We 
get the highest temperature at that depth about the 
middle of August ; and so on down again to the lowest 
temperature in the middle of February next year. 
Now, another great point to be observed is that there 
is a considerable range of temperature at this depth ; 
— for the lowest is somewhere about 39° F., and the 
highest somewhere about 54° F. ; so that there you 
have a range of somewhere about 15° F. And remem- 
bering that the three lines which you see running along- 
side one another are for three such excessively different 
materials as porphyry, sandstone, and common light 
sandy soil, you see their general coincidence is very 
marked. They of course agree with one another in 
showing slight irregularities of temperature, due to 
periods of what we call ' change of weather ' at the sur- 
face ; but the ranges and epochs are not very widely 
different in spite of the variety of materials. 

But see what a different state of things has been arrived 
at when you go only three feet farther down under the 
surface. There you find a far less range of temperature, 
though the mean temperature is nearly the same ; the 
lowest temperature is now somewhere about 41°, and 
the highest somewhere about 51°, so that you have a 
range of only 10° altogether. When you go still farther 
down, to a depth of twelve feet, you will find a similar 
modification. [The irregularities here and there in some 
one of the three curves of each group, but not in the 
others, are evidently due to the percolation of water 
from the upper surface, or to some other purely local 
disturbance.] On the average, the twelve-foot observa- 
tions show a range of from 44"* to 49°, being a range of 
only S**. And when you come down to the 24 feet 
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thermometers you find barely a range of i^^'S through- 
out the whole year. 

Then remark, besides, that the minimum temperature 
arrives at the 6 feet thermometer somewhere about 
the beginning of March instead of the middle of Feb- 
ruary ; it arrives at the 12 feet about the 20th of April ; 
and at the lowest or 24 feet thermometer just about 
the middle of July, — ^that is to say, the winter's cold 
takes somewhere about half a year to penetrate twenty- 
four feet downwards into this kind of surface material. 

Now this is almost precisely the same thing as — only 
on a much larger scale than — Angstrom's experiment 
The only difference is that Angstrom had to allow 
for the loss of heat by radiation from the surface of his 
bar, while in the case I have been speaking of, there 
is no conduction except in a vertically downward or 
upward direction. Still you notice that the character- 
istics of the results are, on the whole, the same as 
those for the earth temperatures, that the ranges of 
the various thermometers diminish with great rapidity 
as you go farther and farther from the source of heat, 
and the periods at which the maximum and minimum 
arrive at any point are later and later as it is farther 
from the source. 

Supposing the earth's crust to be of uniform material, 
and to have conducting power the same at all tempera- 
tures, the law made out by Fourier long ago was that 
as you go down successive depths in arithmetical pro- 
gression, the range of the thermometers — for a simple 
harmonic wave of any period, such as for instance the 
annual one — should fall off in geometrical progression. 
If, for instance, at three feet down you had a range of 
20®, and if at six feet down you had a range of only lo**, 
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then on going down three feet farther, you should have 
a range of only 5**, and so on. Also the time at which 
you have what is called a particular phase of the wave 
of temperature (say its maximum or its minimum) should 
be later and later in proportion simply as you go farther 
down, so that if it be a month later at three feet, it 
should be two months later at six feet, four months 
later at twelve feet, and so on, — a month later for every 
three feet you go down. But notice that it would be 
so only on the supposition that the conducting power 
is the same at all temperatures. 

In performing the bar experiment according to 
Angstrom's method, the wave of temperature which 
passes the thermometers does not in general give, for its 
simple harmonic components, ranges diminishing in 
geometrical progression as we advance along the bar in 
arithmetical progression, nor are the periods of maximum 
constantly later and later by equal amounts for equal 
successive intervals along the bar ; but it would be so if 
the surface-loss were very small, and the conductivity 
the same at all temperatures. Any such deviations 
then are due to these causes, and by them the amounts 
of the causes can be separately calculated. 

Precisely the same statements that I made with re- 
ference to the distribution of temperature and the con- 
sequent flux of heat will apply, if instead of the word 
* heat,' we use the word * electricity,' and if instead of 
the word 'temperature,' we use the word 'potential,' 
which corresponds, in the theory of electricity, precisely 
to temperature in the theory of heat ; so that when we 
write a mathematical formula to express the conduction 
of electricity in any body whatever, that formula will 
apply equally well to a corresponding case of the con- 
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duction of heat There is no difference whatever be- 
tween them till we come to the interpretations. We 
interpret a certain symbol in them to mean in the one 
case potential, in the other case temperature. 

One of the most curious instances of imitation, on an 
exceedingly small scale, of what takes place on a very 
large scale, is suggested by this analogy. If I take a 
small piece of copper, an inch or so long, and, keeping 
one end of it in connection with a thermo-electric junction 
and a galvanometer, so as to measure very accurately any 
little changes of temperature that may arrive at that end, 
apply a lamp to the other end, just as you would apply 
to the near end of the Atlantic cable the pole of a gal- 
vanic battery ; if I signal with this lamp just as the 
telegraph operator does with the galvanic battery 
through the Atlantic cable, exactly the same results 
may be produced on the galvanometers in the two 
cases, the tiny dimensions of the heat-conductor being 
necessitated by the time required to sensibly alter the 
temperature at the far end of the bar. You require to 
take a very short bar, indeed, in order to represent the 
phenomena on the same time scale, but you can have 
precisely the same effects in the two cases. And it is 
not at the ends merely, but at all similarly situated 
points in the two conductors, that the temperature and 
potential are proportional to one another at each instant 
of time. 

Another illustration of the same thing is furnished 
by what you see here — the diffusion of a salt in 
solution through clear water. Take a tall cylindrical 
vessel, such as this, and having filled it with clean 
water, carefully boiled beforehand to exclude air from 
it, then, when the water is perfectly at rest, by means of 
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a very long-necked funnel carefully pour in a solution 
of some deep-coloured salt, such as bichromate of potash, 
freely soluble in water, so that it lies as a horizontal 
stratum at the bottom, without disturbing more than 
slightly the water above it. We find that, in spite of 
gravity, some of the salt from the denser solution makes 
its way gradually up through the superincumbent 
column of water. But just as the rate at which heat 
passes from one part of a body to another depends upon 
the gradient of temperature, and just as the motion of 
electricity depends upon the gradient of the potential, 
so the rate at which this salt diffuses from one layer to 
another depends upon the gradient of strength of the 
solution. If there be any two places contiguous to one 
another where the strength is the same, then there would 
be just as much given out from the one side to the other 
as there is from the second side to the first, and there- 
fore, on the whole, there would be no transfer; but 
where there is a denser solution placed immediately 
contiguous [to a less dense one, then you have more 
given out per second from the dense solution to the rare 
one than you have from the rare one to the dense. And 
because this takes place according to precisely the same 
law as in the case of heat and electricity, any investiga- 
tion whatever as to conduction of heat or electricity has 
a possible, or at least conceivable, application to some 
case of diffusion of a solid in a liquid which dissolves it. 
Now, in all these cases we have really been dealing 
with diffusion, whether of the particular kind of energy 
which we call heat, or of what we call electricity, or 
of matter itself, the law of the diffusion being precisely 
the same in the three cases. We call by the name 
conductivity, or conducting power, the numerical quan- 
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tity which tells us how much heat or electricity passes 
in a given time across unit of area under a given gradient 
of temperature or potential ; so that, in the same way, 
we may speak of the diffusivity (if the word be per- 
mitted) of one substance in solution in another. This, 
again, is a definite numerical quantity, whose value is 
in every case to be determined by experiment. It 
depends not only upon the nature of the soluble salt, 
but also on the nature of the substance in which it is 
dissolved. The product of this diffusivity by the gra- 
dient of strength of the solution, gives you the quantity 
of salt which passes in unit of time from one side to 
another of a square unit in the liquid. 

But it is not only matter and energy which can be so 
diffused ; we can also have diffusion of momentum. I 
conclude to-day with a brief discussion of that subject, 
because it will form an excellent introduction to the 
subject which I must take up in my next lecture. We 
will take an analogy, first published I believe by Pro- 
fessor Balfour Stewart, though it had occurred inde- 
pendently to others. Suppose there were a railway 
train passing through a station, and that a number of 
individuals who were waiting on the platform should 
jump into the train as it passed, and other passengers 
were to jump out of the train, what would be the effect 
on the train's motion } Simply this — some parts of the 
train (because the passengers were at first virtually 
parts of the train) which had a certain amount of for- 
ward momentum, jumped out or left the train, taking 
their momentum with them. The train, therefore, as a 
whole, had less momentum, but also less mass, after 
these passengers left it than it had before. On the 
other hand, other passengers who had no momentum 
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at all, simply stepped into the train as it passed them, 
so that the train gained no momentum by them, but 
gained mass. If a body gains mass, but does not gain 
momentum, it must be losing velocity. Thus the effect 
of those who jumped out is not either to increase or 
diminish the velocity of the train, unless they gave it a 
jerk on starting from it. If they jumped forward so as 
to give themselves more velocity than the train, they 
would retard the train to a certain extent, gaining in fact 
additional momentum, which is simply taken from that 
of the train. If they were to jump backwards, so as, if 
possible, to deprive themselves of any forward motion 
when they left the train, then they would quicken the 
train. But if we suppose them simply to step out 
transversely to the train, and take the consequences, 
they will leave the train with precisely the same velo- 
city it had before, but it will have less momentum 
than before, because, although having the same velo- 
city, it has less mass by the masses of the passengers 
who have gone out. But those who jumped in, if they 
jumped in in a direction transverse to the train, so 
as to have no momentum in the direction of the rails, 
must necessarily diminish the velocity of the train, be- 
cause they cannot change its momentum, but they do 
change its mass, and if enough of passengers could 
jump into the train at once to enormously increase its 
mass, then they would be capable of reducing its velo- 
city to any small amount you choose. 

Carry the illustration a little further by supposing 
two long trains passing one another, and passengers 
stepping both ways between the two, it will be obvious 
to you that if this process could be continued long 
enough, it would end in destroying all difference of 
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velocity between the two trains : — ^since only when their 
velocities are equal can there be no alteration of velo- 
city by shifting a part transversely from one train to 
the other. 

This illustration, of course, is a perfectly easily con- 
ceived one ; but it will help us to understand what has 
until very lately been an extremely obscure subject, — 
viz., how it is that there can be such a thing as friction 
between portions of air ; how it is that streams con- 
sisting each of detached particles flying about among 
themselves, can act as if they were solid bodies rubbing 
against one another. It enables us, I say, to explain 
upon what depends friction in fluids ; in gaseous fluids 
at all events, — if it does not quite enable us to explain 
friction in liquids. Of course the explanation of friction 
in solids must depend on totally different principles. I 
shall, in my remaining lectures, explain the molecular 
motions due to heat in gases, and must therefore recur 
in part to our present inquiry. 



LECTURE XII. 

STRUCTURE OF MATTER. 

Limits of Divisibility of Matter. In physics the terms great and small are 
merely relative. Various hypotheses as to structure of bodies — Hard 
Atom— Centres of Force — Continuous but Heterogeneous Structure — 
Vortex-atoms — [Digression on Vortex-Motion.] Lesage's Ultramundane 
Corpuscles. Proofs that matter has a grained structure. Approximation 
to its dimensions from the Dispersion of Light : — ^from the phenomena 
of Contact Electricity. 

As I promised in my last lecture, I intend to take 
up to-day the consideration of recent results as to the 
ultimate nature and constitution of matter. This is a 
problem which has exercised the intellects of philoso- 
phers from the very oldest times. I have no doubt 
you are all acquainted with some of the speculations 
which, whether their own or not, Lucretius and others 
have given forth upon the subject These, in many 
cases, possess even now some interest ; but in compara- 
tively modem times such inquiries have usually led to 
what may rather be called metaphysical than physical 
disquisitions. It became, in fact, the question of * Yes * 
or 'No' for infinite ultimate divisibility of matter. 
Now that is a problem which, however simple it may 
appear to the metaphysicians, is at present quite as far 
from us physicists as it was in the time of Lucretius. 
We have made certain steps towards the knowledge of 
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the nature of particles or molecules of matter ; but as 
to the question of atoms, — that is to say, whether in 
going on dividing and dividing, if we could carry the 
process far enough, we should finally arrive at por- 
tions of matter which are incapable of further division, 
— that is a question, I say, whose solution seems to 
recede from our grasp as fast, at least, as we attempt 
to approach it. 

There is a preliminary to all inquiries of this kind 
which, though obvious to every one worthy of the 
name of mathematician, is by no means obvious to an 
intellect (however naturally acute) which has no mathe- 
matical training. It is this : — that there is no such thing 
as absolute size, there is relative greatness and smallness — 
nothing more. To human beings things appear small 
which are just visible to the naked eye — very small 
when they require a powerful microscope to render 
them visible. The distance of a fixed star from us is 
enormous compared with that of the sun : — ^but there is 
absolutely nothing to show that even a portion of matter 
which in our most powerful microscopes appears as 
hopelessly minute as the most distant star appears in 
our telescopes, may not be as astoundingly complex 
in its structure as is that star itself, even if it far exceed 
our own sun in magnitude. 

Nothing is more preposterously unscientific than to 
assert (as is constantly done by the quasi-scientific 
writers of the present day) that with the utmost strides 
attempted by science we should necessarily be sensibly 
nearer to a conception of the ultimate nature of matter. 
Only sheer ignorance could assert that there is any 
limit to the amount of information which human beings 
may in time acquire of the constitution of matter. 
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However far we may manage to go, there will still 
appear before us something further to be assailed. 
The small separate particles of a gas are each, no 
doubt, less complex in structure than the whole visible 
universe ; but the comparison is a comparison of two 
infinites. Think of this and eschew popular science, 
whose dicta are pernicious just in proportion as they 
are the outcome of presumptuous ignorance. 

I shall commence by briefly sketching one or two of 
the more plausible or justifiable opinions which have 
been enuntiated by various philosophers as to the so- 
called ultimate constitution of matter. The first — 
that which I have just referred to — is the notion of 
the perfectly hard atom. You meet with it, not only 
long before the time of Lucretius, but also in all sub- 
sequent time, even in the works of Newton himself. 
We find Newton speculating on this subject in his 
unsuccessful attempt to account for the extraordinary 
fact that the velocity of sound, as calculated by him by 
strictly accurate mathematical processes, was found to 
be something like one-ninth too little. We find Newton 
suggesting that possibly the particles of air may be 
little, hard, spherical bodies, which, at the ordinary 
pressure of the atmosphere, are at a distance from one 
another of somewhere about nine times the diameter of 
each ; and, he says, sound then may be propagated 
instantaneously through these hard atoms, or particles 
of air, while it is propagated with the mathematically 
calculated velocity through the space between each 
pair. This is no doubt a very ingenious suggestion, 
and it enables him to get rid of the outstanding diffi- 
culty, because it virtually reduces the space through 
which the sound has to travel to iVhs of what it other- 

T 
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wise would have been ; and therefore it enables him to 
add l^th to the calculated velocity of sound. In fact, it 
virtually makes sound pass over }th more space in a 
given time than the mathematical investigation showed 
it should do. But, unfortunately for this explanation, 
it implies that sound should move faster in dense than 
in rare air at the same temperature. This is incon- 
sistent with the results of direct measurement. 

The true explanation, however, why the velocity of 
sound is different from that given by Newton's mathe- 
matical calculation, was furnished by Laplace, who 
showed that during the passage of a sound-wave 
through the air, the alternate compressions and dilata- 
tions take place so suddenly that the air has not time 
to part with the heat generated by the compression, or 
to supply the loss of temperature produced by the ex- 
pansion, and therefore its pressure increases more when 
it is compressed, and diminishes more when it is dilated, 
than it would do if it were kept constantly at the same 
temperature. [In the language of Lecture V., above, 
the compressions and dilatations by which sound is 
propagated take place adiabatically.] And it is found 
by experiment that the amount of heat developed by 
compression of air, or the amount of heat absorbed in 
its expansion, is completely and exactly sufficient to 
account for the ninth which Newton found wanting ; so 
that, although we have in this way Newton's authority 
for the supposition that there may exist ultimate hard 
particles through which sound or any motion may be 
transmitted instantaneously, the ground upon which he 
introduced them has now been found not to warrant 
that introduction, and therefore we are left as much in 
difficulty as before. 
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There is one point, however, which should be noticed 
before leaving this speculation of Newton's : — that if 
the particles of matter be small hard atoms, whose size 
bears any finite ratio to the distances between contigu- 
ous ones, there must be a limit to the compressibility of 
any and every body. For instance, if Newton's sug- 
gestion had been correct ; if the particles of air at the 
ordinary pressure of the atmosphere had a diameter 
equal to about ^th of their mutual distance from one 
another {i,e. ^rsXh of the distance from centre to centre), 
then it is obvious that if you were to compress a mass 
of air into ^^th part each way in each of three dimensions, 
you would bring the particles in the various layers into 
contact with one another. That is to say, when a mass 
of air, taken at the ordinary pressure of the atmosphere, 
is compressed to ^^th of ^th of ^th, or yrnFirth of its 
original bulk, then the particles are in contact with one 
another, like cannon-balls in a pile ; and as they are, 
according to Newton's supposition, infinitely hard and 
incompressible, it would be impossible to compress the 
group further. Hence air could not be compressed to a 
smaller bulk than x^nny^'^ ^^ ^^^ hvXk it has at ordinary 
pressures and temperatures.^ Now, we know that air 
has been compressed by Natterer and others far beyond 
that, and therefore, tested from this point of view also, 
Newton's explanation or suggestion is seen to be quite 

^ This supposes the particles to be arranged in cubical order, so that 
each is in contact with only six others. But they can be packed closer, 
by arranging every three contiguous spheres in triangular order, so that 
each is in contact with twelve others.__The density in this case is greater 
than in the former in the ratio of J2 to I ; so that Newton's group of 
spherical particles could be compressed to nWth part of the space they 
originally occupied. {Proc, R, S, J?., Feb. 1862.) This, however, does 
not invalidate the remarks above. 
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indefensible. It is obvious, however, that if there are 
such small infinitely hard particles as atoms, they must 
be in all bodies at a distance from one another, because, 
so far as experiment has glided us, there is no portion 
of matter whatever that is not capable of further com- 
pression by the application of sufficient pressure ; and 
of course, compression of a group of infinitely hard 
particles must presuppose that they have certain in- 
terstices between them, so that they are capable of 
being brought still nearer. 

Another school of philosophers and experimenters, 
recoiling from the notion of the hard atom, took up the 
following idea. All that we know of atoms will be 
perfectly well accounted for if we dispense altogether 
with the notion of an atom — dispense with anything 
material in the ordinary sense of the word matter : — but 
suppose merely a centre of force, such as we are accus- 
tomed to in those mathematical fictions which we meet 
with in our text-books. Suppose, in place of an atom, 
a mere geometrical point, which can exert repulsive or 
attractive forces ; or rather suppose such forces tending 
towards or from a certain point, but nothing at the 
point; except, in some unexplained way, mass. So far 
as external bodies are concerned, this point will behave 
just as an atom would do. But here we are met by the 
gigantic difficulty of accounting for Inertia. This 
hypothesis was taken up and developed to a great 
extent by Boscovich, and was to a certain extent 
adopted in later times even by Faraday. It is, as 
I have stated at the outset, a mathematical fiction, 
but it is often an extremely convenient one for the 
purpose of enabling us to make certain mathematico- 
physical investigations of what takes place in the 
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interior of bodies in their various states of solids, 
liquids, and gases. 

Then there is a third notion — that the matter of any 
body, where it does not possess pores, like those, for 
instance, of a sponge (which obviously does not occupy 
the whole of the space which its outline fills), fills space, 
continuously, but with extraordinary heterogeneous- 
ness. But if, even in such a body as a sponge, we were, 
to take a part so small as to be without pores, according 
to this notion, such a part is continuous but intensely 
heterogeneous. 

In order to make this more plain, let us think of it 
on a greatly magnified scale ; let us think of an enor- 
mous mass like a pyramid, for instance, or like the 
whole earth, built up of bricks and mortar ; or, rather, 
like a huge mass of rubble, built of irregular stones, 
with mortar filling the interstices. Or, to take a body 
of intermediate size, suppose the moon were built up of 
materials of that kind. Looked at with our most power- 
ful telescopes, it would appear to be perfectly homo- 
geneous in texture. We could not possibly see the 
heterogeneity, the passing from the bricks to the mortar, 
or from the stones to the mortar, unless we could im- 
prove our telescopes so as to magnify enormously more 
than we can at present have any hope of. And unless 
we could obtain almost infinitely more perfect tran- 
quillity of the air than has ever been noticed by observ- 
ing astronomers (even when, as suggested by Newton, 
they have observed from the tops of high mountains), 
the possession of the requisite enormously high optical 
power would be impotent to reveal to us that the moon 
was not homogeneous throughout, but that it was really 
intensely heterogeneous when closely enough examined. 
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Now, what the moon presents to us at its distance of 
240,000 miles — enormous from one point of view, but 
very small in comparison with other distances even in 
the solar system — ^very much the same thing is pre- 
sented to us by a single drop of water. Our difficulty 
there is not on account of its distance, but on account 
of the extreme minuteness of the heterogeneity which 
•we desire to measure. No microscope has yet enabled 
us to see anything of the nature of heterogeneity in a 
quantity of water, magnify it as we please, but yet there 
must be heterogeneity, and that of by no means incon- 
ceivably small dimensions, as you will see by many 
proofs which I shall soon proceed to give. 

As, however, I am at present merely classifying the 
various more plausible suppositions as to the ultimate 
structure of matter, I do not now give that illustration, 
but leave it for a few minutes. 

Finally, as the only other of these hypotheses which 
it is necessary to bring forward, I mention that quite 
recently suggested by Sir William Thomson — the notion 
that what we call matter may really be only the rotating 
portions of something which fills the whole of space ; that 
is to say, vortex-motion of an everywhere present fluid. 

The peculiar properties of vortex-motion were mathe- 
matically deduced, for the first time, by Helmholtz,^ 
some fifteen years ago only, in a most beautiful investi- 
gation, in which he broke ground in a department of 
hydro-kinetics, the difficulties of which had, up to his 
time, kept mathematicians almost completely aloof. 

So far, at all events, as concerns the motion of a per- 
fect incompressible liquid, Helmholtz made out a great 
many thoroughly novel and excessively interesting pro- 

^ Crelle, 1857. Translated in Phil. Mag., 1867. 
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positions, and upon these Sir William Thomson based 
his notion of possible vortex-atoms. 

It will be necessary that I should give a brief sketch 
of the nature of these results of Helmholtz, in order 
that you may easily follow my explanation of Sir Wil- 
liam Thomson's suggestion, and I do so the more 
readily because it is, or, at all events, it appears to my- 
self to be, by far the most fruitful in consequences of all 
the suggestions that have hitherto been made as to the 
ultimate nature of matter. Especially does it give us 
a glimpse, at least, of an explanation of the extraordi- 
nary fact, that every atom of any one substance, where- 
soever we find it, whether on the earth or in the sun, or 
in meteorites coming to us from cosmical spaces, or in 
the farthest distant stars or nebulae, possesses precisely 
the same physical properties. So convinced are we, by 
experiment and observation, that a particle of hydrogen, 
in the farthest nebulae, in the farthest stellar system, 
vibrates (when heated) in precisely the same fundamental 
modes, and in precisely the same periods, as it does in a 
Geissler's vacuum-tube in our laboratories ; that, as we 
have already seen, any apparent exception to this is 
hailed as a certain source of information about the 
relative motion of such bodies with regard to the earth, 
and in some cases may give an invaluable method of 
obtaining their actual distances from us. 

As a preliminary illustration, I shall show the forma- 
tion of a simple circular vortex-rihg : exhibiting one or 
two of its more important properties ; and then we shall 
get rid of the apparatus for producing it as fast as we can. 

The apparatus consists, as you see, of a very homely 
arrangement, merely a wooden box with a large round 
hole made in one end of it, while the opposite end has 
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been removed, and its place supplied by a towel 
tightly stretched. In order to make the air which is 
to be expelled from this box visible, we charge it first 
with ammoniacal gas, by sprinkling the bottom of the 
box with strong solution of ammonia. A certain 
quantity of ammoniacal gas has now been introduced 
into it, and we shall develop in addition a quantity of 
muriatic acid gas. This is done t^ putting into the 
box a dish containing common salt, over which I pour 
sulphuric acid of commerce. These two gases combine, 
and form solid sal-ammoniac, so that anything visible 
which escapes from the box is simply particles of sal- 
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ammoniac, which are so very small that they remain 
suspended by fluid-friction, like smoke in the air. Now 
notice the eflfect of a sudden blow applied to the end of 
the box opposite the hole. There you see a circular 
vortex-ring, moving on its own account through the 
room as if it were an independent solid. 

Ishallnowtrytoshowyou the effect of one vortex-ring 
upon another, just as I showed it here to Thomson, when 
he at once formed his theory. You notice that when 
two vortex-rings impinge upon one another, they be- 
have like solid elastic rings. They vibrate vehemently 
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after the shock, just as if they were solid rings of india- 
rubber. It is easy, as you now see {shows), to produce 
such vibration of a vortex-ring without any impact from 
another. All we have to do is to substitute an elliptical, 
or even a square, hole for the circular one we have hither- 
to employed. The circle is the equilibriuni form of the 
simple vortex, and thus, if a simple vortex be produced 
of other than a circular form, it vibrates about that 
circular form as about a position of stable equilibrium. 
Another curious result which, as you see, is easily pro- 
duced (shows), is to make one vortex-ring pass through 
another. Helmholtz showed theoretically that if two 
vortex-rings be moving with their centres in the same 
line, and their planes perpendicular to that line, then : — 
first — if they are moving in the same direction, the 
pursuer contracts and moves faster, while the pursued 
expands and moves slower, so that they alternately 
penetrate one another : — second — if they are equal and 
moving in opposite directions, both expand indefinitely 
and move slower and slower, never reaching one an- 
other. In fact, the one behaves to the other like its 
image in a plane mirror. And this, as you now see, is 
the fate of a vortex-ring which impinges directly on a 
plane solid surface. 

Now, the first vortex-ring which you saw sailing 
up through the class-room, contained precisely that 
particular portion of air, mixed with sal-ammoniac 
powder, which had been sent out of the box by the blow. 
It was not merely sal-ammoniac powder which was 
going through the air, but a certain definite portion of 
the smoky air, if we so may call it, from the inside of 
that box, which, in virtue of the vortex-motion which it 
had, became, as it were, a different substance from the 
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surrounding air, and moved through it very much like a 
solid body. 

In fact, according to the result of Helmholtz's re- 
searches, if the air were a perfect fluid, — ^if there were 
no such thing as fluid-friction in air, — that vortex-ring 
would have gone on moving for ever.^ Not only so, 
but the portion of the fluid which contained the smoke, 
which was, as it were, marked by the smoke, would 
remain precisely the same set of particles of the fluid as 
it moved through the rest ; so that those which were 
thus marked by the smoke were, by the fact of their 
rotation, distinguished or diflerentiated from all the 
rest of the particles of air in the room, and could 
not by any process, except an act of creative power, be 
made to unite with the fluid in the room. 

That is a point which appears to me to be one of the 
most striking characteristics in the foundation of this 
suggestion of vortex-atoms. Granted that you have a 
perfect fluid, you could not produce a vortex-ring in it ; 
nor, if a vortex-ring were there, could you destroy it. No 
process at our command could enable us to do either, 
because in order to do it, fluid-friction is essentially 
requisite. Now, by the very definition of a perfect fluid, 
friction does not exist in it. 

Thus, if we adopt Sir William Thomson's supposition 
that the universe is filled with something which we have 
no right to call ordinary matter (though it must possess 
inertia), but which we may call a perfect fluid ; then, if 
any portions of it have vortex-motion communicated 

^ Of course, in air, fluid-friction, which depends upon diffusion, soon 
interferes with this state of things. But, in the experiment as shown, 
the ring (of some six or eight inches in diameter) was not sensibly altered 
by such causes in the first twenty feet of its path. 
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to them, they will remain for ever stamped with that 
vortex-motion ; they cannot part with it ; it will remain 
with them as a characteristic for ever, or at least until 
the creative act which produced it shall take it away 
again. Thus this property of rotation may be the basis 
of all that to our senses appeals as matter. 

The properties which Helmholtz showed that such 
a vortex-filament must possess are these — first, that 
every part of the core of the filament is essentially 
rotating. A vortex-filament may have infinitely many 
shapes besides the simple one which I showed you just 
now. Unfortunately it appears impossible for us to 
form, even with an imperfect fluid like air or water, a 
vortex-filament of any more complex character than 
that simple circle. Theoretically, a vortex-filament can 
exist with any amount of knots and windings upon it, 
but then unfortunately we cannot devise an aperture by 
which to allow the smoky air to escape so as to give us 
such a knotted vortex. If we could devise the requisite 
form of aperture, and produce the vortex, then so long 
as the friction of the air did not seriously come into 
play, that vortex would retain its characteristics as com- 
pletely as did the circular one which I sent out, and 
not only that, but it would possess that same elasticity 
about a definite form of equilibrium which you noticed 
the circular vortices possessed. They not merely keep 
their portion of air always in the vortex state, but they 
also have a definite form, in virtue of which they possess 
elasticity, so that when the form was altered for a mo- 
ment by a sudden shock between two of them, each 
oscillated about its definite form, to which it finally 
settled down again. 

In such a vortex-ring (as you will easily understand 
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by thinking how it came out of the round hole in the 
box), the motion of the particles of air is of this kind. 
Suppose it to be coming forward towards you, then 
every portion of the air on the inner side of the ring is 
moving forward, and every portion on the outer side is 
going backward, so that the whole is turning round 
and round its linear circular core. The air all about it 
is in motion according to a simple law which, how- 
ever, I could not explain without mathematics — ex- 
cept in the particular case of that within the annulus, 
which is moving forward faster than the ring itself. I 
shall afford any of you who desire it (after the lecture) 



an opportunity of convincing yourselves of the fact. 
Each of you will find that, if he places his face in the 
path of one of these large air vortex-rings, there is no 
sensation whatever until the vortex-ring is almost close 
to him, and when it reaches him he feels a sudden blast 
of wind flowing through the centre of it. Thus, this 
vortex-ring not only involves in itself rotating elements 
which are thereby distinguished altogether from the 
other elements of the fluid, but it also is associated 
necessarily with other movements through the non- 
differentiated air, and especially a forward rapid current 
of air passing through its centre in the direction in 
which it is going, 
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Helmholtz showed that if vortex-filaments exist in a 
continuous medium, one of two things must follow : — 
either they must be ring-shaped — ^that is to say, endless 
— after any number whatever of knottings or twistings, 
the ends must come together ; or else the ends must be 
in the free surface of the medium. Now, you can easily 
form half a vortex-ring. I dare say many of you have 
seen such a thing over and over again without thinking 
what it was. You must all have seen that when you draw 
a teaspoon along the surface of a cup of tea, and lift it 
up from the surface, there are a couple of little eddies 
or whirlpools going round in the tea rotating in opposite 
directions, the two moving forward (as do their sides 
which are nearest one another) in the direction in which 
the teaspoon was drawn. These two little eddies are 
simply the ends of a half vortex-ring. There can be ends 
in such a case as that, because these two ends are in 
the free surface of the liquid. A vortex-ring, then, can- 
not have ends, it must be a ring or a knot in fact, 
except these ends be in the free surface of the liquid ; 
and if we adopt Thomson's notion of a perfect fluid 
filling infinite space, of course there can then be no 
ends. All vortex-rings — and therefore, according to 
Sir William Thomson, all atoms of matter — must 
necessarily be endless, that is to say, must have their 
ends finally united together after any number of convo- 
lutions or knottings. 

Secondly, though this is really involved in what we 
have just seen, Helmholtz shows that such a ring is 
indivisible : you cannot cut it. Do what you like : bring 
the edge of the keenest knife up to it as rapidly as you 
please, it cannot be cut ; it simply moves away from or 
wriggles round the knife ; and, in this sense, it is literally 
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an atom. It is a thing which cannot be cut : not that 
you cannot cut it ; but that you cannot so much as get 
at it so as to try to cut it 

This idea of vortex-atoms enables us to explain a 
great many properties of matter ; but it has introduced 
us unfortunately (perhaps I ought rather to say fortun- 
ately) to a series of mathematical difficulties of incom- 
parably superior order to those suggested to us (at least 
at so early a stage) by any of the other ideas as to the 
nature of matter. 

The fact is that Helmholtz's investigation, made 
fifteen years ago, was the very first attempt to take 
more than a single step into the wide and very diffi- 
cult subject of hydro-kinetics, without the preliminary 
assumption that the motion should be differentially 
irrotational. 

The subject of rotatory fluid motion is such a for- 
bidding one, from a purely mathematical point of view, 
that no one had done more than take a look at it, as it 
were, until Helmholtz gave us these fundamental pro- 
positions ; — splendid as they are, they are only a first 
step. Indeed, to investigate what takes place when 
one circular vortex-atom impinges upon another, and 
the whole motion is not symmetrical about an axis, is 
a task which may employ perhaps the lifetimes, for the 
next two or three generations, of the best mathe- 
maticians in Europe ; unless, in the meantime, some 
mathematical method, enormously more powerful than 
anything we at present have, be devised for the purpose 
of solving this special problem. This is no doubt a 
very formidable difficulty, but it is the only one which 
seems for the moment to attach to the development 
of this extremely beautiful speculation ; and it is the 
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business of mathematicians to get over difficulties of 
that kind. 

But there is more than this. In general, vortex- 
atoms, if they be at a moderate distance from one 
another, will not exhibit, in their behaviour to one 
another, anything of the nature of gravitation. That 
result at all events we can derive by bur modem im- 
provements of mathematics. How, then, is gravitation 
to be accounted for on this theory ? The theory of 
vortex-atoms, being as it were complete in itself, must 
be rejected at once if it can be shown to be in- 
capable of explaining this grand law of nature, which 
tells us that every particle or atom in the universe 
attracts every other with a force proportional to their 
masses conjointly, and to the square of their distance, 
inversely. Now the only even plausible explanation 
of gravity which has yet been propounded, was given 
long ago (at the beginning of the century) by Lesage 
of Geneva. He showed that gravitation can in all 
cases be accounted for by the not improbable supposi- 
tion that, in addition to the gross particles of matter — 
I should, perhaps, rather say the particles of gross 
matter; but, as you will see, the term gross particles 
of matter also comes in as specially applicable to the 
hypothesis we are dealing with : — in addition to these 
grosser particles which are the atoms of tangible or 
sensible matter, infinite as these are in number, there 
is an infinitely greater number of much smaller ones 
darting about in all directions with enormously great 
velocities. Lesage showed that, if this were the case, 
the effects of their impacts upon the grosser particles 
or atoms of matter would be to make each two of 
these behave as if they attracted one another with a 
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force following exactly the law of gravity. In fact, 
when two such particles are placed at a distance from 
one another, each, as it were, screens the other from a 
part of the shower which would otherwise batter upon 
it. If you had a single lone particle, it would be equally 
battered on all sides, but when you bring in a second 
particle, it, as it were, screens the first to a certain 
extent, in the line joining the two; and the first in 
turn screens the second, so that, on the whole, each of 
these two is battered more on the side opposite to the 
other one than it is on the side next the other one ; 
and, therefore, on the whole, there is a tendency to 
bring the two together by the excess of battering 
outside over that inside. Now, it is a very easy mathe- 
matical deduction to show that the result of this is 
equivalent to an attraction, inversely as the square of 
the distance ; and, therefore, that it exactly agrees with 
the law of gravity. But it is necessary also to suppose 
that masses of matter have a cage-like form, so that 
enormously more corpuscles pass through them than 
impinge upon them ; else the gravitation action be- 
tween two bodies would not be as the product of their 
masses. 

This supplementary h)T)Othesis requires, from Thom- 
son's theory, an explanation of the supply of energy 
to these smaller particles ; which must, of course, be 
smaller vortices. This has, as yeti not been fully given, 
though certain advances have been made. With a 
little further development the theory may perhaps be 
said to have passed its first trials at all events, and, 
being admitted as a possibility, left to time and the 
mathematicians to settle whether, really, it will account 
for everything already experimentally found. If it 
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does so, and if it, in addition, enables us to predict 
other phenomena, which, in their turn, shall be found 
to be experimentally verified, it will have secured all 
the possible claim on our belief that any physical theory 
can ever have. 

Although we cannot as yet attempt to settle the 
question whether there are atoms or not, we can, at 
all events, by the help of chemistry, take one step 
of immense consequence as regards the much simpler 
question of heterogeneity, to which I alluded a little 
ago. 

We know that, — taking water as the most familiar 
of all substances to talk about, — we know that a drop 
of water can be divided and divided to an enormous 
extent, — whether to an infinite extent or not we don't 
know, but there is still a finite amount of division to 
which a drop of water can be subjected, in which the 
parts, which are finally separated from one another, 
are no longer the same as portions of the whole. By 
means of a galvanic battery, we can decompose water 
into its constituent gases. Now, this shows at once 
that there must be some limit to the division of a drop 
of water ; a point which we cannot pass without pro- 
ducing something different from water. The drop must 
be capable of finite, though excessively minute, division 
into parts quite alike, similar and equal to one another, 
but so small that if any one of these parts is again 
divided, the halves or parts of it could no longer be 
similar to one another. This similarity must necessarily 
go on to a certain extent, and to an extent far beyond 
what the microscope can show us ; but there must at 
last come a state of division when any further inter- 
ference with one of the particles will make each frag- 

U 
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ment something other than water, — will take away a 
part of its oxygen or a part of its hydrogen, leaving too 
much of the one and too little of the other. 

Whenever we come to that point, we have got down 
to what we may call the grained structure of the whole. 
Without any assumption at all about atoms, this is 
obviously something which exists, and which we reach 
in thought far sooner than we reach the atom. We 
know as yet nothing whatever as to whether oxygen 
and hydrogen consist of ultimate atoms or not ; but we 
do know that water and all other compound substances 
certainly do consist of ultimate parts, — ultimate in this 
sense, that if you go any further with the division of 
them they cease to be parts of the substance. 

Take a number of such similar parts of the substance 
as are capable, when mixed together in any numbers, 
of forming a mass of the substance. Perform the same 
sort of operation upon each of them, an operation which 
shall make it different from what it was before, by 
taking off a part of one of its constituents only ; then 
if you mix all these similar parts together, you do not 
get the original substance. You get something else, if 
indeed you get a chemically stable compound at all, 
rather than a mere mixture of several different things. 
That shows, then, that without going infinitely far, you 
have arrived at a place at which heterogeneity begins 
to come in. 

Now, it is a very great step indeed in science to 
determine at about what distance heterogeneity sets 
in. To take the former illustration which I gave, if the 
moon were built up, like a wall, of stones and mortar, 
into how many pieces must it be broken, so that these 
pieces shall not be, on the whole, quite similar in aver- 
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age materials to one another? A piece of massive 
brickwork of the size of this room could scarcely be 
distinguished from another piece of massive brickwork 
of the same size, if the bricks were laid in each in the 
same tactical order, and with the same thickness of in- 
tervening mortar. There might be a projecting fraction 
of a brick at one side more than at the other, and so 
on ; but on the whole, a mass of brickwork of such a 
size — that is to say, a mass so large in its dimensions 
compared with an individual brick — might be talked of 
as homogeneous practically, or at all events as being 
simply and directly comparable with another piece of 
the same materials and size. But could we break down 
the mass into fragments : — after the mortar has become 
as strong, let us say, as the bricks : — fragments about the 
tenth part of the dimensions of the original bricks, then 
we should have pieces quite distinguishable ; one, per- 
haps, wholly mortar, another wholly brick, and a third 
partly mortar and partly brick. There at last you 
have got heterogeneity, and marked heterogeneity, 
because two of the parts may have absolutely nothing 
in common, the one being entirely mortar, and the 
other entirely brick, although taken from the same solid 
mass, as nearly as possible from the same part of it, 
and of the same size. 

• It is quite obvious, then, that there is a most impor- 
tant investigation to be made here, — ^at what limit does 
this heterogeneity begin } — and also that it is already, 
to some extent at least, within our reach. The answer 
to that question has not yet of course been definitely 
given, but it has been approximately given by various 
authors, and on various grounds. Loschmidt was, I 
believe, the first who gave an estimate. Others have 
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since given other estimates (very nearly agreeing with 
his) from the same point of view ; and lately Sir William 
Thomson has not only given us an estimate from that 
point of view, but he has given us, besides, other three 
estimates from perfectly different grounds of reasoning, 
yet agreeing with one another, and with the slightly 
older results, as well 'at least as can be expected at the 
outset of so novel an inquiry. 

As this is one of the most important of modern dis- 
coveries, I make no apology for dilating considerably 
upon these various arguments, the experiments upon 
which they are founded, and the results to which they 
lead us. 

I may take first, then, a mode of proof depending on 
an investigation which, at the time when it was given, 
was hardly perhaps understood in its full weight. It 
was given considerably before the period to which my 
present expositions mainly refer. It was an investiga- 
tion by the great French mathematician, Cauchy, of the 
motion of light in solid bodies and liquids ; wherein he 
showed that, in order to account for what is called dis- 
persion, — that is to say, the fundamental phenomenon 
discovered by Newton — the separation of the various 
colours of white light by refraction, — it was absolutely 
necessary, at least on his hypothesis, to take into account 
the effect of the distance between particles of matter 
(assuming that there are particles) upon the motion of 
the luminiferous medium. He showed that there could 
be no such separation of the various colours of light from 
one another, unless the distance from particle to particle 
of the substance through which the light was passing 
were comparable with the length of the wave of light, 
or at least were not infinitely small compared with it. 
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Thus, looked at from our modern point of view, 
Cauchy's result (valeat quantum) simply shows us that 
matter cannot be homogeneous. If matter were abso- 
lutely homogeneous, there might be refraction, but there 
would be no dispersion. All kinds of light would travel 
with the same velocity in glass, just as they did in the 
air outside ; and, therefore, the mere fact that the differ- 
ent kinds of light can be separated from one another in 
passing through a prism, gives, at least, a hint that the 
matter of the prism is heterogeneous, and that its 
heterogeneousness is not infinitely more fine grained 
than the length of a wave of any of the kinds of light 
which it enables us to separate in their courses. 

Take this argument for what it is worth (especially 
if we connect with it the irrationality of dispersion), it 
gives us, at least, an approximation to the dimensions 
of the grained structure. For the average length of a 
wave of visible light is somewhere about, let us say, the 
40,cxx)th or 50,000th part of an inch. But the grained 
structure is probably very much more minute than the 
wave length. If it were not so, dispersion would, on 
Cauchy's hypothesis, be enormously greater than we 
find it. Again, we cannot suppose that it is much less 
than somewhere about the 1 0,000th part of the length 
of a wave of light ; that is, — in the course of one of these 
waves of light, which is only about the 40,000th part 
of an inch in length, there cannot be much more than 
10,000 alternations from^ brick to mortar, as it were, 
and mortar to brick again : — and, therefore, by using 
the 10,000 and the 40,000 as factors, you may say 
that, in an inch, this heterogeneity, or the change, if 
you like to call it so, from a molecule to nothing, cannot 
occur much more frequently than somewhere about 



3 lo STR UCTURE OF MA TTER. 

400,cxx),ooo times. 4CX>,ooo,ocx) in the inch, then, will 
be a first very rough approximation to this heterogeneity 
or grained structure of matter. 

The next which I take up, although not the next 
in order of time, is perhaps the next in simplicity of 
explanation to that of Cauchy. It is founded upon 
what is called the electricity of contact of different 
metals. 

I shall first, by means of one of Thomson's electro- 
meters, show you the fundamental experiment of this 
subject. I do so, because the experiment is one which, 
although perfectly well known in the time of Volta, 
has been steadily disbelieved since Volta's time, and is 
now received as true by a comparatively small num- 
ber only even among physical philosophers. This is 
the electrometer, one of those instruments to which I 
alluded in my opening lecture as having been supplied 
in consequence of the practical demands of the time, and 
as having reacted in the way of enormously improving 
our means of making physical investigations. In order, 
first of all, to show that it is really acted upon by elec- 
tricity, suppose I take this zinc plate, which is sup- 
ported upon a glass stem, surrounded below by pieces 
of pumice moistened with strong sulphuric acid, and 
connected at present with the interior of the apparatus, 
and touch it with my handkerchief, you notice that the 
effect is to produce a deflection of the index-spot of 
light, which is sufficient to throw it off the scale. We 
know, however, that an electrified body put in contact 
with the ground loses all its free electricity. And you 
see now, that a touch of my finger on the zinc plate dis- 
charges its electricity, and the spot of light comes back 
to its original zero position. We shall study afterwards 
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what kind of electricity was there developed. Mean- 
while, I take a copper plate, which I hold by means of 
a glass handle, touch it first to remove any free electri- 
city it may have, touch this zinc again to remove any 
trace of electricity, and then bring the two into contact. 
I take the copper plate from the zinc, and you notice 
the deflection of the spot of light to the left-hand side 
of the zero. I touch the copper, and apply it again. 
Taking it off, I have a still greater deflection ; and I 
could go on doing this over and over again, and giving 
larger and larger quantities of electricity to the zinc 
plate. This is obviously the opposite kind of electricity 
to that which I produced in the zinc by touching it with 
my handkerchief However, we shall presently test 
what kind of electricity it is. To show that this is a 
genuine charge of electricity, I touch the zinc, and you 
see the charge vanishes, and the electrometer reading 
is zero again. Let us vary the experiment, by putting 
the zinc plate where the copper was, and the copper 
where the zinc was. This time we are to observe the 
electrification of the copper plate when it has come in 
contact with the zinc. I make the contact, and with- 
draw it, and you notice now a deflection to the right- 
hand side instead of to the left. I perform it again, 
touching the zinc plate every time I have withdrawn it 
from the copper, and you notice the steadily-increasing 
deflection. We have thus established, as far as physical 
experiment can establish anything, that when a zinc 
and copper plate are brought into contact with one 
another, and then separated, the one is, in the usual 
language of the subject, charged with positive electricity, 
and the other with negative. To find out which is 
which, all that is necessary is to take a stick of sealing- 
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wax, which produces what is called resinous or negative 
electricity when rubbed with a piece of flannel. If this 
be the same kind of electricity as that with which the 
copper plate remains chatted, the effect of bringing the 



rubbed sealing-wax near the copper plate will be to 
repel that electricity into the electrometer, and therefore, 
of course, to increase the present deflection. On the 
other hand, if it should be the opposite kind of elec- 
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tricity, the wax will attract some of it out of the electro- 
meter, and so the deviation of the spot of light will 
become less. I rub the wax and present it, and you 
notice we have a greater deflection ; therefore, copper 
is resinously or negatively electrified when it comes in 
contact with zinc, and zinc is, of course, positively or 
vitreously charged by the same operation. The large 
amount of the charge, in this experiment, depended 
upon the fact that the zinc and copper were put into 
metallic contact with one another over a large surface ; 
but I could have produced the same result in another 
way, more pertinent to my present inquiry. It would 
take up your time too much to exhibit the experiment, 
but if, in pjace of putting the plates in direct surface 
contact, I had supported one a small distance above the 
other, and brought a metallic wire from the one to the 
other, precisely the same effect would have been pro- 
duced. 

Now, to our application. When two bodies are elec- 
trified, one with positive and the other with negative elec- 
tricity, they attract one another. Therefore, the mere 
fact of putting these metal plates in presence of one 
another, with a metallic wire, however thin, connecting 
them, introduces this force of attraction between the two, 
altogether independent of the force of gravity — a force 
of attraction due to the dissimilarity of the two metals. 
If they had been two plates of the same kind of metal, 
there would have been no such effect. 

It was upon this experiment of Volta, which Sir 
William Thomson, by the help of his electrometer, was 
enabled to put beyond all cavil, that he founded another 
of those estimates of the dimensions of the hetero- 
geneity of matter. The reasoning was of this kind. 
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There is a certain amount of attraction between the 
zinc and the copper plates when they have been put 
into metallic contact, however thin be the plates and 
the wire which is connecting the two. If we can 
measure the amount of electric attraction between the 
zinc and the copper plates, we shall be able to tell how 
much work would be done by this electric attraction if 
the zinc plate were allowed to come up to the copper 
plate. There is a certain force acting through a certain 
distance, and we can calculate how much work it would 
do. Suppose, then, that we take an enormous number 
of exceedingly thin plates of zinc and exceedingly thin 
plates of copper, and that we lay down first one plate 
of zinc, and then bring a plate of copper near it, 
but not touching it except by one comer, then there 
would be this electric attraction between the two. Allow 
the copper plate to fall down upon the zinc, and there 
would be a certain amount of work done. Then the 
upper surface would be copper. Bring a new zinc plate 
and repeat the experiment, and so on, you would get a 
pile of zinc and copper plates over one another. You 
can calculate how much work would be done in such a 
case, but it is easy to see that the quantity of work does 
not depend upon the thickness of the zinc or copper 
plates ; so that, make the plates as thin as you please, 
the quantity of work done by the pile of zinc and copper 
plates, which together would rise to the thickness of an 
inch, will be greater and greater as there are more plates 
in it ; therefore, make them thinner and thinner, and 
more numerous in the same proportion. You will get 
more and more work done by electrical forces on the 
same amount of mass, and, by carrying the process far 
enough, you would reach an amount of work sufficient, 
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if in the form of heat, to melt the whole of the zinc and 
the copper. Now comes the application. It is obvious 
from the reasoning I have just given that when zinc and 
copper are put together in fine powder, it would be pos- 
sible, provided there were no limit to their division, to 
make the powders so fine that they would take fire, or 
at least melt, on being mixed. Now we know by ex- 
periment the amount of heat which is generated when 
copper and zinc are mixed intimately in the formation 
of their alloy — brass — so that we can calculate how fine 
must be their physical particles to account for their giv- 
ing no more than the heat which is actually observed on 
their thus coming together. That calculation depends on 
a great many things, of which we have as yet no precise 
measurement, so that such numbers as we can give must 
be only approximate, but still we do not expect that they 
are wrong by anything like 30 or 40 per cent, and that 
is quite near enough for a first approximation in a ques- 
tion of such difficulty. It appears that if the thick- 
ness of the zinc and copper plates could be reduced to 
about the 700,000,000th of an inch only, there would 
be an amount of heat produced, by piling them together 
alternately, which would more than correspond to the 
quantity of heat which is produced by their chemical 
action when they are melted together. Therefore we 
see, from this way of treating the subject, that the 
700,ooo,oooth part of an inch is considerably under the 
thickness to which you can reduce — if you could do it 
— a plate of zinc or a plate of copper, without making 
it cease to be zinc or copper as we know and handle 
them. That is, in these metals the grained structure is 
of dimensions considerably exceeding a 700,000,000th 
part of an inch. That, you see, agrees perfectly well 
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with the 400,000,000th which we got from the other 
method, depending on Cauchy's work. But there are 
two other methods of making the approximation, which 
I shall contrast and compare with this one in my next 
lecture. 



LECTURE XIII. 

STRUCTURE OF MATTER. 

Approximation to dimensions of grained structure from capillary phenomena 
— from properties of gases. Mathematical consequences of the supposi- 
tion that a gas consists of constantly impinging particles — Gaseous Diffu- 
sion. Results of Maxwell's investigations. Physical reason of Dissipation 
— Andrews' results as to the continuity of the liquid and gaseous states of 
matter. Conclusion. 

You will remember that in my last lecture I gave 
you in detail two of the methods by which Sir William 
Thomson approximated to the dimensions of the grained 
structure of matter. It remains, then, in commencing 
my present lecture, that I should briefly explain the 
other two methods. 

You will remember that the first method was founded 
upon the dispersion of white light, or the separation of 
its various component colours by means of a prism. 
The second method was founded upon considerations 
of the amount of heat which would be generated by 
electrical action between particles of different materials 
when they were intimately combined together. 

The third method is founded upon the forces em- 
ployed in drawing out a film of liquid, — in fact (to take 
the simplest case), in blowing a soap-bubble. When 
we consider that the soap-film requires work to be done 
upon it in order to enlarge it — that is, to enlarge its 
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surface, — and when also we consider that if we leave a 
portion of it open to the air, the contractile force of 
the film itself tends to make it shrink to smaller and 
smaller dimensions, and thus gradually to expel the 
contained air, we see that the film itself behaves to a 
certain extent like an elastic membrane, which requires 
work to be spent upon it in order to stretch it. But, 
just as a gas has no superior limit to its expansion, a 
soap-film has no inferior limit to its contraction. 

Now it is a perfectly easy matter, if we know the 
tension of the film, to calculate what amount of work 
must be done in order to expand it from any given 
superficial area to any other given area ; and by mea- 
suring the height to which the soapy water rises in a 
capillary tube of given bore, we can calculate what is 
the amount of surface-tension of the liquid. This is 
only one half of the amount of tension of a soap-film ; 
for you must recollect that, thin as it is, it has two tensile 
surfaces with a layer of water between them. Hence, 
by experiments upon a capillary tube, we can tell what 
is this amount of surface-tension per linear inch. Then 
we can calculate from that what amount of work would 
be required to pull out a single drop of water until it 
was made into a film of any given thickness. The 
amount of work is, in fact, numerically the product of 
the tension per linear inch into the area of the surface. 

Now it is found (in accordance with the fact that the 
surface-tension of water diminishes as the temperature 
rises) that in pulling out such a film, making it thinner 
and thinner, or spending work upon it against its mole- 
cular forces, it must become colder and colder, and that 
it would require a constant supply of heat in order to 
keep it at the temperature of the air. You will see then 
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that there we have data from which it would be possible 
to calculate how much work would be required to pull 
out a drop of water into a film of a given thickness, 
keeping it always at a constant temperature. 

This calculation has been made in terms of the thick- 
ness of the film, and it appears that if you pull it out 
to a thickness of the 500,000,000th part of an inch 
(supposing that could be done), you would require to 
spend upon it, besides the amount of work requisite to 
overcome the molecular forces, about one half as much 
energy in addition, in the form of heat, in order to keep 
its temperature from sinking ; so that on the whole, in- 
cluding the heat which had to be communicated to it, 
the quantity of work spent upon it in the operation 
would be such that if it had all been applied to the drop 
of water in the form of heat, it would have been capable 
of raising it to a temperature of somewhere over 1 100° C. 
Now, this amount of heat would of course wholly vola- 
tilise the water in an instant It is therefore perfectly 
inconceivable that a film of water can be drawn out to 
such an excessive thinness without very great reduction 
of the molecular tension. But if the molecular tension 
is reduced, obviously we are coming to a state in which 
there are but a few molecules or particles in the thick- 
ness of the film, because as long as the film contains a 
great number of particles in its thickness, the whole 
tension of the film will remain sensibly unaltered. 

Thus the only way of reconciling these two incon- 
sistent things is by supposing that we have erred in 
assuming that, when we have made the film very thin, 
there still remains the original amount of molecular 
tension in it. Hence a film drawn out, if it were possible 
to draw it, to anything like the ioo,ooo,oooth part of 
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an inch in thickness, cannot contain more than a very 
few particles of water in its thickness. 

Then finally there comes the fourth argument, which 
is founded upon the behaviour of gases. I shall state 
merely the result just now, because I intend to devote the 
rest of my lecture this morning, or at least a great part 
of it, to the consideration of the motion of the molecules 
of gases. The result then that has been arrived at by 
several inquirers who have considered this molecular 
motion of gases is, that the average distance between 
the several particles of a gas at the ordinary temperature 
and pressure of the air must be something between the 
6,ooo,oooth part of an inch and the io,ooo,oooth part 
of an inch. This points (by a method which I shall 
presently indicate) to something rather greater than the 
SOO,ooo,oooth of an inch as the effective size of the 
particles. 

Thus you see that all these various approximate 
estimates, differing no doubt considerably in the num- 
bers which we obtain from them, still consistently point 
to something, not very largely differing from the 
500,000,000th part of an inch, as being the distance 
between the centres of contiguous particles of matter in 
a liquid, or as being the measure of what I called in a 
former lecture the coarse-grainedness of what appears to 
our eyes, and even to our most powerful microscopes, to 
be absolutely uniform matter. 

We have now got a notion of the dimensions of this 
coarse-grainedness, and it is possible also, by the pro- 
perties of moving molecules constituting a gas, to find 
approximately the sizes of the individual molecules — not 
merely how far they are from one another, but how 
large is each particular molecule in comparison with 
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the average distance between any two of them. This, 
as I shall presently explain, may be calculated from 
the theory of impact of elastic particles, or of particles 
repelling one another according to a high inverse power 
of their mutual distance. 

I shall put the result, perhaps, in the most simple 
form by describing briefly the nature of the motion. 
Each particle describes a straight path with uniform 
velocity, but after going a certain distance it strikes 
another ; then it goes off in a new direction, and after 
some time it strikes a third, and so on. But there is an 
average distance which it will pass through between 
every two successive collisions. Now, if we call that 
the mean free path, then the length of this mean free 
path, divided by the diameter of any one particle, has 
been shown by theory to be equal to the ratio of the 
whole space occupied by the gas to about eight and a 
half times the bulk of the whole particles.^ 

Now, looking at this, which is a mathematical result 
founded upon the supposition that the particles of a gas 
are little hard bodies constantly impinging upon one 
another, you will see that if we can get any mode of esti- 
mating what is the average distance which one of them 
must travel before it comes in contact with another, we 
shall know one of the quantities in the above proportion. 

We also know another, the whole space occupied by 
the gas ; and the whole bulk of the particles will depend 
upon their number and their diameters. These may be 
approximated to by supposing that in the liquid state 
the particles are nearly in contact. Thus an equation 

^ Clausius says 8, assuming that all the particles have the same velo- 
city ; but Maxwell, taking account of the law of distribution of velocities 
among the particles, gives >^72, which is nearly 8*5. 

X 
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can be formed, by which the diameter of a particle is 
given in terms of quantities which are all, at least 
approximately, known. 

This calculation has actually been made, and the result 
is that the effective diameter of a particle must be some- 
thing certainly not very different from one-2 50,000,000th 
part of an inch. 

Then, of course, knowing the diameter of a particle, 
and the average distance between two contiguous par- 
ticles, we can calculate how many particles there are in 
a cubic inch of any gas at the ordinary temperature 
and pressure. 

Thus we can assert from measurement and calcula- 
tion that the number of particles in a cubic inch of air 
in the ordinary state of the atmosphere is represented 
by a number which is approximately about 3 X 10"°. 
This number might have been written as 3 with 20 
cyphers after it 

[It is a very much improved method of writing large 
numbers (when we cannot tell, or do not care, what are 
the figures in all the various places) simply to indicate 
the two or three most important figures of the number^ 
and then to fill up with powers of 10. There is no use 
doing it in millions, billions, or anything of that sort : — 
in fact, billions, etc., have at least two quite distinct 
meanings with various sects of arithmeticians ; so we 
simply take the first two or three places of figures of a 
number, and indicate how many places there are: afar 
more excellent way.] 

Be this as it may, 3 multiplied 20 times over by ten 
expresses a number not greatly falling short of the 
number of particles in a cubic inch of a gas at the 
ordinary temperature and pressure. 
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Now, you can see how it was that various scientific 
men were led to the conclusion which I mentioned in 
my first lecture as to the comparison between the actual 
size of the coarse-grainedness in a drop of water and the 
size of the drop itself. 

If a drop of water is ^th of an inch in diameter, and 
if those numbers I have just given represent the dia- 
meters of its individual particles, or its grained structure, 
what is the size of a body which bears to the whole 
earth the same ratio as one of those particles to this 
drop of water ? The answer is that it must be something 
between about the size of a cherry or small plum and 
the size of a cricket-ball. Take on the average a good- 
sized plum or a small orange, then you get from that 
the approximation that as the large plum is to the 
whole earth, so is this coarse-grained particle to the 
drop of water ; so that if we could magnify a drop of 
water to the apparent size of the whole earth as seen 
from the distance at which a single plum is just visible, 
we could just see its grained structure. 

Now, what I have just said has led me to anticipate 
a little as to the molecular structure of gases. We have 
absolute proof that gases consist of particles of matter 
which are perfectly free and detached from one another, 
and which are constantly flying about in all directions. 
The best and simplest proof that we have of this is 
obtained by considering the process of mixture of one 
gas with another, — the way in which, one gas diffuses 
through another ; as, for instance, when any volatile 
substance in the form of vapour or gas is allowed to 
escape into a room, we find that it gradually mixes 
itself thoroughly with the air of the room. This diffu- 
sion takes place even if currents of air are prevented. 
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SO that at last there is almost uniform distribution of 
such a gas or vapour throughout the whole of any mass 
of air however great. 

But, by means of a simple but extremely beautiful 
experiment, due to Dr. Graham, the late Master of the 
Mint, I can show in a most striking way the mobility 
and perfect independence (as it were) of the various par- 
ticles of the same and of different gases. The appa- 
ratus consists of a glass tube, with a hollow ball of porous 
earthenware at its upper end, an arrangement very like 
an ordinary air thermometer, only that the bulb is not 
of glass but of porous clay. At present (showing) the 
whole apparatus is full of air, and there is air outside. 
You will notice that the open lower end being dipped 
under the surface of water, coloured for greater dis- 
tinctness, the water stands as nearly as may be at the 
same level inside and outside, the reason of this of 
course being that there is precisely the same pressure 
in the gas inside as there is in the atmosphere outside. 
Now what is really going on here — ^what is keeping up 
this constant equality of pressure inside and outside } It 
is this : there is a constant stream of particles of air 
entering by all the pores of this porous clay, and a 
corresponding stream of particles of air coming out 
through them. We cannot, of course, mark individual 
particles of air, even could we see them, nor have we 
any test by which we could recognise a group of them. 
But to test the process which must be going on here, 
let us make a material difference between what is out- 
side and what is inside the porous ball. Let us place 
this bulb with its air inside in an atmosphere of ordi- 
nary coal gas. 

I shall easily obtain a quantity of coal gas by dis- 
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placement in this beaker, (^Shows^ I find that the gas is 
now escaping from beneath it, so that I know the beaker 
is full. Now watch the effect the moment that I surround 
this porous vessel containing air with the atmosphere 
of coal gas : — you see the bubbling which commences 



through the liquid almost instantaneously. Great 
quantities of gas are escaping from the liquid and from 
the open-mouthed bell. Next, if I remove the atmo- 
sphere of coal gas, you see almost instantly a rise of 
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the liquid in the tube, so that the pressure in the inside 
has become at once notably less than the pressure out- 
side. This process will go on for a considerable time, 
until we get as nearly as may be the restoration of 
equilibrium between the outside and inside pressures ; 
but not to waste time over the experiment, although 
it is an extremely striking one, I shall simply, having a 
quantity of the coal gas still left in the beaker, put this 
atmosphere of coal gas once more outside the bulb. 
There ! notice the instant increase of pressure in- 
side ; the coloured liquid falls at once in the stem. 
The moment I remove the beaker, there is an instan- 
taneous diminution of pressure, and the coloured liquid 
rises. 

This effect can be repeated as often as we choose, 
by simply putting on and withdrawing the vessel with 
the coal gas. Now it is perfectly obvious that the 
explanation of this experiment must depend on the fact 
that something gets in, in excess of what goes out, when 
I place the vessel full of coal gas outside the ball. There 
is then at once a great escape — a great out-rush of 
gas from the lower end of the tube, and that could only 
take place because of an increase of pressure ; that is, 
an increase in the quantity of gas inside this vessel. In 
other words, the coal gas must be diffusing in through 
the porous clay at a greater rate than the air is diffus- 
ing out through it ; and at how great a rate you can 
easily see, since the quantity which comes in through 
that comparatively small surface is sufficient to give us 
a rapid succession of large bubbles of gas passing out 
below. And you will remember here that it is only a 
differential effect that we are observing, because coal 
gas is constantly going in, but air is as constantly going 
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out ; so that what we observe is merely the excess of 
the amount of coal gas going in over that of the air 
going out. 

You can easily understand that methods can be de- 
vised for the purpose of measuring precisely the relative 
rates at which gases go in and come out through such 
a porous substance. 

This is perhaps one of the most striking illustrations 
we can give of the great rate at which the particles of a 
gas must constantly be moving. It is also a complete 
demonstration of their comparative freedom from one 
another, except at instants when they come against 
each other in their motions. 

Now, the notion that the particles of a gas are in 
rapid motion, and that it is by their impacts that gases 
press on other bodies, is a very old one. It was pointed 
out not long after Newton's time by D. Bernoulli ; it 
was afterwards revived in this country by Herapath ; 
but it is to Joule that we owe the first precise findings 
on the subject. Joule made a calculation as to what 
must be the velocity with which the particles of certain 
particular gases must move in order that, with the 
known mass of the gaseous contents of a vessel, the 
observed interior pressure on the vessel may be ac- 
counted for. 

If we take a vessel containing a cubic foot and fill it 
with hydrogen gas at the ordinary pressure and tempera- 
ture, the gas produces, by the constantly repeated impacts 
of its particles upon the walls of the vessel, a certain 
definite pressure which amounts to the ordinary baro- 
metrical pressure of 15 lbs. weight on the square inch. 
Now, we know what mass of hydrogen there is in the 
vessel. At what rate then must this rain, or rather hail- 
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storm of particles be going on inside the vessel in order 
that these almost innumerable impacts may, when 
totted up for a definite time, amount to this definite 
observed pressure? That i^ a question, of course, of 
purely dynamical reasoning, and the result, as deduced 
by Joule, is certainly a very striking one. He arrived 
at this result, an absolutely certain result from his data^ 
that the velocity of the particles of hydrogen must be 
about 6055 feet per second at o"* C. Of course you can 
see at once that this is a velocity far higher than that 
of a cannon-ball, or than that of any projectile which 
we can conveniently discharge ; but in spite of the enor- 
mous velocity with which each individual particle of 
hydrogen is moving, there is such an enormous number 
of particles of hydrogen in a single cubic inch of space 
that no one particle can ever find anything like a free 
path from one side of a cubic inch of space to the other. 
It is certain to be met over and over again in its course 
by others. 

Now, the number of such collisions which take place 
during a single second can be calculated from the rate 
at which one gas diffuses into another. If we take a 
vessel consisting of two large receivers full of gas, with 
a tube of known length and known diameter connecting 
them, and [opening a stop-cock in that tube] allow the 
two gases gradually to interpenetrate one another, we 
can, at the end of a measured time, close the stop-cock, 
and by a chemical process analyse the contents of each 
of the two vessels. Thus we determine how much of the 
one gas has passed into the other in a given time. We 
can repeat the experiment and allow it to go on for a 
different time, and so form a table of experimental 
results as to the rate of diffusion of one gas into another 
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according to the time which has elapsed since the two 
were put into contact with one another. From such a 
table we can, by mathematical calculation, determine 
how far on an average any one particle of the one gas 
penetrates in amongst the particles of the other gas 
before suffering a collision. 

Each particle advances a little way and then is driven 
aside or back, another gets possibly a little farther, and 
so on ; but the average penetration can be calculated 
from the rate at which the gases are found to mix with 
one another, and therefore we can tell what is the 
average distance which a particle moves through between 
two successive collisions. 

By applying calculations similar to those of Joule, 
but considerably extended by the use of more powerful 
mathematical methods, such as the methods of the 
theory of probabilities, Clausius first, and, a little later, 
but far more profoundly, Clerk-Maxwell, and still more 
recently Boltzmann, have arrived at very valuable re- 
sults as to the motion of swarms of impinging particles. 
One of the results arrived at is that in a mass of hydro- 
gen at ordinary temperature and pressure, every particle 
has on an average 17,700,000,000 collisions per second 
with other particles, that is to say 17,700,000,000 times 
in every second it has its course wholly changed. And 
yet the particles are moving at a rate of something like 
70 miles per minute. So comes this curious problem — 
given that the direction of motion of a particle is arbi- 
trarily changed 17,700,000,000 times in every second, 
and that the particle itself is moving 70 miles in a 
minute, where would it be at the end of a single minute, 
having started from any given place ? In air the number 
of collisions for each particle is only about half as great 
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as, and the average velocity only about one-fourth of, 
that in hydrogen. 

You can see then to what exceedingly small quan- 
tities, or rather to what enormous numbers, because 
it is large numbers and not small quantities that we 
are really dealing with, such a question as this leads. 
I have already told you that in true physical science 
great and small are mere relative terms, so far as size 
or- duration is concerned ; but averages, such as we 
are now dealing with, are of no value except when the 
number of individual cases is very large. 

The solution obtained is capable, as has been recently 
shown, of explaining almost everything that we know 
with reference to the behaviour of gases, and perhaps 
even of vapours. [The chief exception is in connection 
with the specific heats of gases. But the difficulty 
seems to have arisen from too hasty generalisations of 
the theory.] 

As the direct results of Maxwell's investigation are 
very important, I may just point out the three which 
are of most importance. The first is this, that if you 
have a mixture of particles of different kinds, as you 
have for instance in air, particles of oxygen and nitrogen 
mixed with one another, then after they have gone on 
impinging on one another for a sufficient time to have 
attained the average state from which they will never 
afterwards much diverge, this will be the result — ^the 
average energy of motion of each particle is the same 
for each kind of gas ; so that if one of these particles 
belongs to a light gas, that is to say, a gas whose par- 
ticles are lighter or less massive than those of the other, 
it will, on the average, be moving with greater velocity ; 
so that the energy of the motion of one particle of either 
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gas is the same on the average as the energy of motion 
of one particle of the other gas. That is a result which 
can be obtained purely by ordinary mathematics of im- 
pact of elastic spheres, generalised so as to apply it in a 
statistical way to a great swarm of such spheres instead 
of a finite number. For the purpose of applying it by a 
statistical process to groups, it is necessary, in addition 
to the ordinary methods of such kinetic problems, to 
take into consideration the theory of probabilities. 
Thus we are led to classify the particles into groups, 
each group consisting of the particles whose velocity 
lies between given limits. The velocities proper to these 
groups range from zero to infinity, but the number 
belonging to such extreme groups is small compared 
with the number in the groups whose velocity is nearer 
to that which corresponds with the average energy. 
This average energy is the same in each of the two gases 
which are mixed. 

Then, the second result which also follows from the 
theory of elastic particles impinging on one another is 
this, that if you have, as in the case of the air, oxygen 
and nitrogen mixed in any proportion whatever, the 
ultimate state of distribution which they will assume, 
after being mixed and having been left long enough to 
get to a nearly permanent state, is the same as if each 
gas, independently of the other, had distributed itself 
according to its own law of pressure and density in a 
vertical column. The oxygen and nitrogen of the air — 
so far, at all events, as gravity is concerned — are free to 
distribute themselves according to this law of mixture 
from the surface of the earth upwards ; and, therefore, 
in whatever proportion you find them in a cubic inch 
near the surface of the earth, you would find (were it 
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not for winds, etc., which tend to mix them) rather 
more Nitrogen and less Oxygen the higher you ascend. 
Then another result bears upon the temperature of a 
vertical column of gas. Of course any particles which 
may be warmer than others, must be moving faster, 
because the temperature of a gas depends upon the rate 
at which its particles are moving. Now, Maxwell has 
shown that gravity has no tendency to make the quicker- 
moving particles go into any particular position, and the 
slower-moving ones into any particular position. In 
other words, an external force, such as gravity, does 
not tend to make the lower part of a column of gas any 
hotter than the upper part, or the upper part any hotter 
than the lower part If you, for a moment, interfere 
with a state of things which has become nearly steady, 
or has arrived nearly at the average, as, for instance, by 
applying heat, then for a moment you make a portion 
of the gas physically lighter than another portion, and 
there, of course, gravity comes in, and the physically 
lighter part — bulk for bulk — ascends to the top of the 
column ; but, if you leave the thing to itself, gravity 
has no tendency whatever to bring either the quicker- 
moving particles — that is, the warmer ones, or the 
slower-moving particles — that is, the colder ones — lower 
down or higher up ; but, whether gravity acted or not, 
there will be the same average ratio of quick-moving 
particles to slow-moving particles in every cubic inch 
throughout the space. [And Carnot's reasoning, applied 
to this result, shows that as it is true for gases it must 
also be true for liquids and for solids : — so that gravity 
in no way directly interferes with distribution of tempera- 
ture. Indirectly it does interfere, often in a marked 
manner, as in processes of convection.] 
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There is another extremely important point of this 
statistical question as to the particles of gases which 
I must carefully explain ; and it is this, how it happens 
that in the enormous bulk of the whole atmosphere of 
the earth these particles of oxygen and nitrogen, mov- 
ing about amongst one another, should not by chance, at 
some place or other, operate on one another in such a way 
that in some particular cubic inch the particles of nitro- 
gen might for a moment expel from it all the particles 
of oxygen, so that in virtue of the great extent of the 
earth's atmosphere, compared with the size of a particle 
of gas, there might be, at some definite instant, a region 
filled mainly with nitrogen, and other regions filled 
mainly with oxygen. Now the beauty of this statistical 
method is that it explains to us how such an event, 
though possible, never occurs. It is a thing which is 
in itself absolutely possible, but it never can occur in 
practice, because the probability of its occurrence is so 
exceedingly small. There is a probability (numerically 
measurable) for ever3^hing which is possible, but if that 
probability (reckoned in numbers) is as small as is the 
probability of the accident we are considering, we never 
expect to find it occur. And not only do we never 
expect to find it at any time, but we can say boldly 
from experience that it is never met with at all, how- 
ever long our observations are conducted, or through 
however great an extent of space we conduct them. If 
you had originally in a box divided into two equal 
parts, nitrogen in the one part and oxygen in the other, 
and then allowed them to mix with one ^mother, the 
probability that in any assigned time you would find 
all the nitrogen back again, even for a moment, in 
the space where it was originally, and all the oxygen 
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back again in the space where it was originally, is 
certainly one which can be measured, but it is one 
which is so infinitesimally small that we know perfectly 
by experience that it never can be realised. The reason 
lies simply in the fact that there is such an enormous 
number of particles in every cubic inch. If there were 
only one or two particles of nitrogen and oxygen in 
each cubic inch of the atmosphere of this room, then it 
would be a thing not only realisable, but actually 
realised over and over again in the course of a single 
afternoon, that (suppose we could see these particles) 
we should every now and then see a space of a cubic 
inch, or it might be even of a cubic foot, occupied (for a 
single moment) wholly by particles of oxygen or by 
particles of nitrogen. It would be a different cubic foot 
or a different cubic inch the next instant, but still such 
spaces free from oxygen or free from nitrogen would be 
constantly occurring simply because there is a small 
number of particles in comparison with the whole space 
in which you are experimenting. But when you come 
to consider this number 3 X lo*" in every cubic inch, 
then you begin to see how it is that the number of par- 
ticles is so enormously great, that if there were at any 
time the possibility of a small portion of space contain- 
ing particles of oxygen only, or particles of nitrogen 
only, it could have a realisable probability in the case 
of so exceedingly small a fraction of a cubic inch 
only, that it would not be worth speaking of You 
could not observe it. No doubt it does occur, but in 
an exceedingly small fraction, less than the millionth of 
the millionth of the millionth of a cubic inch. There 
may occur even in this room such portions wholly 
occupied by particles of nitrogen or by particles of 
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oxygen for a moment, but only for a moment, in the sense 
of some millionth of a millionth of a second, but any- 
thing more than that could never present a reasonable 
probability ; and the reason of this depends simply upon 
the enormous number of particles which you have to 
deal with : for, the greater the number of independent 
movements the greater is the probability of their con- 
forming nearer and nearer to the average distribution of 
amounts of velocity as well as to the average distribution 
of kinds of particles. 

The only other point that I have time to take up is 
the consideration of certain most remarkable experi- 
ments which have been made recently by Dr. Andrews 
in extension of others made long ago by Faraday, and 
by Cagniard de la Tour, with reference to the connec- 
tion between the gaseous and liquid states of matter. 
We have just seen how the gaseous state is completely, 
or almost completely, accounted for by the supposition 
of independent particles which are absolutely free from 
one another except at the instants when they impinge 
upon one another. Liquids possess the property of 
diffusing among one another just as gases do, only the 
rate of diffusion of liquids is exceedingly small com- 
pared with the rate of diffusion of gases, and therefore 
we conceive that the liquid state may be represented by 
a set of particles which are free from one another to a 
certain extent, but not nearly so much free from one 
another as they are in the gaseous state ; so that the 
particles of a liquid are so much nearer together in 
comparison with their diameters, that the average dis- 
tance through which a particle of liquid can travel before 
it comes into collision with another is exceedingly small, 
even compared with the same path in the case of a gas 
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Therefore in a liquid we see why the diffusion is slower, 
because a particle can only go a much shorter way be- 
fore it has its direction of motion completely changed 
by impact upon another. Now, Andrews has shown 
by experiment that it is possible to pass continuously 
— that is to say, without any apparent optical change — 
from a body which is obviously in a gaseous state to the 
same body obviously in a liquid state, and that is certainly 
one of the most remarkable experimental discoveries 
of modern times. Part of the phenomena had been 
obtained, but no complete experimental examination of 
them, by Cagniard de la Tour, many years ago. He had 
shown that if you take a quantity of ordinary ether in a 
strong glass tube, so as to fill about one-half the tube, 
leaving nothing but vapour of ether above it, and, seal- 
ing it up, apply heat to it, you may convert the whole 
liquid into vapour, so that the liquid contents wholly 
disappear; and this at a very moderate elevation of 
temperature. Cagniard de la Tour inferred from these 
experiments that sulphuric ether may be reduced com- 
pletely to vapour by the combined action of heat and 
pressure in a volume a little more than double that of 
the liquid. The true explanation was first given by 
Andrews, who showed from his experiments on carbonic 
acid that when the liquid disappears as the tube is heated, 
some state of matter is produced which is certainly not 
liquid and certainly not ordinary vapour. Cagniard de 
la Tour performed the same experiment with water, but 
he found that for water it required so much stronger 
tubes and so much higher a temperature that, partly from 
the danger of explosions, and partly from the fact that 
water so heated attacked the glass chemically, it was next 
to impossible to make the experiment with precision. 
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Andrews examhied the subject in another way by 
actually compressing different gases, keeping them all 
the time at a definite temperature, and noting the 
relation between volume and pressure : then raising 
them to a little higher temperature, keeping them 
steadily at that temperature, and going through the 
same operation, and so on. In that way he was en- 
abled, by direct experiments of the most beautiful kind, 
to lay down tables or charts which represented the 
relation between pressure and volume of these gases for 
any sets of temperatures between the limits through 
which he could experiment. The result of his inquiries 
may be easily seen if I roughly trace an approximation 
to some of his diagrams. 

From what I told you of Watt's Diagram of Energy 
in a former lecture \ante^ p. no], and from what I have 
just said, you will see that Andrews made a detailed 
study of the lines of equal temperature for all the sub- 
stances he experimented on. His first results were 
obtained from carbonic acid gas, and to them I shall 
recur : — but for ease of explanation, suppose we com- 
mence with vapour of water. 

Take a cylinder containing a small quantity of super- 
heated vapour of water at any temperature, and gradu- 
ally compress it, keeping it at the same temperature, 
let us say, for instance, the temperature of boiling 
water. As we gradually compress, the volume dimin- 
ishes and the pressure rises, the steam or vapour of 
water becomes more and more nearly saturated steam, 
until we come to a certain bulk which corresponds with 
its being all in the form of saturated steam. Then if 
we compress ever so little more, taking care to keep the 
temperature the same as before, we know what takes 

Y 
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place: — the pressure does not alter, but some of the 
vapour is deposited in the form of water, and so we go 
on compressing without altering the pressure, but lique- 
fying more and more of the contents, until we find the 
whole of the contents liquid. Then, still keeping the 
same temperature by proper appliances, we go on com- 
pressing; but we now find a very great difficulty in 
compressing any further, because we have liquid water 
to deal with, which now fills the whole of the part 






of our cylinder under the piston. The curve will now 
show very large increments of pressure for very small 
decrements of volume. Its course is PQRS in the 
diagram. 

In the steam the pressure is small, while the bulk is 
large. It increases as we gfradually compress, until we 
come to the perfectly definite pressure at which, at the 
given temperature, water begins to form. Then, how- 
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ever much more we may compress up to a certain limit, 
the pressure does not alter, so that our curve then 
runs along parallel to the horizontal line, and it does 
so until all the steam is converted into water ; and 
then by further application of pressure we compress the 
water ; — ^but exceedingly little — so that in reality our 
curve is now almost a straight line running vertically 
upwards. 

That is the case for a temperature corresponding to 
the ordinary boiling point of water; but suppose we 
were to perform the same experiment on the same 
amount of steam at a higher temperature, we should 
find that we must now compress a good deal further 
before there is any deposition of vapour in the form 
of water, and that the water when formed occupies 
a somewhat larger volume, so that, on both accounts, 
the range through which we have part of our cylinder 
full of steam and part full of water, extends through 
a smaller horizontal space than before. Repeating the 
experiment at higher and higher temperatures, we 
come to smaller and smaller ranges of that kind, until 
finally we reach a temperature for water at which we 
cannot have part of the cylinder full of steam and part 
full of water. 

Now you can see that if a curve, the dotted one in 
the figure, be drawn through all the points which ter- 
minate the horizontal straight parts of the various lines 
of equal temperature, we indicate on the diagram the 
region within which our given quantity of water can 
exist partly as vapour and partly as liquid. 

Now we may, by proper application of heat and pres- 
sure, make the steam pass from one volume to another 
through any possible series of intermediate states. This 
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series can, of course, be represented by a line on Watt's 
diagram. Take two points, A and B^ both external to 
the dotted curve, but on opposite sides of it, so that 
in the condition denoted by A the water is obviously 
wholly in the form of vapour, at B wholly liquid. We 
may pass from one of these states to the other by any 
possible path, but for our present purpose only two need 
be considered, the first {AaB in the diagram) cutting the 
dotted line in two points, the second(-^4d^)passing wholly 
outside it. By the first course we have vapour alone 
till we enter the dotted curve — liquid alone after we 
pass out of it — liquid in presence of vapour while we 
are within it. On this no comment need be made — ^the 
passage from vapour to liquid is visible to the eye. But 
in the second course we pass from obvious vapour at 
A to obvious liquid at By without its being possible at 
any point of the journey to say — ^the change is taking 
place. 

You can begin it absolutely as gas, and bring it abso- 
lutely to the liquid state, but during the whole of the 
operation it is impossible to point out the instant at 
which it changes its character. And you can see per- 
fectly well that the change can only be effected sud- 
denly or in a manner marked to the eye, when you are 
performing the operations at such a temperature that 
the corresponding line in the diagram passes through 
the region in which the substance can exist in the liquid 
state in presence of its vapour. If you go beyond the 
limits at which this is possible, then you can cause the 
fluid to pass from the gaseous to the liquid, or from the 
liquid back to the gaseous state, with absolute optical 
continuity. 

Or, to make it still more curious, suppose we go 
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through a complete cycle of operations from the state 
B to the state A, and back again to B, Begin, for ex- 
ample, with the lower of the two paths, BaA^ and come 
back by the higher, AbB, We begin with water; then 
we have water and saturated steam about ^, then super- 
heated steam, till we reach A, On our way back we 
have no such stages — ^though when we have again 
reached B the contents are obviously water as at first. 

Now the explanation of that phenomenon has not 
been fully given by the help of the dynamical theory of 
gases, but the mode of applying the dynamical theory 
to it has been, I think, successfully pointed out. One 
pregnant hint is given by the fact, noticed by Andrews, 
that the capillary surface of the liquid in contact with 
the vapour becomes less and less curved as the tem- 
perature rises to the critical point {i.e. the temperature 
at and above which the presence of liquid and vapour 
together becomes impossible), the curvature becoming 
nil when that point is reached. In all probability we 
want only a little further application of our statistical 
process to explain even this, which is perhaps the most 
curious fact that any investigation has ever told us as 
to the connection between liquids and gases. 

Before concluding, I would just mention that there 
are a great many subjects to which I should have liked 
to direct your attention had time permitted. My 
apology for not having introduced them is partly want 
of time, partly the wish expressed to me that certain 
questions of history and priority should be fully treated. 
I have not been able to overtake during the time that 
I could devote to it nearly the whole of the programme 
that I at first put before me. 
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I shall just mention what some of these things were, 
and you will see that although I have taken up a great 
many interesting points, I have left still a great many 
others equally interesting. There is, for instance, the 
very interesting question of the explanation of vowel 
sounds and the qualities of musical notes ; the whole in 
fact of Helmholtz's splendid investigations in Acoustics. 

There is the whole subject of contact electricity, 
which I could only illustrate by a single experiment in 
my last lecture. There is the important subject, grow- 
ing in importance every day, of Atmospheric electricity- 
There is Thermo-electricity, now almost a separate 
branch of physics : — Clerk-Maxwell's production of 
double refraction in viscous liquids; the connection 
between sun spots and terrestrial magnetism ; the ques- 
tion of tides in the solid earth (whether the earth is 
plastic enough to have tides produced in its substance 
by the moon) ; we have the various proofs of the rota- 
tion of the earth ; the connection between magnetism 
and light, as shown by Faraday's experiment and 
W. Thomson's and Clerk-Maxwell's investigations ; the 
heating of bodies moving in what we call vacuum ; the 
motion of light bodies produced by radiation ; abnor- 
mality of dispersion, and so on ; but [even to merely 
enumerate all such would be, as it were, to double the 
lengfth of this lecture. But such a statement shows, 
better than any comments, that we are dealing with a 
branch of science whose characteristic, as I told you at 
the outset, is persistent and ever more rapid extension. 



LECTURE XIV. 

FORCE. 

Evening Lecture before the British Association, Glasgow, 

September 8, 1876. 

It was not to be expected that I could, at short notice, 
produce a Lecture which should commend itself to the 
Association by its novelty or originality. But in Science 
there are things of greater value than even these — namely, 
definiteness and accuracy. In fact, without them there 
could not be any science except the very peculiar smat- 
tering which is usually (but I hope erroneously) called 
'popular.' It is vain to expect that more than the 
elements of science can ever be made in the true sense 
of the word popular ; but it is the people's right to de- 
mand of their teachers that the information given them 
shall be at least definite and accurate so far as it goes. 
And as I think that a teacher of science cannot do a 
greater wrong to his audience than to mystify or confuse 
them about fundamental principles, so I conceive that 
wherever there appears to be such confusion, it is the 
duty of a scientific man to endeavour by all means in his 
power to remove it. Recent criticisms of works in which 
I have had at least a share, have shown me that, even 
among the particularly well educated class who write 
for the higher literary and scientific Journals, there is 
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wide-spread ignorance as to some of the most important 
elementary principles of Physics. I have therefore 
chosen, as the subject of my lecture to-night, a very 
elementary but much abused and misunderstood term, 
which meets us at every turn in our study of Natural 
Philosophy. 

I may at once admit that I have nothing new to tell 
you, nothing which (had you all been properly taught, 
whether by books or by lectures) would not have been 
familiar to all of you. But if one has a right to judge 
of the general standard of popular scientific knowledge 
from the statements made in the average newspaper : — 
or even from those made in some of the most preten- 
tious among so-called scientific lectures : — there can be 
but few people in this country who have an accurate 
knowledge of the proper scientific meaning of the little 

word Force. 

We read constantly of the so-called * Physical Forces' 
— Heat, Light, Electricity, etc., — of the ' Correlation of 
the Physical Forces ' — of the ' Persistence or Conserva- 
tion of Force.' To an accurate man of science all this 
is simply error and confusion. And I have full confi- 
dence that the inherent vitality of truth will render the 
attempt to force such confusion upon the non-scientific 
public, quite as futile as the hopelessly ludicrous 
endeavour of the * Times ' to make us spell the word 
Chemistry with a Y instead of an E. It is true that in 
matters such as this last a good deal depends (as Sam 
Weller said) *on the taste and fancy of the speller:' — 
and sometimes even absolute error is of little or no con- 
sequence. But it is quite another thing when we deal 
with the fundamental terms of a science. He who has 
not exactly caught their meaning is fpretty certain to 



FORCE, 345 

pass from chronic mistakes to frequent blunders, and 
cannot possibly acquire a definite knowledge of the 
subject. 

In popular language there is no particular objection 
to multiple meanings for the same word. The context 
usually shows exactly which of these is intended : — and 
their existence is one of the most fertile sources of really 
good puns, such as those of Coleridge,^ Hood, Hook, 
or Barham. And there is no reason to object to such 
phrases as the * force of habit^ the ^ force of example^ the 
^ force of circumstances^ or the ^ force of public opinion! 
But when we read (as I did last week) in one newspaper 
that the 'force' of a projectile from the 8i-ton gun has 
at last reached the extraordinary amount of 1450 feet : 
in another that the 'force' of a ball from the great 
Armstrong gun lately made for the Italian government 
is expected to average somewhere about 30,000 foot- 
tons : — and in a third that the water in the boiler of the 
Thunderer 'would in a second of time generate a " force " 
sufficient to raise 2,000 tons one foot high' — ^we see 
that there must be, somewhere at least, if not every- 
where, a most reckless abuse of language. In fact we 
have come to what ought to be scientific statements, 
and there even the slightest degree of unnecessary 
vagueness is altogether intolerable. 

Perhaps no scientific English word has been so much 
abused as the word ' force.' We hear of ' Accelerating 
Force,' 'Moving Force,' 'Centrifugal Force,' 'Living 
Force,' ' Projectile Force,' ' Centripetal Force,' and what 
not Yet, as William Hopkins, the greatest of Cam- 
bridge teachers, used to tell us — 'Force is Force,' /.^. 
there is but one idea denoted by the word, and all 

^ See The Forked Tongue, 
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Force is of one kind, whether it be due to gravity, 
magnetism, or electricity. This, alone, serves to give a 
preliminary hint that (as I shall presently endeavour to 
make clear to you) there is probably no such thing as 
force at all ! That it is, in fact, merely a convenient 
expression for a certain *rate.' If any one should 
imagine that ' three per cent* is a sum of money, he will 
soon be grievously undeceived. * Three per cent.' means 
nothing more or less than the vulgar fraction y^. True, 
the * Three Per Cents ' usually means something very 
substantial — but there the term is not a scientific one. 
Think for a moment how utterly any one of you, 
supposed altogether ignorant of shipping, would be 
puzzled by such a newspaper heading as * The White 
Star Line,' or ' The Red Jacket Clipper' No doubt 
some of our scientific terms approach as near to slang 
as do these: — ^but we are doing our best to get rid of 
them. 

A good deal of the confusion about Force is due to 
Leibnitz, and to some of his associates and followers — 
who, whatever they may have been as mathematicians, 
were certainly grossly ignorant of some elementary 
parts of Dynamics — insomuch that Leibnitz himself is 
known to have considered the fundamental system of 
the Principia to be erroneous, and to have devised 
another and different system of his own. This fact is 
carefully kept back now-a-days, but it is a fact,^ and (as 
I have just said) has had a great deal to do with the 
vagueness of the terms for Force and Energy in some 
modern languages. In fact, in their modem dress (with 
Vis everywhere rendered Force), the Vis Viva, Vis 
Mortua, and Vis Accekratrix of that time have, in 

^ Leibnitii Opera (Dutens), vol. iii. 1768. 
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some of their Protean shapes, hooked themselves like 
entozoa into the great majority of our text-books. 

Before dealing more definitely with the proper 
meaning of the word * Force/ I must briefly consider 
how we become acquainted with the physical world, 
and how, consequently, it is more than probable that 
some of our most profound impressions, if uninformed, 
are completely erroneous and misleading. 

In dealing with physical science it is absolutely 
necessary to keep well in view the all-important prin- 
ciple that 

Nothing can be learned as to the physical world save \ a 
by observation and experiment^ or by mathematical deduc- 
tions from data so obtained, \ 

On such a text volumes might be written ; but they 
are unnecessary, for the student of physical science 
feels at each successive stage of his progress more and 
more profound conviction of its truth. He must receive 
it, at starting, as the unanimous conclusion of all who 
have in a legitimate manner made true physical science 
the subject of their study ; and, as he gradually gains 
knowledge by this — the only — method, he will see more 
and more clearly the absolute impotence of all so-called 
metaphysics, or d priori reasoning, to help him to a 
single step in advance. 

Man has been left entirely to himself as regards the 
acquirement of physical knowledge. But he has been 
gifted with various senses (without which he could not 
even know that the physical world exists) and with 
reason to enable him to control and understand their 
indications. 

Reason, unaided by the senses, is totally helpless in 
such matters. The indications given by the senses. 
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unless interpreted by reason, are utterly unmeaning. 
But when reason and the senses work harmoniously 
together, they open to us an absolutely illimitable 
prospect of mysteries to be explored. This is the test 
of true science — there is no resting-place — each real 
advance discloses so much that is new and easily 
accessible, that the investigator has but scant time to 
co-ordinate and consolidate his knowledge before he 
has additional materials poured into his store. 

To sight without reason, the universe appears to be 
filled with light — except, of course, in places surrounded 
by opaque bodies. 

Reason, controlling the indications of sense, shows us 
that the sensation of sight is our own property ; and 
that what we understand by brightness, etc., does not 
exist outside our minds. It shows us also that the 
sensation of colour is purely subjective, the only differ- 
ence possible between different so-called rays of light 
outside the eye being merely in the extent, form, and 
rapidity of the vibrations of the luminiferous medium. 

To hearing, without reason, the air of a busy town 
seems to be filled with sounds. Reason, interpreting 
the indications of sense, tells us that if we could see the 
particles of air we should observe among them (super- 
posed upon their rapid motions among one another) 
simply a comparatively slow undulation of the nature 
of alternate compressions and dilatations. And our 
classification of sounds as to loudness, pitch, and 
quality, is merely the subjective correlative of what, 
in the air-particles, is objectively the amounts of com- 
pression, the rapidity of its alternations, and the greater 
or less complexity of the alternating motion. 

A blow from a stick or a stone produces pain and a 
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bruise ; but the motion of the stick or stone before it 
reaches the body is as different from the sensation 
produced by the blow as is the alternate compression 
and dilatation of the air from the sensation of sound, 
or the ethereal wave-motion from the sensation of light. 

Hence to speak, as the great majority even of 
* educated ' people do, of what we ordinarily mean by 
light or sound, as existing outside ourselves, is as absurd 
as to speak of a swiftly-moving stick or stone as pain. 
But no inconvenience is occasioned if we announce the 
intention to use the terms light and sound for the 
objective phenomena, and to speak of their subjective 
effects as * luminous impressions,' or * noise,' as the case 
may be. In this case there is outside us energy of 
motion of every kind, but in the n;iind mere correspond- 
ing impressions of brightness and colour, noise or 
harmony, pain, etc. etc. 

As another instance, it is obvious that we must be 
extremely cautious in our interpretation of the immedi- 
ate evidence of our own senses as to heat. 

Touch, in succession, various objects on the table. 
A paper-weight, especially if it be metallic, is usually 
cold to the touch; books, paper, and especially a 
woollen table-cover, comparatively warm. Test them, 
however, by means of a thermometery not by the sense of 
touch, and in all probability you will find little or no 
difference in what we call their temperatures. In fact, 
any number of bodies of any kind shut up in an 
enclosure (within which there is no fire or other source 
of heat), all tend to acquire ultimately the same 
temperature. Why then do some feel cold, others 
warm, to the touch } 

The reason is simply this — the sense of touch does 
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not inform us directly of temperature, but of the rate at 
which our finger gains or loses heat. As a rule, bodies 
in a room are colder than the hand, and heat always 
tends to pass from a warmer to a colder body. Of a 
number of bodies, all equally colder than the hand, that 
one will seem coldest to the touch which is able most 
rapidly to convey away heat from the hand. The 
question, therefore, is one of conduction of heat. And to 
assure ourselves that it is so, reverse the process ; let us^ 
in fact, try an experiment^ though an exceedingly simple 
one; for the essence of experiment is to modify the 
circumstances of a physical phenomenon so as to 
increase its value as a test. Put the paper-weight, the 
books, and the woollen table-cloth into an oven, and 
raise them all to one and the same temperature, con- 
siderably above that of the hand. The woollen cloth 
will still be comparatively cool to the touch, while the 
metal paper-weight may be much too hot to hold. 
The order of these bodies, as to warm and cold in the 
popular sense, is in fact reversed ; and this is so, because 
the hand is now receiving heat from all the various 
bodies experimented on, and it receives most rapidly 
from those bodies which, in their previous condition, 
were capable of abstracting heat most rapidly. How- 
ever it may be in the moral world, in the physical 
universe the giving and taking powers of one and the 
same body are strictly correlative and equal. 

Thus, the direct indications of sense are in general 
utterly misleading as to the relative temperatures of 
different bodies. 

In a baker's oven, at temperatures far above the boil- 
ing point of water (on one occasion even 320° F.) — so 
high indeed that a beef-steak was cooked in thirteen 
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minutes — Tillet in France, and Blagden and Chantrey 
in England, remained^ for nearly an hour in compara- 
tive comfort. But though their clothes gave them no 
great inconvenience, they could not hold a metallic 
pencil-case without being severely burned. 

On the other hand, great care has to be taken to 
cover with hemp, or wool, or other badly conducting 
substance, every piece of metal which has to be handled 
in the intense cold to which an Arctic Expedition is 
subjected; for contact with very cold metal produces 
sores almost undistinguishable from bums, though due 
to a directly opposite cause. Both of these phenomena, 
however, ultimately depend on the comparative facility 
with which heat is conducted by metals. 

Even, from the instance just given, you cannot fail to 
see that there is a profound distinction between heat 
and temperature. Heat, whatever it may be, is SOME- 
THING which can be transferred from one portion of 
matter to another ; the consideration of temperatures 
is virtually that of the mere CONDITIONS which deter- 
mine whether or not there shall be a transfer of heat, 
and in which direction the transfer is to take place. 
Bear this carefully in mind, because it has most im- 
portant analogies to the results we meet with in con- 
sidering the nature of Force. 

It has been definitely established by modern science | 
that heaty though not material^ has objective existence in ' 
as complete a sense as matter has. 

This may appear, at first sight, paradoxical ; but we 
must remember that so-called paradoxes are merely 
facts as yet unexplained, and therefore still apparently 
inconsistent with others already understood in their 
full significance. 
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When we say that matter has objective existence, we 
mean that it is something which exists altogether inde- 
pendently of the senses and brain-processes by which 
alone we are informed of its presence. An exact or 
adequate conception of it, if it could be formed, would 
probably be something very different from any concep- 
tion which our senses will ever enable us to form ; but 
the object of all pure physical science is to endeavour 
to grasp more and more perfectly the nature and laws 
of the external world, using the imperfect means which 
are at our command — ^reason acting as interpreter as 
well as judge, while the senses are merely the witnesses, 
who may be more or less untrustworthy and incom- 
petent, but are nevertheless of inconceivable value to 
us, because they are our only available ones. 

Without further discussion we may state once for all, 
that our conviction of the objective reality of matter is 
based mainly upon the fact, discovered solely by experi- 
merits that we cannot in the slightest degree alter its 
quantity. We cannot destroy, nor can we produce, even 
the smallest portion of matter. But reason requires us 
to be consistent in our logic ; and thus, if we find any- 
thing else in the physical world whose quantity we 
cannot alter, we are bound to admit it to have objective 
reality as truly as matter has, however strongly our 
senses may predispose us against the concession. . Heat 
therefore, as well as Light, Sound, Electric Currents, 
etc., though not forms of matter, must be looked upon as 
being as real as matter, simply because they have been 
found to be forms of energy — which in all its constant 
mutations satisfies the test which we adopt as con- 
clusive of the reality of matter. We shall find that this 
test fails when applied to Force. 
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But you must again be most carefully warned to dis- 
tinguish between heat and the mere sensation of warmth ; 
just as you distinguish between the motion of a cudgel 
and the pain produced by the blow. The one is the 
thing to be measured, the other is only the more or less 
imperfect reading or indication given by the instrument 
with which we attempt to measure it in terms of some 
one of its effects. So that when your muscular sense 
impresses on you the notion that you are exerting force, 
as in pushing or pulling, you ought to be very cautious 
in forming a judgment as to what is really going on ; 
and you ought to demand much further evidence before 
admitting the objective reality of force. 

Until all physical science is reduced to the deduc- 
tion of the innumerable mathematical consequences of 
a few known and simple laws, it will be impossible to 
altogether avoid some confusion and repetition, whatever 
be the arrangement of its various parts which we adopt 
in bringing them before a beginner. But when we 
confine ourselves to one definite branch of the subject, 
all of whose fundamental laws can be distinctly formu- 
lated, there need be no such confusion. Here, in fact, 
the mathematician (who, be it most carefully observed, 
does not necessarily deal with algebraic symbols) has 
it all in his own hands. He is the skilled artificer with 
his plan and his trowel, and the hodmen have handed 
up to him all the requisite bricks and mortar. 

* That which is properly called Physical Science is the 
knowledge of relations between natural phenomena 
and their physical antecedents, as necessary sequences 
of cause and effect ; these relations being investigated 
by the aid of mathematics — that is, by a method in 
which processes of reasoning, on all questions that can 

z 
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be brought under the categories of quantity and of 
space-conditions, are rendered perfectly exact, and 
simplified, and made capable of general application 
to a degree almost inconceivable by the uninitiated, 
through the use of conventional symbols. There is 
no admission for any but a mathematician into this 
school of philosophy. But there is a lower department 
of natural science, most valuable as a precursor and 
auxiliary, which we may call scientific phenomenology ; 
the office of which is to observe and classify phenomena, 
and by induction to infer the laws that govern them. 
As, however, it is unable to determine these laws to be 
necessary results of the action of physical forces, they 
remain merely empirical until the higher science in- 
terprets them. But the inferior and auxiliary science 
has of late assumed a position to which it is by no 
means entitled. It gives itself airs, as if it were the 
mistress instead of the handmaid, and often conceals 
its own incapacity and want of scientific purity by 
high-sounding language as to the mysteries of nature. 
It may even complain of true science, the knowledge 
of causes, as merely mechanical. It will endue matter 
with mysterious qualities and occult powers, and 
imagines that it discerns in the physical atom, "the 
promise and potency of all terrestrial life."' ^ 

Whether there is such a thing as Force or not, I 
shall consider presently. But in the meanwhile there 
can be no doubt that it is a convenient term, provided 
it be employed in one definite sense, and one only. 
Let us then first see how it is to be correctly used. 
Here we cannot but consult Newton. The sense in 
which he uses the term Vis Impressa, the Latin equi- 

^ Church Quarterly y April 1876. 
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valent of the scientific word ' Force/ and therefore the 
sense in which we must continue to use it if we desire 
to avoid intellectual confusion, will appear clearly from 
a brief consideration of his simple statement of the 
Laws of Motion. 

The first of these Laws is : — Every body continues in its 
state of rest or of uniform motion in a straight line^ except 
in so far as it is compelled by forces to change that state. 

In other words, any change whether in the direction 
or in the rate of motion of a body is attributed to Force. 
Thus a stone let fall moves quicker and quicker, and we 
say that a force (viz. the weight of the stone or the earth's 
attraction for it) is continually acting so as to increase 
the rate of the motion. If the stone be thrown upwards, 
the rate of its motion continually diminishes, and we say 
that the same Force (the stone's weight) is continually 
acting so as to produce this diminution of speed. So 
far, none of you probably feels the least difficulty. But 
we have got only half of the information on this point 
which Newton's First Law affords. You see the moon 
revolving about the earth, and the earth and other 
planets revolving about the sun — approximately at 
least in circles — why is this ? Their directions of motion 
are constantly changing — in fact, a curved line is merely a 
line whose direction changes from point to point, while a 
straight line is one whose direction does not change — but 
to produce in a body this change of direction of motion 
Force is required just as much as to produce change of 
speed. That is supplied by the gravitation attraction of 
the central body of the system. The old notion was that 
a centripetal Force was required to balance the so-called 
centrifugal Force, it being imagined that a body moving 
in a circle had a tendency to fly outwards from the 
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centre! Newton's simple Law exposes fully the ab- 
surdity of this. If a body is to be made to move in a 
curved line instead of its natural straight path, you must 
apply Force to compel it to do so ; certainly not to 
prevent it from flying outwards from the centre about 
which it is for the moment revolving. In fact, the Vis 
Inertiae, now called Inertia {not, mark you, The Force 
of Inertia), implies, not revolutionary activity, but dogged 
perseverance ; and just as you must apply force in the 
direction of motion to change the rate of motion, so 
must you apply force perpendicular to the direction of 
motion to change that direction, 

Newton's Second Law is now required : Change of 
/^ motion is proportional to the force, and takes place in the 
direction of the straight line in which the force cu:ts, 

Mark here most carefully that this simple law (upon 
which the Parallelogram of Forces depends) holds for all 
kinds of force alike. There is no special law for gravita- 
tion-force, and others for electric and magnetic forces. 
All are defined alike, without reference to their origin. 

Motion, as Newton has previously defined it, is here 
I used as a technical scientific term for what we now call 
momentum. It is the product of the mass moving into 
the velocity with which it moves. * Change of motion,' 
therefore, is change of momentum or the product of the 
mass of the moving body into its change of velocity. 
Now, a change of velocity is itself a velocity, as we see 
by the science of mere motion — kinematics, the purely 
mathematical science of mixed space and time. 

Newton's words, however, imply more than this. Of 
course, the longer a given force acts the greater will be 
the change of momentum which it produces ; so that to 
compare forces, which is the essence of the process of 
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measuring them, we must give them equal times to act, 
or, in scientific language, we must measure a force by 
the rate at which it produces change of momentum. 
Rate__ofchange of velocity is called in kinematics Acr 
celera tion. Thus the measure of a force is the product 
oTuie mass of the body moved into the acceleration 
which the force produces in it. This is the so-called 
Vis Matrix Impressa^ the 'moving force' of the 
Cambridge text-books — the Vis Acceleratrix or so- 
called * accelerating force ' being really no force at all, 
but another name for the kinematical quantity Ac- 
celeration which I have just defined. 

Unit force is thus that force which, whatever be its 
source^ produces unit momentum in unit of time. If we 
employ British units — unit of force is that which, in one 
second, gives to one pound of matter a velocity of one 
foot per second. Here you must carefully notice that 
2l pound oi mstt^r is a certain mass or quantity of matter. 
When you buy a pound of tea you buy a quantity of 
the matter called tea equal in mass to the standard 
pound of platinum. The idea of weight does not enter 
primarily into the process. In fact, the use of an ordinary 
balance depends upon one clause of Newton's Law of 
Gravitation, which tells us that in any locality whatever 
the weights of bodies are equal if their masses are equal. 
The weight of a pound of matter varies from place to 
place on the earth's surface ; it depends on the attracting 
as well as the attracted body. The mass of a body is 
its own property. The earth's attraction for a body, or 
the weight of the body, is a force which produces in it 
in one second a velocity which (in this latitude, and at 
the sea-level) is about 32*2 feet per second. So that in 
Glasgow the weight of a pound, which we take as our 
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Standard of mass, is rather more than 32 units of force — 
or, what comes to the same thing, the British unit of 
force is about the former limit of weight of a penny- 
letter — ^that of half an ounce. 

Some people are in the habit of confounding force 
with momentum. No one having sound ideas of even 
elementary mathematics could be guilty of this or any 
similar monstrosity. He would as soon, as Hopkins 
used to say, measure heights in acres, or arable land in 
cubic miles. But to show to a non-mathematician that 
it is really monstrous to confound force and momentum, 
it suffices to change the system of units employed in 
measuring them, when it will be found that, if numeri- 
cally equal for any one system of units, they are neces- 
sarily rendered unequal by a mere change of the unit 
employed for time. Now two things which are really 
• equal to one another must necessarily be expressed by 
the same numerical quantity whatever system of units 
be adopted. Let us try, then, unit of force and unit of 
momentum, as defined by pound, foot, second, units, 
and see what alterations a common change of these 
fundamental units will make in their numerical ex- 
pression. 

Unit momentum is that of one pound of matter moving 

with a velocity of one foot per second. Unit force is 

that force which, acting for one second, produces in 

unit of mass a velocity of one foot per second. In each 

j of these statements you may put an ounce or a ton 

\ instead of a pound, and an inch or a mile in place of a 

' foot, and their relative value will not be altered. But 

suppose we take a minute instead of a second as the 

unit of time. One foot per second is 60 feet per minute, 

so this change of the time unit increases sixty-fold the 
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nominal value of the momentum considered. But in 
the case of the force our statement would stand thus : — 
What we formerly called unit of force is that which, 
acting for one-sixtieth only of our new unit of time, 
produces in a mass of one pound sixty-fold the new unit 
of velocity. In other words, the number expressing the 
momentum is increased sixty-fold, while that represent- 
ing the force is increased three thousand six hundred 
fold. 

In fact, whatever be the system of units you employ, 
if you increase in any proportion the unit of time, the 
measure of a momentum is increased in that proportion 
simply, while that of a force is increased in the duplicate 
ratio. The two things are, therefore, of quite dissimilar 
nature, and cannot lawfully be equated to one another 
under any circumstances whatever. The mathematician 
expresses this distinction at once by saying that Momen- 
tum is the Time-Integral of Force, because force is the 
rate of change of Momentum. 

But what I have already said as to the meaning of 
Newton's two first laws leaves absolutely no doubt as to 
the only definite and correct meaning of the word Force. 
It is obviously to be applied to any pull, push, pressure, 
tension, attraction or repulsion, etc., whether applied by 
a stick or a string, a chain or a girder, or by means of 
an invisible medium such as that whose existence is 
made certain by the phenomena of light and radiant 
heat, and which has been shown with great probability 
to be capable of explaining the phenomena of electricity 
and magnetism. 

I have already mentioned to you that the notion of 
force is suggested to us by the so-called muscular sense, 
which gives us a peculiar feeling of pressure when we 
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attempt to move a piece of matter. To get a notion of 
what it really means we must again have recourse to 
physical facts, instead of the uncontrolled evidence of 
the senses. Almost all that is required for this purpose 
is summed up for us in the remaining law of Motion. 
Before we take it up, however, let us briefly consider 
the position at which we have arrived. 

We have seen how to get rid of two gratuitous 
absurdities : — ^the so-called Centrifugal Force, and 
Accelerating Force; and we must proceed to exter- 
minate Living Force. Cormoran and Blunderbore 
have been disposed of, but a more dangerous giant 
remains. More dangerous, because he is a reality, 
not a phantom like the other two. Whatever force 
may be, there is no such thing as Centrifugal Force ; 
and Accelerating Force is not a physical idea at all. 
But that which is denoted by the term Living Force, 
though it has absolutely no right to be called force, is 
something as real as matter itself. To understand its 
nature we must have recourse to another quotation 
from the Principia. 

Newton's Third Law of Motion is to the effect that 
— To every action there is always an equal and contrary 
reaction ; or^ the mutual actions of any two bodies are 
always equal and oppositely directed. 

This law Newton first shows to hold for ordinary 
pressures, tensions, attractions, impacts, etc., that is for 
forces exerted on one another by two bodies ; or their 
time-integrals. And when he says — If any one presses 
a stone with his finger, his finger is pressed with an 
equal and opposite force by the stone, we- begin to 
suspect that force is a mere name — a convenient abs- 
traction — not an objective reality. 
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Pull one end of a long rope, the other being fixed. 
You can produce a practically infinite amount of force, 
for there is stress across every section throughout the 
whole length of the rope. Press upon a moveable piston 
in the side of a vessel full of fluid. You produce a 
practically infinite amount of force, for across every ideal 
section of the liquid a pressure per square inch is pro- 
duced equal to that which you applied to the piston. 
Let go the rope, or cease to press on the piston, and all 
this practically infinite amount of force is gone ! 

The only man who, to my knowledge, ever tried to 
discover experimentally what might be correctly called 
Conservation of Force was Faraday. He was not 
satisfied with the mode of statement of Newton's law 
of gravitation, in which the mutual attraction between 
two bodies is said to VARY inversely as the square of 
their distance from one another. When the distance 
between two bodies is doubled their mutual attraction 
falls off to one-fourth of what it formerly was. Faraday 
seriously set to work to determine what became of the 
three-fourths which have disappeared, but all his skill 
was insufficient to give him any result. Faraday's 
insight was so profound that we cannot assert that some- 
thing may not yet be discovered by such experiments ; 
but it will assuredly not be a conservation of force. 

But Newton proceeds to point out that there is an- 
other and much higher sense in which his statement is 
true. He says : — 

^ If the action of an agent be measured by the product 
of its force into its velocity ; and if similarly , the reaction 
of the resistance be measured by the velocities of its several 
parts into their several forces^ whether these arise from, 
friction^ cohesion, weight, or acceleration; — action and 
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reaction^ in all combinations of machines^ will be equal 
and opposite^ 

The actions and reactions which are here stated to 
be equal and opposite, are no longer simple forces, but 
the products of forces into their velocities, ix, they are 
what are now called Rates of doing Work ; the time- 
rate of increase, or the increase per second of a very 
tangible and real SOMETHING : — for the measurement of 
which rate Watt introduced the practical unit of a 
horse-power^ or the rate at which an agent works when 
it lifts 33,000 pounds one foot high per minute against 
the earth's attraction. 

Now, think of the difference between raising a 
hundredweight and endeavouring to raise a ton. With 
a moderate exertion you can raise the hundredweight 
a few feet, and in its descent it might be employed to drive 
machinery y or to do some other species of work ; but tug 
as you please you will not be able to lift the ton, and 
therefore after all your exertion it will not be capable 
of doing any work by descending again. 

Thus it appears that force is a mere name ; and that 
^^ product of a force into the displacement of its point of 
application has an objective existence. [Even those who 
are so metaphysical as not to see that the product of a 
mere name into a displacement can have objective exist- 
ence, may perhaps see that the quotient of a horse- 
power by a velocity is not likely to be more than a mere 
name.] In fact, modern science shows us that force is 
merely a convenient term employed for the present (very 
usefully), to shorten what would otherwise be cumbrous 
expressions ; but it is not to be regarded as a thing any 
more than the bank rate of interest (be it two, two and a 
half, or three per cent.) is to be looked upon as a sum of 
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money, or than the birth-rate of a country is to be looked 
upon as the actual group of children bom in a year. 
Another excellent instance is to be had from the rain- 
fall. We say rain fell on such a day at the rate of an 
inch in twenty-four hours. What can be an inch of 
rain } especially when we mean a linear not a cubic 
inch. But there is no confusion or absurdity here. 
What is implied is, that, if it had gone on raining at 
that rate for twenty-four hours, and if the rain (like 
snow) remained where it fell, the ground would have 
been coated to the depth of an inch. 

In fact, a simple mathematical operation shows us 
that it is precisely the same thing to say : — 

The horse-power of an agent, or amount of work done 
by the agent in ecLch second, is the product of the force into 
the average velocity of the agent^ 
and to say : — 

Force is the rate at which an agent does work per 
unit of length. 

In the special illustration of Newton's words which I 
have just given, the resistance was a weight, that of a 
hundredweight or of a ton. When the resistance was 
overcome, work was <ione, and it was stored up for 
use in the raised mass — in a form which could be 
made use of at any future time. 

Following a hint given by Young, we now employ ^ 
the term En ergy to signify the power of doing work, 
in whatever t hatj^owQXja^y consist. The raised mass, 

' [I have slightiy altered this sentence so as to meet the preposterous 
charge, made by some of my critics, that I spoke here of the * horse-power 
done in a second ' 1 The preternatural acumen, required to make this 
discovery, ought to have been carefully reserved for some altogether 
illegible inscription in some unknown language.] • 
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f then, we say possesses in virtue of its elevation an 
amount of energy precisely equal to the work spent 
in raising it This dormant, or passive, form, is called 
Pote ntial Energy. Excellent instances of potential 
energy are supplied by water at a high level, or with a 

* head,' as it is technically called, in virtue of which it 
can in its descent drive machinery — by the wound-up 
'weights' of a clock, which in their descent keep it 
going for a week — by gunpowder, the chemical affini- 
ties of whose constituents are called into play by a 
spark, etc., etc. 

Another example of it is suggested by the word 

* Cohesion ' employed in Newton's statement, and which 
must be taken to include what are called molecular 
forces in general, such as, for instance, those upon which 
the elasticity of a solid depends. 

When we draw a bow we do work, because the place 
of application of the force exerted has a velocity ; but 
the drawn bow (like the raised weight) has, in potential 
energy, the equivalent of the work so spent. That can 
in turn be expended upon the arrow ; and what then ? 

Turn again to Newton's words, and we see that he 
speaks of one of the forms of resistance as arising from 

* acceleration.' In fact, the arrow, by its inertia, resists 
being set in motion ; work has to be spent in propelling 
it ; — but the moving arrow has that work in store in 
virtue of its motion. It appears from Newton's 
previous statements that the measure of the rate at 
which work is spent in producing acceleration is the 
product of the momentum into the acceleration in the 
direction of motion^ and the energy produced is measured 
by half the ^ product of the mass into the square of the 
velocity produced in it This active form is called 
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Kinetic Energy, and it is the double of this to which 
the term Vis Viva^ erroneously translated Living Force^ 
has been applied. 

As instances of ordinary Kinetic Energy, or of mixed 
kinetic and potential energies, take the energy of 
a current of water, capable of driving an undershot 
wheel ; of winds which also are used for driving ma- 
chinery ; the energy of water-waves or of sound-waves ; 
the radiant energy which comes to us from the sun, 
whether it affect our nerves of touch or of sight (and 
therefore be called radiant heat or light) or produce 
chemical decomposition, as of carbonic acid and water 
in the leaves of plants, or of silver salts in photography 
(and be therefore called actinism); the energy of 
motion of the particles of a gas, upon which its pressure 
depends, etc. [When the motion is vibratory the 
energy is generally half potential, half kinetic] 

These explanations and definitions being premised, 
we can now translate Newton's words (without altera- 
tion of their meaning) into the language of modern 
science, as follows : — 

Work done on any system of bodies (in Newton's state- 
ment, the parts of any machine) has its equivalettt in 
work done against friction, molecular forces, or gravity, 
if there be no acceleration; but if there be acceleration, 
part of the work is expended in overcoming the resistance 
to acceleration, and the additional kinetic energy developed 
is equivalent to the work so spent. 

But we have just seen that when work is spent against 
molecular forces, as in drawing a bow or winding up a 
spring, it is stored up as potential energy. Also it is 
stored up in a similar form when done against gravity, 
as in raising a weight 
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Hence it appears that, according to Newton, when- 
ever work is spent, it is stored up either as potential or 
as kinetic energy — except possibly in the case of work 
done against friction, about whose fate he gives us no 
information. Thus Newton expressly tells us that 
(except possibly when there is friction) energy is inde- 
structible — it is changed from one form to another, and 
so on, but never altered in quantity. To make this 
beautiful statement complete, all that is requisite is to 
know what becomes of work done against friction. 

Here, of course, experiment is requisite. Newton, 
unfortunately, seems to have forgotten that savage men 
had long since been in the habit of making it whenever 
they wished to procure fire. The patient rubbing of 
two dry sticks together, or (still better) the drilling of a 
soft piece of wood with the slightly blunted point of a 
hard piece, is known to all tribes of savages as a means 
of setting both pieces of wood on fire. Here, then, 
heat is undoubtedly produced, but it is prodticed by the 
expenditure of work. In fact, work done against friction 
has its equivalent in the heat produced. This Newton 
failed to see, and thus his grand generalisation was left, 
though on one point only, incomplete. The converse 
transformation, that of heat into work, dates back to 
the time of Hero at least. But the knowledge that a 
certain process will produce a certain result does not 
necessarily imply even a notion of the * why ; ' and Hero 
as little imagined that in his aeolipile heat was converted 
into work, as do savages that work can be converted into 
heat. 

But whenever any such conversion or transference 
takes place, there is necessarily motion ; and the mere 
rate of conversion or transference of energy per unit 
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length of that motion is in the present state of science 
very conveniently called Force. No confusion can arise 
from using such a word in such a sense. On the contrary, 
there is always a gain in clearness, when compactness 
can lawfully be introduced. 

Rumford and Davy, at the very end of last century, 
by totally different experimental processes, showed con- 
clusively that the materiality of heat could not be 
maintained; and thus gave the means of completing 
Newton's statement, which, still further extended and 
generalised, rather more than thirty years ago, by the 
magnificent experimental work of Colding and Joule, 
now stands as one massive pillar of the fast-rising temple 
of Science — known as the law of the Conservation of 
Energy. 

The conception of kinetic energy is a very simple one, 
at least when visible motion alone is involved. And 
from motion of visible masses to those motions of the 
particles of bodies whose energy we call Heat, is by no 
means a very difficult mental transition. Mark, how- 
ever, that heat is not the mere motions, but the energy 
of these motions — a very different thing, for heat and 
kinetic energy in general are no more ' modes of motion ' 
than potential energy of every kind (including that of 
unfired gunpowder) is a *mode of rest T In fact, a 
* mode of motion^ is, if the word motion be used in its 
ordinary sense, purely kinematical, not physical : — and, 
if motion be used in Newton's sense, it refers to momen- 
tum, not to energy. 

The conception of potential energy, however, is not 
by any means so easy or direct. In fact, the apparently 
direct testimony of our muscular sense to the existence 
of force, makes it at first much easier for us to conceive 
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of force than of potential energy. Why two masses of 
matter possess potential energy when separated — in 
virtue of which they are conveniently said to attract one 
another — is still one of the most obscure problems in 
physics. I have not now time to enter on a discussion 
of the very ingenious idea of the ultramundane Cor- 
puscles, the outcome of the lifework of Le Sage, and the 
only even apparently hopeful attempt which has yet 
been made to explain the mechanism of Gravitation. 
The most singular thing about it is that, if it be true, it 
will probably lead us to regard all kinds of energy as 
ultimately Kinetic. 

And a curious quasi-metaphysical argument ipay be 
raised on this point, of which I can give only the 
barest outline. The mutual convertibility of Kinetic and 
Potential energy shows that relations of equality (though 
not necessarily of identity) can exist between the two ; 
and thus that their proper expressions involve the same 
fundamental units and in the same way. Thus, as we 
have already seen that kinetic energy involves the unit 
of mass and the square of the linear unit directly, 
together with the square of the time unit inversely ; the 
same must be the case with potential Energy. And it 
seems very singular that pofential energy should thus 
essentially involve the unit of time if it do not ultimately 
depend in some way on energy of motion. 
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CLASSIO6. 

ELEMENTARY CLASSICS, 

•f ^):| %^\%^ ^^W^ ^^Q ^^^ Classes— 

(i) First Reading Books for Beginners, provided not 
o»Iy^^(h intro^luciions and Noted, but with 
VocabuJ^ries^ and in fom^ cases witl^ Exercises 
b^oa HRQrj tte Text .. ' 

<*) Stepcpinf^oiiefi to the study of particular authors^ 
intended for w>re a4v^iiced studfents who are beginning 
to read isuph authors as Terence, Plato, the Atfic Dramatists, 
and the harder part* 0/ Cicero, Horace, Virgil, and 
Ttiucydidcs. 

These are provided with Introductions and Notes, but 
po Viocabulary. The Publishers have been led to pro- 
vide the more Strictly Elementary Books with Vocabularies 
by the representations of many teachers, who hold that be- 
gini^ers do hot understand the use of a Dictionary, and of 
other^ wtw, ip the case of middlp-tlass schools where the 
coat of books 15 a seriou? consideration, advocate the 
Vofzabu^Sfy syst^^ on groumds of economy. It is Vo^^ 
that! the two parts of tihe Series, fitting into one another, 
niay together fiilfil all the requirements of Elementary and 
Preparatory Schools, and the Lower Forms of Publiq 
Schools. 
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The foilowins Elementary Books, with Introductions, 
Notes, and Vocabularies, and in some cases with 
Exercises, are either ready or in preparation: — 



Aeschylus.— PROMETHEUS VINCTUS. Edited by Rev. H. 
M. Stephenson, M.A. 

Arrian. — selections. Edited for the use of Schools, with 
Introduction, Notes, Vocabulary, and Exercises, by John Bond, 
M.A., and A. S. Walpole, M.A. 

Aulas Gellius, 3tOries from. Being Selections and 
Adaptations from the Nodes Atticae, Edited, for the use of 
Lower Forms, by Rev. G. H. Nall, M.A., Assistant Master 
in Westminster School. 

Caesar ^THE Helvetian war. Being Selections from 

Book I. of the *' De Bello Gallico." Adapted for the use of 
Beginners. With Notes, Exercises, and Vocabulaxy, by W. 
Welch, M.A., and C. G. Duffield, M.A. 

THE INVASION OF BRITAIN. Being Selections from Books 
IV. and V. of the " De Bello Gallico." Adapted for the nse of 
Beginners. With Notes, Vocabulary, and Exercises, by W. 
Welch, M.A., and C. G. Duffield, M.A. 

THE GALLIC WAR. BOOK I. Edited by A. S. Walpole, 
M.A. 

THE GALLIC WAR. BOOKS IL and IIL Edited by the 
Rev. W. G. Rutherford, M.A., LL.D., Head-Master of West- 
minster. 

THE GALLIC WAR. BOOK IV. Edited by Clement Bryans, 
M. A., Assistant-Master at Dulwich CoU^e. 

THE GALLIC WAR. SCENES FROM BOOKS V. and VI. 
Edited by C. Colbeck, M.A., Assistant- Master at Harrow; 
formerly Fellow of Trinity College, Cambridge. 

THE GALLIC WAR. BOOKS V. and VI. (sepaiately). By 
the same Editor. Book V. ready. Book VI. in preparation, 

THE GALLIC WAR. BOOK VII. Edited by John Bond, 
M. A., and A. S. Walpole, M.A. 

Cicero. — de SENECTUTE. Edited by E. S. Shuckburoh, 
M. A., late Fellow of Emmanuel College, Cambridge. 
DE AMICITIA. By the same Editor. 

STORIES OF ROMAN HISTORY. Adapted for the Use of 
Beginners. With Notes, Vocabulary, and Exercises, by the Rev. 
G. £. Jeans, M.A., Fellow of Hertford College, Oxford, and 
A. V. Jones, M.A. ; Assistant-Masters at Haileybury College. 

ButropiuS. — Adapted for the Use of B^ianers. WUh Notes, 
Vocabulary, and Exercises, by William Welch, M.A., and C. 
G. Duffield, M.A., Assistant-Masters at Surrey County School^ 
Cranleigh. 

Homer. — ILIAD. BOOK l. Edited by Rev. John Bond, M.A., 
and A. S. Walpole, M.A. 
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Homer— ILIAD, bookxviil the ARMSOFACHILLES. 

Edited by S. R. James, M. A., Assistant-Master at Eton College. 
ODYSSEY. BOOK I. Edited by Rev. JOHN Bond, M. A. and 
A* S. WAtPOLE, M.A. 

Horace* — odes, books L— I v. Edited by T. E. Pacje, M. A., 
late Fellow of St. John's College, Cambridge ; Assistant- Master 
at tiie Cbarterhouse. Each is. 6d, 

Latin Accidence and Exercises Arranged for Be- 

GINNERS. By William Welch, M.A., and C. G. Duffield, 
M.A., Assistant Masters at Surrey County School, Cranleigh. 

Livy. — book I. Edited by H. M. Stephenson, M.A., late 
Head Master of St. Peter's School, York. 

BOOKS XXI. and XXII. (separately), with Notes adapted 
from Mr. Capes' Edition, for the use of junior students, and with 
Vocabularies by J. E» MeluuisB, M.A., Assistant- Master in St. 
Paul's School. [In preparation. 

THE HANNIBALIAN WAR. Being part of the XXI. and 
XXII. BOOKS OF LIVY, adapted for the use of beginners, 
by G. C. Macaulav, M.A., late Fellow of Trinity College, 
Cambridge. 

THE SIEGE OF SYRACUSE. Being part of the XXIV. and 
XXV. BOOKS OF LIVY, adapted for the use of beginners. 
With Notes, Vocabulary, and Exercises, by Gbor,ge Richards, 
M.A., and A. S. Walpole, M.A. 

LEGENDS OF EARLY ROME. Adapted for the use of begin- 
ners. With Notes, Exercises, and Vocabulary, by Herbert 
Wilkinson, M.A. [In preparation. 

Lucian.— EXTRACTS FROM LUC IAN. Edited, with Notes, 
Exercises, and Vocabulary, by Rev. John Bond, M.A.9 and 
A. S. Walpole, M.A. 

NepOS.— SELECTIONS ILLUSTRATIVE OF GREEK AND 
ROMAN HISTORY. Edited for the use of beginners with 
Notes, Vocabulary and Exercises, by G.'S. Farnell, M.A. 

Ovid. — SELECTIONS. Edited by E. S. Shuckburgh, M.A. 

late Fellow and Assistant-Tutor of Emmanuel College, Cambridge. 
EASY SELECTIONS FROM OVID IN ELEGIAC VERSE. 

Arranged for the use of Beginners with Notes, Vocabulary, and 

Exercises, by Herbert Wilkinson, M.A. 
STORIES i'-ROM THE METAMORPHOSES. Edited for the 

Use of Schools. With Notes, Exercises, and Vocabulary. By 

J. Bond, M. A., and A. S. Walpole, M.A. 

Phfiedrus.— SELECT FABLES. Adapted for the Use of Be- 
ginners. With Notes, Exercises, and Vocabularies, by A. S. 

Walpole, M.A. 

Thucydides.— THE RISE OF THE ATHENIAN EMPIRE. 
BOOK I. cc. LXXXIX. — CXVIL and CXXVIU. — 
CXXXVIII. Edited with Notes, Vocabulary and Exercises, by F. 
H. COLSOK, M. A., Senior Classical Master At Bradford Grammar 
School ; Fellow of St. John's College, Cambridge. 
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VirgiL— iENEID. BOOK I. Edited by A, S. WALPOLt; MX 
MtitZID. BOOK IL Edited bgr T. £. Pagb, M.A., Assiiitant- 

Master at the Charterhoose. 
^NEID. BOOKIIL t^tedhjT.E.?jiii3fL,U.A.[&jMpafotion. 
iGNEID. BOOK IV. EdUed 1^ Rer. IL M« SrwssraH 

^NEID. BOOK V. Edited by Uev. A, CA|.TWIi. U.A., 

late Fellow of St. John's X^oHege, Cfimbridg?' . . - ,'^. • 
ANEID. book VI. lidlted by T. E. JPaSk, UX '' 
iENEID. BOOK VIL Edited by A. CALvfekT, Kt.A. ^ 

iENEID. BOOK IX. Editfcd by Rev. H. M. STKPtinBNsS^ 

M.A. 
GEORGICS. BOOK L Edited bjr T. E. Page, M.A, 

f /» pti^rution. 
SELECTIONS. Edited bt E. S. StrtrGK^uHOH, M.A. 

Xenophon.— ANABASIS. BOOK L Edited . by Ai . S. 

Walpole, M.A. ; .... 

ANABASIS. BOOlC I. Chaps. I. —VIJl. for tj»e usg of .fiegiimers, 
with Titles to the Sections, Notes, VdcaSuIary, and ^i^ihs^, by 
E. A. WEI.LS, M.A.y Assistant Master in Di^^m S^opl. 

ANABASIS. BOOK II. Edited by A. $. W^I^POjiE. W,^. 

ANABASIS, SELECTIONS FRp5l BOOiC 1% TW^ RE- 
TREAT OF THE Ten THOUSAl^D. E(^te4 wijh. Notes, 
Vocabulary, and Exerci^es^ by Rev» %. X). Stobti^ M-^i ^ffOi^rly 
Assistant-Master at !^ton. 

SELECTIONS FROM THE CYROPitDIA^ J^^\^ with 
Notes, Vocabulary, and Exercises, by A. H. CopK«| M^^«ft^^^#^ 
tod Lectori of King's College, Cambridge. ' ' T 

ThQ follo^mg mc»e advanced Boeka, ^^ith Ihtre^QElMs 
and Notes, but no Vocabtilstryi are either H4^» ^^ ^ 
preparatiot) : — ^ 

Cicero.— SELECT LETtER§. fe4?ted by ^^., (k E, Jmns, 
M.A., Mlow of .Hertford CoJjegti Oxfordjji^ Aswita»|tMaster 
at ttaileybury ColJegei 

Euripides.— HECUBA. Edited by RfST. Jo^tf BpS$!; ;b^.a. 
and A. S. Walpol*, Kt.A. 

Herodotus.— SELECTIONS tfeoM ^OOKS viL aw vin. 

THE EXPEDITIOlSr pP XERXES; Edited by A^\.(^^fffC^ 
M. A., FeKow and Lecturer of Kln^S College, Cambric(^« 

Mortice. — selections from the . . satirbs ' and 

EPISTLES. Edite^.^y Jf^^t. W- h T- B^M^MUii MjdUA^oi 
' Si . Jo6h''S CpUiegfe, XTibJbridlJ. i >/ .i W / t 

SELECT EPbDE§ Al^g ^I^S POTTJW?*! .84^*^1 t>y H. A. 

DitTON, M, A.^f6nnerly Seffik Stuflbit of gh|3iBt(^^sfex»AM^tant- 

Master in Wfndiester Colteije. • , . , 
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PlatO^— eUTHYPHRO AND MENEXENUS. Edited.Vy C. 3£v 
Graves, M.A,f Classical Lecturer and late Fellow of St. Jphn's 
College, (Jdmbndge. 

Terence.-T-SiCENES Fl^OM, THE ANDRIA. Edited by F. W. 
Cornish, M.A., Assistant-Master at Eton College. 

Tbjc Greek EJegiac Poets.— from callinus to 

CALLIMACHUS. Selected and Edited by Rev. Herbert 
Kynaston, B.D., Principal of Cheltenham College, and formerly 
Fellow of St. John's College, Cambridge. 

ThuwdideS.— BOOK IV. CHS. L— XLI. THE CAPTURE 
OF SPHACTERIA. Edited by C. E. Graves, M.A. 

Virgil.— GEORGICS. BOOK II. Edited by Rev. J. H. Skrine, 
M. A., late Fellow of Merton College, Oxford ; Warden of Trinity 
College, Glenalmond. 

04^ Volume to foUcw, 
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CLASSICAL SERIES 
FOR COLLEGES AND SCHOOLS. 

Feap. 8vo. 

Being select portions of preek and Latin authors, edited 
with Introductions and Notes, for the use of Middle and 
Upper forms of Schools, or of candidates for Public 
Examinations at the Universities and elsewhere. 

Attic Orators.— Selections from ANtlPHON, ANDOCIDES, 

LYSIAS, ISOCRATES, AND ISAEUS. Edited, by R. g. 

Jekb, littD.y LL.D., Professor of Greek in the University 

of Glasgow. Second Edition, dr. 
^SChines. — IN CTBSIPHONTEM, Edited by Rev. T. 
• GwATKiN, M.A., liite Fellow of St. John's College, Cambridge, 

and E. S. Shnckburgh, M.A, \In thejtress, 

^SchyluS, ^-^ PERSit. Edited by A. O. Prickard, M.A. 

Fellow and Tutor of New College, Oxford. With Map. 3j. (>d, 
SEVEN AGAINST THEBES. SCHOOL EDITION. Edited 

by A. W. Vereall, LitwD., Fellow of Trinity College, 

Cambridge, dnd M. A. Bayfield, M.A., Assistant Master at 

Malvern College. 3J. 6^. 

AndooideS. — ^DE MYSTERIIS. Editedby W. J. HiCKlfc, M.A., 
formerly Assistant-Master in Denstone College. 3^. 6</. 

Caesar.— THE GALLIC war. Edited, after Kraner, by Rev. 

John Bond, M. A., and A. S. Walpole, M.A. With Maps. 6j. 
CatuUUs,— SELECT POEMS. Edited t)y F. P. Simpson, B.A., 

late Scholar of Balliol College, Oxford. New and Revised 

J^tion. 5^., The Teipt pf this Edition is carefolly Ad9pl«L to 

School QSf.. 
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Cicero.— THE CATILINE orations. From the Gennan 
of Karl Halm. Edited, with Additions, by A. S. Wilkins» 
Litt.D., I^L.D., Professor of Latin at the Owens CoUege, Man* 
Chester, Examiner of Classics to the University of London. New 
Edition. 3/. 6d, 

PRO LEGE MANILIA. Edited, after Halm, by Professor A. & 
WiLKiNS, Litt.D., LL.D. zr. 6d. 

THE SECOND PHILIPPIC ORATION. From the German 
of Karl Halm. Edited, with Corrections and Additions, 
by John E. B. Mayor, Professor of Latin in the Universtty of 
Cambridge, and Fellow of St. John's College. New Edition, 
revised. 51. 

PRO ROSCIO AMERINO. Edited, after Halm, by E. H. 
DoNKtN, M.A., late Scholar of Lincoln College, Oxford; Assis- 
tant-Master at Sherborne School. 41. 6d, 

PRO P. SESTIO. Edited by Rev. H. A. Holden, M.A., LL.D., 
late Fellow of Trinity College, Cambridge; and late Classical 
Examiner to the University of London. 5^. 

Demosthenes.— DE CORONA. Edited by B. Drake, M.A., 
late Fellow of King's College, Cambridge. New and revised 
Edition, edited by E. S. Shuckburgh, M.A. [In the press. 

ADVERSUS LEPTINEM. Edited by Rev. J. R. King, M.A., 
Fellow and Tutor of Oriel College, Oxford. 4J. 6d. 

THE FIRST PHILIPPIC. Edited, after C. Rehdantz, by Rev. 
T. GwATKiN, M. A., late Fellow of St. John's College, Cambridge. 
2s, 6d, 

IN MIDI AM. Edited by Prof. A. S. WiLKiNS, LittD., LL.D., 
and Herman Hager, Ph.D., of the Owens College, Manchester. 

[/ft preparation, 

Euripides. — HIPPOLYTUS. Edited by J. P. Mahaffy, M. A., 
Fellow and Professor of Ancient History in Trinity College, Dub- 
lin, and J. B. Bury, Fellow of Trinity College, Dublin, jj. 6</. 

MEDEA. Edited by A. W. Verrall, . Litt.D., Fellow and 
Lecturer of Trinity College, Cambridge. 3^. 6^. 

IPHIGENIA IN TAURIS. Edited by E. B. England, M.A., 
Lecturer at the Owens College, Manchester. 4J. td, 

ION. Edited by M. A. Bayfield, M.A., Assistant-Master at 
lilalvern College. \Nearly ready^ 

B ACCH AE. Edited ^ R. Y. Tyrrell, M. A. , Professor of Greek 
in the University of Dublin. [In preparation, 

Herodotus.— BOOK ill. Edited by G. C. Macaulay, M.A., 

formerly Fellow of Trinity College, Cambridge. [In preparation, 

BOOKS V. AND VI. Edited by J. Strachan, M.A., Professor 

of Greek in the Owei^ College, Manchester. [In preparation, 

BOOKS VII. AND VIIL Edited by Mrs. Montagu Butler. 

[In the press. 

Hesiod.— THE WORKS AND DAYS. Edited by W. T. 
Lendrum, Assistant Master in Dulwich College. [In preparation. 



CLASSICAL SERIES. 9 

Homer.— ILIAD, books l, ix., xl, xvl— xxiv. the 

STORY OF ACHILLES. Edited by the late J. H. Pratt, 

M.A., and Walter Leaf, Litt.D., Fellows of Trinity College, 

Cambridge. 6s. 
ODYSSEY. BOOK IX. EditedbyProf. John E.B. Mayor. 2s. Sd. 
ODYSSEY. BOOKS XXL— XXIV. THE TRIUMPH OF 

ODYSSEUS. Edited by S. G. Hamilton, B.A., Fellow of 

Hertford College, Oxford, y. 6d. 

Horace.— THE odes. Edited by T. E. Page, M.A., formerly 
Fellow of St. John's College, Cambridge ; Assistant- Master at 
the Charterhouse. 6s. (BOOKS I., IL, I IL, and IV. separately, 
2s. each.) 

THE SATIRES. Edited by Arthur Palmer, M.A., Fellow of 
Trinity College, Dublin ; Professor of Latin in the University of 
Dublin. 6s* 

THE EPISTLES and ARS POETICA. Edited by A. S. 
Wilkins, LittD., LL.D., Professor of Latin in Owens College, 
Manchester ; Examiner in Classics to the University of 
London. 6s. 

Isaeos.— THE ORATIONS. Edited by William Ridgeway, 
M.A., Fellow of Caius College, Cambridge; and Professor of 
Greek in the University of Cork. [In preparation. 

Juvenal, thirteen satires. Edited, for the Use of 
Schools, by E. G. Hardy, M.A., late Fellow of Jesus College, 
Oxford. 5^. 

The Text of this Edition is carefully adapted to School use. 
SELECT SATIRES. Edited by Professor John E. B. Mayor. 
X. and XL 3J. 6d. XII.~XVL ^. 6d. 

Livy. — BOOKS IL AND HI. Edited by Rev. H. M. Stephenson, 

M.A. 5 J. 
BOOKS XXI. AND XXII. Edited by the Rev. W. W. Capes, 

M.A. Maps. 5/. 
BOOKS XXIII. AND XXIV. Edited by G. C. Macaulay, M.A. 

With Maps. 5j. 

THE LAST TWO KINGS OF MACEDON. EXTRACTS 
FROM THE FOURTH AND FIFTH DECADES OF 
LIVY. Selected and Edited, with Introduction and Notes, by 
F. H. Rawlins, M. A., Fellow of King's College, Cambridge; and 
Assistant-Master at Eton. With Maps. 3^. 6d. 

THE SUBJUGATION OF ITALY. SELECTIONS FROM 
THE FIRST DECADE. Edited by G. E. Marindin, M.A., 
formerly Assistant Master at Eton. ■ \In preparation. 

Lucretiuei. books L— hi. Edited bj J. H. Warburton 
LxE, M.A., late Scholar of Corpus Christi CoU^e, Oxford, and 
Assistaiit-Miaster at Rosiall. 4^. 6d^ 

Lysias.^— SELECT ORATIONS. Edited by E.S. Shuckburgh, 
M.A., late Assistant-Master at Eton College, formerly Fellow and 
Assistant -Tutor of Emmanuel College, Cambridge. New Edition, 
revised, dr. 
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Martial. — select epigrams, Editea by Reyr M. Vl 
Stephenson, M. A. Ne^ Edition, Revived aiad ^lain^o^ 6s* 6d, 

Ovid.— FASTL Edited by G. H. Hallam, M-A., Fellow -<if St 
John's College, Cambridge, and Assisfant-Haster at Hitrow. 
WithMafxs. 5^. 

MEROIDUM EPISTULifi XIIL Edited by E. S. SH<ydiB0ltdH, 

M.A. 4J. 6d, 
TRISTI A. Edited by the same. [fn pre^riUion^ 

METAMORPHOSES. BOOKS L— IlL Edited by C. Simmons, 
M.A. \}n preparation, 

METAMORPHOSES. BOOKS XIIL and XIV, Edited by 
C. Simmons, M.A. 41. 6^. 

Plato. — LACHES. Edited, with Introdactiot and Notes, by M. T. 
Tatham, M.A., formerly Assistant Master at Westminster. 2s, 6d, 
THE REPUBLIC. BOOKS L— V. Edited by T. H. WAitREN, 
M.A., President of St. Mary Magdalen CoUegie, Oxford. 6^. 

PlautUS.— MILES GLORIOSUS. Edited by R. Y. Tyrrell, 
M. A., Fellow of Trinity College, and Regius Professor of Gr^ek in 
the University of Dufaliii. Second Edition Revised. 55. 
AMPHITRUO. Edited by Arthur PaUiBr, M.A., Fellow of 
Trinity College and Regius Professor of Lathi in the University 
of Dublin. [In theprusu 

Pliny.— LETTERS. BOOK III. Edited by Professor John E. B. 
Mayor. With Life of Pliny by G. H. RendalL, M.A. 5JF. 

LETTERS. BOOKS L and IL Edited bj^ J- CowAN, B.A., 
Assistant- Master m the Grammar Scbool^' Manchester. 

\In the ^45$, 

Plutarch.— LIFE OF THEMlSTOkLES: Edited by fev. 
H. A. HoLDEN, M.A., LL.D. 5j. 

Polybius.— THE HISTORY OF THE ACHi9£AN LEAGUE 
AS CONTAINED IN THE REMAINS OF POLYBIUS. 
Edited by W. W. Capes, M.A. 6j. 6^. 

Propertius. — select poems. Edited by Rref^Jsior J* . P. 
PoSTOATB, M.A., Fellow of Trinity College, Cakiibri(^e. Second 
Edition, revised. 6f. 
Sallust. — GATILINA AND JUGURTHA. Edited by C. Meri- 
VALE, D.D., Dean of Ely. New Edition, careftlHy devised and 
enlarged, 4J. &/. Or separAtdy, Ir. 6^. edc^ 
BELLUM CATULINAE. Edited 1^ A. M. CoeK, M.A., Assist- 
ant Master at St. Paul's School. Afi*^ 
JUGURTHA. By the same Editor. Ut^Jftp^^rstkH. 

Tacitus.— AGRICOLA AND GERMANIA. Edltfld by A. J. 
Church, M.A., and W. J. Brod&ibb^ M.A.i Tmnslators of 
Tfioitiia. New Edition, 3J. 6tf, Or separatd^^ «j; *acb* '.' 

THE ANNALS. BOOK VL By the sane Editors. 2a 6«r. ' 
THE HISTORIES. BOOKS I. AND II. Edited by A. D. 
GoDLSY, M.A. 5x. 



CLASSICAL LIBRARY. ti 

Tacitus.— THE HXSTQR.IB3. BOQICS III.— V. By the same 

rajE AJWALS.. bodies L anp IL Editor, ty J, S. Kkid, 
M.L., Litf.D. \In preparation, 

;y^rc^^t5.— HAUTOW TIMORt^MfeNOS. Edited by E. S. 
. . jS«iraRBURGH, M.A. 3J. With Tri«aati6ii, 4ft 6d. 
PHQaj^IQ; E4itBd by fit%. JOHBI BOND, M,A., and A. S. 

Thucydidjes. BOOK IV. Edited- b^ C. Ev Ohaves, M. A., 

£U»n^ . Lecturer, and late Fellow of St. John's College, 
., Caa^bndge, 5r. 

feOOK V, By the ^anae Editor. , \Jn the press, 

BOOKS L, II., AND IIL Edited by C. Bryans, M. A. 

[fn preparaHoiu 
iOOlCS VL AND VIL THE SICILIAN EXPEmTlON. Edited 

Tby the Rev. t^ERCiVAL Frost, M.A.^ late Fellow of St. John's 

College, Cambridge. New Edition, revised and enlarged, with 

Map. S-^. 

•1?lbuimS;--SELfeCT fOEMS. fidited by Professor J. P. 
PbsTGATfi; M.A. \Iti preparation. 

Virgil.— iENEID. • BOOKS It and lit THE NARRATIVE 
OF iENEAS. Edited by E. W. HowsoN, M. A., Fellow of King's 
College, Cambridge, and Assistaiit-I^aster at Harrow. 31. 

Xenophon. — HELLENICA, books I. and II. Edited by 

H; HAiLiTONE, B. A., late Scholar of Peterhouse, Cambridge. 

With Map. 4J. 6rf. 
CYROPifiDIA. BOOKS VIL and VIII. Edited by Alfred 
• Goodwin, M.A., Professor tA Greek in. Utlversity! CoUege, 

Londqii. 5^. 
MEMORABILIA SOCRATIS. Edited by A. R. Cluer, B.A., 

Balliol College, Oxford. 6j. 
TH?: ANABASIS. BOOKS L— IV. Edited by Profepsprs W. W. 

Goodwin and J. \V. WhJte. Adapted to Goodwin's Greek 

Grammar. With a Map. 5^. 
tllE^O. Intr6duction, Summaries, Critical and Explanatory Notes 

and Indices, and Critical Appendix. Edited by Rev. M. A. 

HolDEN, M.A., LL.D. Third Edition, revised. 3<f. ^, 
OECONOMltUSi By the same Editor. With Introduction, 

Explanatory Notes, Critical AppendiJc, and Lexic(m« Fourth 

Edition. 6iu . 

V Qt?iir Vohmes inUl fofl^w. 
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/Eschylus.— THE EUMENIDES. The Greek Text, with 
Introduction, English Notes, and Verse Translation. By ButNARD 
Drake, M.A., late Fellow of Kii^s College, Cambridge. 
8vo. 51. 

AGAMEMNON. Edited, with iDtrodttCtkm and Notes, by A. W. 
Verrall, Litt.D. 8vo. [/» tJU press, 

AGAMEMNON, CHOEPHOROS, AND EUMENIDES. 
Edited, with Introduction and Notes, by A. O. PRICKARD, M.A.« 
Fellow and Tutor of New Coll<^|e^ Oxford. 8vo. 

[In preparaHoH. 

THE "SEVEN AGAINST THEBES." Edited, with Intro- 
duction, Commentary, and Translation, by A. W. Verrall, 
LittD., Fellow of Trinity College, Cambridge. 8vo. ^s. 6d. 

THE SUPPLICES. A Revised Text, with Introduction, Critical 
Notes, Commentary and Translation. By T. G. Tucker, M. A., 
Fellow of St. John's C(^lege, Cambridge, and Professor of Classical 
Philology in the University of Melbourne. 8vo. [In the press, 

Antoninus^ Marcus Aurelius. — BOOK IV. of the 

MEDITATIONS. The Text Revised, with Translation and 
Notes, by Hastings Crossley, M.A., Professor of Greek in 
Queen's College, Belfast. 8vo. 6s, 

Aristotle.— THE METAPHYSICS. BOOK I. Translated by 
a Cambridge Graduate. 8vo. 5^. 

THE POLITICS. Edited, after Svsemihl, by R. D. Hicks, 
M.A., Fellow of Trinity College, Cambridge. 8vo. 

[In the press. 

THE POLITICS. Translated, with Analysis and Critical Notes, 
by Rev. J. £. C. Welldon, M.A., Fellow of King's College, 
Cambridge, and Head-Master of Harrow School. Second Edition, 
revised. Crown 8vo. lOif. 6d, 

THE RHETORIC. Translated, with an Analysis and Critical 
Notes, by the same. Crown 8vo. yj. 6d, 

THE ETHICS. Translated, with an Analysis and Critical Notes, 
by the same. Crown 8va [In preparation, 

AN INTRODUCTION TO ARISTOTLE'S RHETORIC. 
With Analysis, Notes, and Appendices. By £. M. Cope, Fellow 
and Tutor of I'rinity College, Cambridge. 8vo. 141. 

THE SOPHISTICI ELENCHI. With Translation and Notes 
by E. PoSTE, M. A., Fellow of Oriel College, Oxford. 8vo. %s, 6d, 

Aristophanes. — THE BIRDS. Translated into English Verse, 
with Introduction, Notes, and Appendices, by B. H. Kennedy, 
D.D., Regius Professor of Greek in the University of Cambridge. 
Crown 8vo. 6j. Help Notes to the sasM, for the use of 
Students, is.6d. 

Attic Orators.— FROM antiphon to ISAEOS. By 

R. C. Jebb, Litt.D., LL.D., Professor of Greek in the University 
of Glasgow. 2 vols. 8vo. 251. 
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PabnuS.*— Edited, with Introductory Dtssertafions, Critical Notes, 
Commentary and Lexicon. By Rev. W, Gunion Rutherford, 
M. A., LL.D., Head-Master of Westminster. 8vo. 12s. 6d. 

Catullus,— SELECT POEMS. With Commentary lUustrative of 
Roman Social Life. By W. M. Ramsay, M.A., Professor of 
Latin in the University of Aberdeen. [In preparation, 

Cicero. — ^THE ACADEMICA. The Text revised and explained 
by J. S. Reid, M.L., Litt.D., Fellow of Caius College, Cam- 
iMridge. 8vo. 15^. 

THE ACADEMICS. Translated by J. S. Reid, M.L., Litt.D. 
8vo. 5^. 6d, 

SELECT LETTERS. After the Edition of Albert Watson, 
M.A. Translated by G. E. Jeans, M.A., Fellow of Hertford 
College, Oxford, and late Assistant-Master at Haileybury, Second 
Edition. Revised. Crown 8vo. ioj. 6d. 

(See also Classical Series,) 

Euripides. — MEDEA. Edited, with Introduction and Notes, by 
A. W. Verrall, Litt.D. 8vo. 7j. 6d, 

IPHIGENIA IN AULIS. Edited, with Introduction and Notes, 
by E. B. England, M. A. 8vo. [In preparation, 

INTRODUCTION TO THE STUDY OF EURIPIDES. By 
Professor J. P. MahaffV. Fcap. 8vo. is. 6d, {Classical Writers,) 

(See also Classical Series,) 

Herodotus.— BOOKS i.— iiL the ancient empires 

OF the east. Edited, with Notes, Introductions, and Ap- 
pendices, by A. H. Sayce, Deputy-Professor of Comparative 
Philology, Oxford; Honorary LL.D., Dublin. Demy 8vo. i6j. 

BOOKS IV.— IX. Edited by Reginald W. Macan, M.A., 
Lecturer in Ancient History at Brasenose College, Oxford. 8vo. 

\In preparation, 
HERODOTUS. Translated with Introduction, Notes and Indices, 
by G. C. Macaulay, M. A., formerly FelloW of Trinity College, 
Cambridge, and Assistant Master at Rugby. Crown 8vo. 

[/« the press. 

Homer.— THE ILIAD. F^itcd, with Introduction and English 
Notes, by Walter Leaf, Litt.D., late Fdlow of Trinity College, 
Cambridge. 8vo. In Two Volumes. Vol. 1. Books 1. — XII. i^. 
Vol. II. Books XIII.— XXIV. I4r. 

THE ILIAD. Translated into English Prose. By Andrew 
Lang, M.A., Walter Leaf, Litt.D., and Ernest Myers, 
M.A. Crown 8vo. I2s,6d. 

THE ODYSSEY. Done into English by S. H. Butcher, M.A., 
Professor of Greek in the University of Edinburgh, and Andrew 
Lang, M.A., late Fellow of Merton College, Oxford. Seventh 
and Cheaper Editipn, revised and corrected. Crown 8vo. 6s, 

INTRODUCTION TO THE STUDY OF HOMER. By the 
Right Hon. W. E. Gladstone, M.P. i8mo. ts. {Literature 
Ptifners,) 
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Homer.— HOMERIC WCTIONARY. For \jse wScfciipis SSt 
Colleges. ^ Translated from the German of Dr. G. AuTEbjRiETH, 
with Additions and Corrections, by R. t, KEEP, l*h.p# yfi^ 
numeroiu Illustrations. Crown Svo. 6j-. ^^ 

(See also C/assical Stries,) 

Horace.— THE works of horace rendered iN^a 

ENGLISH PROSE. With JntroducUons, RunpiM AngLlysisT 
Notes, &c. By J. Lonsdale, M. A., and S. lee, ALA. (G/ode 
Edition.) y, 6d. 

STUDIES, LITERARY AND HISTORICAL, IN THE 
ODES OF HORACE. By A. W. Verrall, Fellow of Trimty 
Collie, Cambridge. Demy 8vo. Ss, 6d, 

(See also CldssicAl Merits. ) 

Juvenal.— THIRTEEN SATIRES OF JUVENAL. WHh a 
Commentary. By JoHN E. B. MAYOR, M.A*, Professor of Latin 
in the University of Cambridge. Crown 8yo. 

%♦ Vol. I. Fourth Edition, Revised and ^Enlarged. |cJj» 6d, 
Vol. II. Second Edition, los. 6d. 

\* The new matter Consists of an Introduction (pp. 1^*53), Addi- 
tional Notes (pp. 3^3— 46$) and Index (pp. 467— 52^. lilsjJso 
issued separately, as a Supplement to th6 previous edition, dt Jl 

THIRTEEN SATIRES. Translated into English' after the Text 
of J. E. B. Mayor by Alexander Leeper, M^, '^^^^W 
of Trinity Collie, in the University of MelboHrjje. OO^K^^S? 

3^. 6^. / ^ 

{SttdX%o Classical Series^) 

Ktesias.— THE FRAGMENTS OF THg E^I^SIKA ^F 
KTESIAS. Edited with Introductioix a^d Nptes by John 
Gilmore, M.A. 8vo. 8j. 6d, 

Livy. — BOOKS L— IV. Translated by Rev. H.-M. Stephenson, 
M.A., late Head-Master of St. Peter's Seh6ol, York. 

[In ptepar€ition» 

BOOKS XXL— XXV. Translated by Alfred John Church^ 

M.A., of Lincoln College, Oxford, Professor of Lalim; Om^^&fSi^ 

College, London, and William Jackson Br^drtb;^, M.A.^late 

Fellow of St. John's College, Cambridge. Cr, 8vo. 7^. 6df. 

INTRODUCTION TO THE STUDY OF LIVY. By Rev. 
W. W. Capes, Reader in Ancient History at Oxford.' Pcap. fevo. 
ij. 6^. {Classicoi Writers Series.) 

(See also Classical Sei^s,) 

Martial,— BOOKS I. and II. OF THE EPIGRAMS. Edited, 
with' Introduction and Notes, by Professor J. E. B. ^fAYOR,, M.A. 
8vo. l/u the press. 

(See also Classical ^eries.y 

Pausanias.— DESCRIPTION OF GREECE. Translated iy 
J. G. Frazer, M. A., Fellow of Trinity College, Cambridge. 

[In preparation. 
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PhryaithtlS.— THE NEW PHRYNICHUS ; being a Revised ' 
Text of the Ecloga of the Grammarian Phrynichtis. With Intro- 
duction and Commentary by Rev. W. GuNiON Rutherford, 
M.A.. LL.D., Head-Master of Westminster. 8vo. 18^. 

Pindar.— THE EXTANT ODES OF PINDAR. Translated 
info. Ei)g)ish, with an Introduction and short Notes, by Ernest 
Mters, M.A., late Fellow of Wadham College, Oxford. Second 
Edition. Crown 8vo, 5x. 
THE OLYMPIAN AND PYTHIAN ODES. Edited, with an 
Introductory Essay, Notes, and Indexes, by Basil Gildersleeve, 
Professor of Greek in the Johns Hopkins University, Baltimore. 
Crown 8vo. 7^. 6<i, 

Plato. — PHiEDO. Edited, with Introduction, Notes, and Appen- 
dices, by R. D. Archer-Hind, M.A., Fellow of Trinity College. 
Cambridge. 8vo. 8j. 6d, 

TIMAEUS. — Edited, with Introduction, Notes, and a Translation, 

by the same Editor. 8vo. 16;. 
PHjEDO. Edited, with Introduction and Notes, by W. D. Geddes, 

LL.D., Principal of the University of Aberdeen. Second Edition. 

Demy 8vo. %s, 6d. 

THE REPUBLIC OF PLATO. Translated into English, with an 
Analysis and Notes, by J. Ll. Davies, M.A., and D. J. Vaughan, 
M.A. iSmo. 4r. 6d. 

EUTHYPHRO, APOLOGY, CRITO, AND PH^DO. Ttacs- 
latcd by F. J. Church. i8mo. 4J. 6d, 

PH/EDRUS, LYSIS, AND PROTAGORAS. A New and 
Literal Translation, mainly from the text of Bekker. By J. 
W^ RIGHT, M. A., Trinity College, Cambridge. l8mo. 4;. 6^. 

(See also Classical Series!) 

PlautUS. — THE MOSTELLARIA OF PLAUTUS. With Nfltes, 
Prolegomena, and Excursus. By William Ramsay, M.At^ 
formerly Professor of Humanity in the University of Glasgow. 
Edited by Professor George G. Ramsay, M.A., of the University 
of Glasgow. 8vo. 14J. 

(See also Classical Series,) 

Pliny.— CORRESPONDENCE WITH TRAJAN. C. Plinii 
Caecilii Secundi Epistulae ad Traianum Imperatorem cum Eiusdem 
Responsis. Edited, with Notes and Introductory Essays, hf 
E. G. Hardy, M.A., Fellow of Jesus College> Oxford, and for- 
merly Head Master of Grantham School. 8vo. los. 6d, 

PolybiuS. — THE HISTORIES. Translated, with Introduction 
and Notes, by E. S. Shuckburgh, M.A. 2 vols. Crown 8vo. 

[In the press. 

SalluSt. — CATILINE AND JUGURTHA. Translated, with 

Introductory Essays; by A. W. Pollard, B.A. Crown 8vo. df. 

THE CATILINE (separately). Crown 8vo. 3/. 

(See also Classical Series.) 
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Sophocles — CEPIPUS THE KINO. TraniUted from the 
Greek of Sophocles into English Verse by E. D. A. Morshead, 
M.A., lale Fellow of New Collegei Oxford; Assistant Master at 
Winchester College. Fcap. 8vo. y, 6tf, 

Strachan and Wilkin S. — ANALECTA. Passages for 
Translation. Selected by John S. Strachan, M.A., St. John's 
College, Cambridge, and A. S. WiLKiNS, Litt.D., LL.D., Fellow 
of Pembroke College, Cambridge, Professors in Owens College, 
Manchester. Crown 8vo. $s. 

Tacitus. — THE ANNALS. Edited, with Introductions and 
Notes, by G. O. Holbrooke, M. A., Professor of Latin in Trinity 
College, Hartford, U.S.A. With Maps. 8vo. i6s. 

THE ANNALS. Translated by A. J. Church, M.A., and W. J. 
Brodribb, M.A. With Notes and Maps. New Edition. Crown 
8vo. Js. 6d. 

THE HISTORIES. Edited, with Introduction and Notes, by 
Rev. W. A. Spooner, M.A., Fellow of New College, and 
H. M. Spooner, M.A., formerly Fellow of Magdalen College, 
Oxford. 8vo. [In th^pras. 

THE HISTORY. Translated by A. J. Church, M.A., and 
W. J. Brodribb, M.A. With Notes and a Map. Crown Svoi 
dr. 

THE AGRICOLA AND GERM ANY, WITH THE DIALOGUE 
ON ORATORY. Translated by A. J. Church, M.A., and 
W.J. Brodribb, M.A. With Notes, and Maps. New and 
Revised Edition. Crown 8vo. 4r. dd, 

INTRODUCTION TO THE STUDY OF TACITUS. By 
A. J. Church, M.A. and W. J. Brodribb, M.A. Fcap. 8vo. 
If. &/. {Classical IVriiers Series,) 

Theocritus, Bion, and MoSChuS. Rendered into English 
Prose, with Introductory Essay, by A. Lang, M.A. i8xno. 4^. (ki, 

Thucydides, — BOOK VIII. Edited with Introduction and 
Notes, by H. C Goodhart, M.A., Fellow of Trinity 
College, Cambridge. [In preparation, 

Virgil.— THE WORKS OF VIRGIL RENDERED INTO 
ENGLISH PROSE, with Notes, Introductions, Running Analysis, 
and an Index, by James Lonsdale, M.A., and Samuel Lee, 
M.A. N«w Edition. Globe 8vo. ^x. 6^. 

THE iENEID. Translated by J. W. Mackail, M.A., Fellow of 
Balliol College, Oxford. Crown 8vo. *js. 6d. 

Xenophon.— COMPLETE works. Translated, with latroduc- 
tion and Essays, by H. G. Dakyns, M.A., Assistant-Master in 
Clifton College. Four Volumes. Crown 8vo. [In the press* 
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GRAMMAR, COMPOSITION, ft PHILOLOGY. 

Belcher.— SHORT exercises in latin prose com- 
position AND examination PAPERS IN LATIN 
GRAMMAR, to which is prefixed a Chapter on Analysis of 
Sentences. By the Rev. H. Belcher, M.A., Rector of the High 
School, Dunedin, N.Z. New Edition. iSmo. is. 6d. 

KEY TO THE AtfOVE (for Teachers only). 3^. 6d. 

SHORT EXERCISES IN LATIN PROSE COMPOSITION. 
Part IL, On the Syntax of Sentences, with an Appendix, includ* 
ing EXERCISES IN LATIN IDIOMS, &c. i8mo. 2s. 

KEY TO THE ABOVE (for Teachers only), y, 

Blackie. — greek and English dialogues for use 

IN schools and colleges. By John Stuart BlAckie, 
Emeritus Professor of Greek in the University of Edinburgh. 
N«w Edition. Fcap. 8vo. 2J. 6d, 

Bryans.— LATIN prose exercises based upon 

CAESAR'S GALLIC WAR. With a Classification of Ceesar's 
Chief Phrases and Grammatical Notes on Caesar's Usages. By 
Clement Bryans, M. A., Assistant- Master in Dulwich College. 
Second Edition, Revised and Enlaiged. Extra fcap. 8vo. 2j. 6d. 
KEY TO THE ABOVE (for Teachers only). New Edition. 4s. 6d, 
GREEK PROSE EXERCISES based upon Thucydides. By the 
same Author. Extra fcap. 8vo. [In preparation, 

Cookson. — A LATIN SYNTAX. By Christopher Cookson, 
M.A., Assistant' Master at S. Paul's School. 8vo. [In preparation, 

Eicke. — FIRST LESSONS IN LATIN. By K. M. Eicke, B.A., 
Assistant-Master in Oundle School. Globe 8vo. 2s. 

England— EXERCISES on latin syntax and idiom. 

ARRANGED WITH REFERENCE TO ROBY'S SCHOOL 
LATIN GRAMMAR. By E. B. England, M.A., Assistant 
Lecturer at the Owens College, Manchester. Crown 8vo. 2s, 6d, 
Yity for Teachers only, 2s, Si, 

Giles.— A MANUAL OF GREEK AND LATIN PHILOLOGY. 

By P. Giles, M.A., Fellow of Gonville and Caius College, 

Cambridge. Crown 8vo. [In preparation, 

Goodwin. — Worlcs by W. W. Goodwin, LL.D., Professor of 

Greek in Harvard University, U.S.A. 

SYNTAX OF THE MOODS AND TENSES OF THE GREEK 

VERB. New Edition, Revised and Enlarged. 8vo. [In the press, 

A GREEK GRAMMAR. New Edition, revised. Crown 8vo. 6x. 

**It is the best Greek Grauomar of its sise in the English ]az^;uage.*'»^ 

A GREEK GRAMMAR FOR SCHOOLS. Crown 8vo. 3J. U. 

Greenwood.— THE elements of greek grammar, 

including Accidence, Irregular Verbs, and Principles of Deriva- 
tion and Composition ; adapted to the System of Crude Forms. 
By J. G. Greenwood, Principal of Owens College, Manchester, 
New Edition. Crown 8vo. ^s, dd. 
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Hadley atid Allen.— a greek grammar for 

SCHOOLS and colleges. By J[amss HA%>h^, l» 
Professor in Yale College. Revised and in part Rewritten by 
Frederic de Forest Alien, Professor in Harvaid College. 
Crown 8vo. 6s, 

Hodgson.— MYTHOLOGY FOR LATIN VERSIFICATION. 
A brief Sketch of the Fables of the Aftcients, prepared to be 
rendered into Latin Verse for Schools. By F. HoDGSow, B.D., 
late Provost of Eton. New Edition^ revised by F. C. Hodgson, 
M.A. i8mo. 3^. 
Jackson. — FIRST STEPS TO GREEK PROSE COMPOSI- 
TION. By Blomfield Jackson, M.A., Assistant-Master ik 
King's College School, London. New Edition, revised and 
enlarged. l8mo. is. 6d» 

KEY TO FIRST STEPS (for Teachers only). i8mo. ^, 6d. 

SECOND STEPS TO GREEK PROSE COMPOSITION, w^ 
Miscellaneous Idioms, Aids to Accentuation, and Examination 
Papers in Greek Scholarships l8mo. 2s. 6d. 

KEY TO SECOND STEPS (for Teachers only). i8mo. y. 6d, 

Kynaston.— EXERCISES in the composition of 

GREEK IAMBIC VERSE by Translations from EngUsh Dra- 
matists. By Rev. H* Kynaston, D.D., Ptinctpal cf c£elteiUiam 
College. With Introduction, Vocabulary, &c. Nifcw Edition, 
revised and enlarged. Extra £cap« Svo. 5x, 

KEY TO THE SAME (for Teachers only). Extra fcap. Svo. ^. 6d. 

Lupton. — Works by J. H. LuPTON, M. A., Sur-Mastpr of St. Ps^s 

School, and formerly Fellow of St. John^s College, Cambridge. 

AN INTRODUCTION TO LATIN ELEGIAC • YEHSE 

COMPOSITION. Globe Svo. 2s. 6d. 
LATIN RENDERING OF THE EXERCISES IN PART II. 

(XXV.-C). Globe Svo. 3^. 6d. 
AN INTRODUCTION TO LATIN LYRIC VERSE CCM^PO- 

SITION. Globe 8vo. 3J. 
KEY FOR THE USE OF TEACHERS ONLY. Globe Svo. 

Mackie. — parallel passages for translation 

INTO GREEK AND ENGLISH. Carefully gradyuated for the 
use of Colleges and Schools. With Indexes. By Rev. Etxis C. 
Mackie, Classical Master at Heversham Grammar School. Globe 
Svo. 4^. 6d, 

Macmillan. — first latin grammar. By M. C. Map- 

MILLAN, M.A., late Scholar of Christ's College, Cambridge; 
sometime Assistant-Master in St. Paul's School. New Edition, 
enlarged. Fcap. 8vo» ix. 6d, 

Macmillan's Greek Course.— Edited by Rev. w. Gunion 

Rutherford, M.A., LL.D., Head Master of Westminster. 

I.— FIRST GREEK GRAMMAR. By the Editor, New Edition, 
thoroughly revised. Globe Svo. 2s. 
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Macinillan's Greek Course. — n ^easy EXFRrT<;F<; 

IN GREEK ACCIDENCE. By H.'g. Underhill, M A., 

Assistant-Master St. Paul's Preparatory School. Globe 8vo. » 

HL-SECOND GREEK EXERCISE BOOK. By Rev. w! 

'^^^^°' [/« preiHiration. 

IV.—MANUAL OF GREEK ACCIDENCE. By the Editor. 

V.-MANUAL OF GREEK SYNTAX. By ^^mloT'''^' 

,,, _ \In preparation, 

VL— ELEMENTARY GREEK COMPOSITION! By the 

_ Editor t_*^ ^ [In preparation. 

Macmillan s Greek Reader.— stories and legends. 

A First Greek Reader, with Notes, Vocabulary, and Exercises. 
• By F. H. CoLsaN, M,A., late Fellowbf St. John's College, Cam- 
bridge'; Head Master of Plymouth College. Globe 8vo. 3^. 

Macmillan's Latin Course, first year. By a. m. 

Cook, M.A.^ Assistant-Master at St. Paul's School. New Edition, 
revised and enlarged. Globe 8vo, 35. 6d, 

*»* The Second Part is in preparation, 

Macmillan's Latin Reader. — a latin reader for 

THE lower forms IN SCHOOLS. By H. J. Hardy, 
M.A., Assistant Master in Winchester College. Globe 8vo. 2j. dd. 

Macmillan's Shorter Latin Course. By A. M. Cook, 

. M.A., Assistant-Master at St. Paul's School. Being an abridgment 

^ of " Macmillan's Latin Course," First Year. Globe 8vo. \s, 6d. 

MarshalL— A TABLE O^ IRREGULAR GREEK VERBS. 

classified according to the arrangement of Curtius*s Greek Grammar, 

By J. M. Marshall, M.A., Head Master of the Grammar 

School, Durham. New Edition. 8vo. is. 

Mayor (John E. • B.) — first greek reader. Edited 

aftet Karl Halm, with Corrections and large Additions by Pro- 
fessor John E. B. Mayor, M. A., Fellow of St. John's College, 
Cambridge. New Edition, revised. Fcap. 8vo. 4s. 6d, 

Mayor (Joseph B.)— greek for beginners. By the 

Rev. J. B. Mayor, M.A., Professor of Classical Literature in 
King's College, London. Part I., with Vocabulary, is. 6d. 
Parts II. and III., with Vocabulary and Index, 3J. 6d, Complete 
in one Vol. fcap. 8vo. 4^. 6d. 
Nixoln.^PARALLEL EXtR ACTS, Arranged for Translation into 
English and Latin, with Notes on Idioms. By J. E. Nixon, 
M.A,, Fellow and Classical Lecturer, King's College, Cambridge. 
Pari I. — Historical and Epistolary. New Edition, revised and 
enlarged. Crown Svo. 5-^. 6d. 
' • prose EXTRACTS, Arranged for Translation into English and 
Latin, with General and Special Prefaces on Style and Idiom. 
1. Oratorical. IL Historical; III. Philoscxphical and Miscella- 
neous. By the same Authoi. . Crown Svo. $s, 6d. 
*»* Transitions 0/ Select Passages supplied by Auth4jr Ofify. 

c 2 
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Peilc— A PRIMER OF PHILOLOGY. By J. Peilb, LittD., 
Master of Christ's College, Cambridge. iSmo. is. 

Postgate.— SERMO LATINUS. a Short Guide to Latin 
Prose Composition. Part I. Introduction. Part II. Selected 
Passages for Translation. By J. P. Postgate, M.A., Litt. D., 
Fellow and Classical Lecturer of Trinity College, Cambridge, 
Professor of Comparative Philology in University College, London. 
Globe Svo, 23. 6d. 
KEY to ditto, y. 6d. [Nearly ready. 

Postgate and Vince.— a dictionary of latin 

ETYMOLOGY. By J. P. Postgate, M.A., and C. A. Vince, 
M .A. iln prepttration. 

Potts (A. W.) — Works by Alexander W. Potts, M.A., 
LL.D., late Fellow of St. John's Collie, Cambridge; Head 
Master of the Fettes College, Edinburgh. 

HINTS TOWARDS LATIN PROSE COMPOSITION. New 
Edition. Extra fcap. 8vo. y. 

PASSAGES FOR TRANSLATION INTO LATIN PROSE. 
Edited with Notes and References to the above. New Edition. 
Extra fcap. Svo. 2s. 6d. 

LATIN VERSIONS OF PASSAGES FOR TRANSLATION 
INTO LATIN PROSE (for Teachers only), zs. 6d. 

Preston.— EXERCISES in latin verse of VARIOUS 
KINDS. By Rev. G. Preston, M.A., late Fellow of Magdalene 
College, Cambridge, and Head Master of the King's School, 
Chester. Globe 8vo. 2s. 6d. 
KEY, for the use of Teachers only. Globe 8vo. 5/. 

Reid.— A GRAMMAR OF TACITUS. By J. S. Reid, M.L., 
Fellow of Caius College, Cambridge. {In Reparation. 

A GRAMMAR OF VERGIL. By the same Author. 

[In preparation, 
\* Simi/ar Grammars to other Classical Authors will probably fallow. 

Roby.— A GRAMMAR OF THE LATIN LANGUAGE, from 
Plautus to Suetonius. By H. J. RoBY, M. A., late Fellow of St. 
John's College, Cambridge. In Two Parts. Part I. Fifth 
Edition, containing: — Book I. Sounds. Book (I. Inflexions. 
Book III. Word-formation. Appendices. Crown Svo. 91; 
Part II. Syntax, Prepositions, &c. Crown Svo. lor. 6</. 
'* Marked by tlie clear and practised insight of a master in bis art. A book that 

would do honour to any country." — Athbnaium. 

SCHOOL LATIN GRAMMAR. By the same Author. Cr. Svo. 5^. 

Rush.— SYNTHETIC LATIN DELECTUS. A First Latin 
Construing Book arranged on the Principles of Grammatical 
Analysis. With Notes and Vocabulary. By E. Rush, B.A. 
With Preface by the Rev. W. F. Moulton, M. A., D.D. New 
gD4 Enlarged Edition. Extra fcap. Svo. ^. 6^. 
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Rust— FIRST STEPS TO LATIN PROSE COMPOSITION. 
By the Rev. G. Rust, M.A., of Pembroke College, Oxford, 
Master of the Lower School, King's College, London. New 
Edition. i8mo. ir. 6</. 

KEY TO THE ABOVE, By W. M. Yates, Assistant-Master in 
the High School, Sale. i8mo. $s, 6d, 

Rutherford. — Works by the Rev. W. GuNiON Rutherford, 

M.A., LL.D., Head -Master of Westminster. 
REX LEX. A Short Digest of the principal Relations bet>veen 

Latin, Greek, and Anglo-Saxon Sounds. 8vo. [In prepara'ion. 
THE NEW PHRVNICHUS; being a Revised Text of the 

Ecloga of the Grammarian Phrynichus. With Introduction and 

Commentary. 8vo. 18/. (See also Macmillan's Greek Coari>e. ) 

Simpson.— LATIN prose after the best AUTHORS. 
By F. P. Simpson, B.A., late Scholar of Balliol College, Oxford. 
Part L CiESARIAN PROSE. Extra fcap. 8vo. 2s, 6d, 

KEY TO THE ABOVE, for Teachers only. Extra fcap. ^yo. $5. 

Thring. — Works by the Rev. E. Thrtng, M.A., late Head-Master 

of Uppingham School. 
A LATIN GRADUAL. A First Latin Construing Book for 

Beginners. New Edition, enlarged, with Coloured Sentence 

Maps. Fcap. 8vo. zs, 6i, 
A MANUAL OF MOOD CONSTRUCTIONS. Fcap.Svo. is.Sii. 

Welch and Duffield.— latin accidence and exer- 
cises ARRANGED FOR BEGINNERS. By William 
Welch, M.A., and C. G. Duffield, M. A., Assistant Masters at 
Cranleigh School. i8mo. is. 6d. 
This book is intended as an introduction to Macmillan's EUmenfary 
Classics^ and is the development of a plan which has been in use 
for some time and has been worked satisfactorily. 

White.— FIRST LESSONS IN GREEK. Adapted to GOOD- 
WIN'S GREEK GRAMMAR, and designed as an introduction 
to the ANABASIS OF XENOPHON. By John Williams 
White, Ph.D., Assistant-Professor of Greek in Harvard Univer- 
sity. Crown 8vo. 45. 6d, 

Wright. — Works by J. Wright, M.A., late Head Master of 

Sutton Coldfield SchooL 
A HELP TO LATIN GRAMMAR ; or, The Form and Use of 

Words in Latin, with Progressive Exercises. Crown 8vo. 45. 6 /. 
THE SEVEN KINGS OF ROME. An Easy Narrative, abridged 

from the First Book of Livy by the omission of Diffiailt Pa<;sages ; 

being a First Latin Reading Book, with Grammatical Notes ani 

Vocabulary. New and revised Edition. Fcap. 8vo. 3J. 6d. 
FIRST LATIN STEPS; OR, AN INTRODUCTION BY A 

SERIES.OF EXAMPLES TO THE STUDY OFTHE LATIN 

LANGUAGE. Crown 8vo. Xs. 
ATTTC PRIMER. Arranged for the Use of Beginners. Exti-a 

fcap. 8vo. 2x. dd. 
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Wright. — ^A COMPLETE LATIN COURSE, oompriftng Ruletf 
with Examples, Exercises, both Latin and English, on each Role, 
and Vocabolaries. Crown 8vo. 2/. d/. 



ANTIQUITIES, ANCIENT HISTORY, AfiHM 

PHILOSOPHY. 

Arnold. — ^Worksbv W. T. Arnold, M.A. 

A HANDBOOK OF LATIN EPIGRAPHY. [In prtparaOon. 

THE ROMAN SYSTEM OF PROVINCIAL ADMINISTRA- 
TION TO THE ACCESSION OF CONSTANTINE THE 
GREAT. Crown 8vo. dr. .^ 

Arnold (T.)— -THE SECOND PUNIC WAR. Being Chapters on 
THE HISTORY OF ROME. By the late Thomas Arnold, 
D.D., formerly Head- Master of Rugby School, and Regius Professor 
of Modem History in the Uniyersity of Oxford. Edited, wirti Notes, 
by W. T. Arnold, M. A. With 8 Mapg. Crown «vo. S^, ^.C 

Beesly.-- STORIES from the history of ROME. 
By Mrs. Bersly. Fcap. 8vo. ts. 6d, 

Burn.— ROMAN LITERATURE IN RELATION TO ROM AN 
ART. By Rev. Robert Burn, M.A., Fellow of Trinity College, 
Cambridge. With numerous Illustrations. Extra Crown 8vo. 141. 

Bury.— A HISTORY OF THE LATER ROMAN BMPIRS' 
FROM ARCADIUS TO IRENE, A.D. 395—800. By John 
B. Bury, M.A., Fellow of Trinity CoUege, Dublin. 2 vols. 
Svo. [Skartfy. 

Classical Writers. — Edited by John RichardGreen, M.A., 
LL.D. Fcap. 8vo. is. 6d, each. 

EURIPIDES. By Professor Mahafft. 

MILTON* By the Rev. Stopford A. Brooke, M.A. 

LIVY. By the Rev. W. W. Capes, M.A. 

VIRGIL. By Professor Nettleship, M.A. 

SOPHOCLES. By Professor L. Campbell, M.A. 

DEMOSTHENES. By Professor S. H. Butcher, M.A. 

TACITUS. By Professor A. J. Church, M.A., an4 W^ jT, 
Brodribb, M.A. ^' 

Freeman. — ^Works by Edward A. Freeman, D.C.L., LL.D., 
Hon. Fellow of Trinity College, Oxford, Regius Professor of 
Modem History in the University of Oxford. 
HISTORY OF ROME. (Historical C<mrse firr Sekools.) i8mo. 

[In preparation. 
A SCHOOL HISTORY OF ROME. Crown Svo. 

{In proration, 
HISTORICAL ESSAYS. Second Series. [Greek and Roman 
History.] Svo. loj. 6</. 

Fyffe.— A SCHOOL HISTORY OF GREECE. By C. A. 
Fyffe, M.A. Crown Svo. \In preparation. 
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Gardner.— SAMOS AND SAMIAN coins. An Ess4y. By 
Percy (jAKDNER, M.A., titt.D., Professor of Archaeology in 
the University of Oxford. With Illustrations, ^vo. ^s, 6d. 

Ge4de$, — the problem OF THE HOMERIC POEMS. 
By W. p. Ghddes, Principal of the University of Aberdeen.. 
8vo. i^i 

Gladstone. — Works by the Rt. Hon. W. E. Gladstone, M.P. 
THE TIME ANt> PLACE OF HOMER. Crown 8vo. 6s, 6d, 
A PRIMER OF HOMER. l8mo. u. 

OOW.— A COMPANION TO SCHOOL CLASSICS. By 
James Gow, Litt.D., Master of the High School, Nottingham ; 
late FeUow of Trinity College, Cambridge. ' With lUartTfttionB.' 
Second Edition. Reyised. ^rown 8vo. 6s. 

Harrison and Verrall.— cults and MONUMENTS 

OF ANCIENT ATHENS. By Miss J. E. Harrison and Mrs. 
A. W. Verrall. Illustrated. Crown 8vo. [In the press, 

Jebb. — Works by R. C. Jebb, Litt.D., LL.D., Professor of Greek 
in the Universiy-^ftSJa^gMj^, , ^ 

THE -^TTIC ORATORS FROM ANTIPHON TQ ISAEOS. 
■ ^ f^hi 8vo. 2p. 

' A PRIMBR OF GREEK LITERATURE. i8mo. is. 

(Set also Classical Series,) 

Kiepert.— MANUAL OF ANCIENT GEOGI^APHY, Trans- 
latedfromtftefcefftKitiofDr. HEiNRiCHKiipERT. Grown 8to. 5^. 

Lapci^ni.— ANCIENT ^iome in the LIQHT QF RECIN^li: 

' i)ISCQVERIES, By RoDOLFO Lanciani, LL.D. (Harv.). 
Professor of Archaeology in the University qf Rome, Director of 
Excavs^tjons f^ the National Qover^mont and the Municipality of 
''^ Rome, ire. ^ith 100 illustrations. Small 4to. 24J. 

Ijltahaffy. — ^Worksby J. p. Mahaffy, M.A., D.D., Fellow and 
' ' Professor of Ancient History in Trinity College, Dublin, and ^on. 

Fellow of Queen's College, Oxford. 
SOCIAL LIFE IN GREECE; from Homer to Menander. 

Filth Edition^ revised and enlarged. Crown 8vo. ^. 
GREEK LIFE AND THOUGHT ; from the Age of Alexander 

to the Roman Conquest. Crown 8yo. 12s. 6d. 
RAMBLES ANt) STUDIES IN GREECE. With Illustrations. 

Third Edition, Revised and Enlarged. With Map. Crown 8vo. 

lor. 6d, 
A PRIMER OF GREEK ANTIQUITIES. With IRustraticffii 

i8moi I/. . .. 
EURIPIDES- iSmo. ts. 6d. {Classical Writers Series.) 

*lf ayoi' (j. E. B.)u~BltLlOGRAPHICAL CLUE TO LATIN 
• LITERATURE. ' Edlied after HDbner, with large Addifix>Hi 
by Pfofessor John E. B.' Mayor. CroWnfiK^o. lor. W» 
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Newton.— ESSAYS IN ART AND ARCH^OLOGV. By Sir 
Charles Newton, K.C.B., D.C.L., formerly Professor of 
Archaeology in University College, London, and Keeper of Greek 
and Roman Antiqailies at the British Museum. Svo. its. 6d, 

SayCC— THE ANCIENT EMPIRES OF THE EAST. By 
A. H. Saycb, Deputy-Professor of Comparative Philosophy, 
Oxford, Hon. LL.D. Dublin. Crown Svo, dr. 

Stewart,— THE tale of troy. Done into English by 
Aubrey Stewart, M.A., late Fellow of Trinity College, 
Cambridge. Globe Svo. p, 6d, 

Wilkins. — ^A primer OF ROMAN ANTIQUITIES. By 
Professor Wilkins, Litt. D., LL.D. Illustrated. iSmo. ii. 
A PRIMER OF LATIN LITERATURE. By the same Author. 

[/» preparation. 



MATHEMATICS. 

(i) Arithmetic and Mensuration, (2) Algebra, 
(3) Euclid and Elementary Geometry, (4) Trigo* 
nometry, (5) Higher Mathematics. 

ARITHMETIC AND MENSURATION. 

Aldis.— THE GREAT GIANT ARITHMOS. A most Elementary 
Arithmetic for Children. By Mapy Steadman Aldis. With 
Illustrations. Globe Svo. 2j. (>d. 

Army Preliminary Examination, Specimens of 

Papers Set at the, 1882— 87.— with Answers to the 
Mathematical Questions. Subjects : Arithmetic, Algebra, Euclid, 
Geometrical Drawing, Geography, French, English Dictation. 
Crown Svo. 35. 6d. 
This selection of papers at recent Preliminary Examinations for the 

admission to the Army are intended for the use of Candidates prqmring 

for these Examinations. 

Bradshaw.— A COURSE of easy arithmetical ex- 

AMPLES FOR BEGINNERS. By J. G. Bradshaw, B.A., 
formerly Scholar of Jesus College, Cambridge, Assistant Master 
at Clifton College. Globe Svo. 2s, With Answers, 2t, 6d. 

Brook-Smith (J.).— arithmetic in theory and 

practice. By J. Brook-Smith, M.A., LL.B., St. John's 
College, Cambridge; Barrister-at-Law ; one of the Masters of 
Cheltei^am College. New Edition, revised. Crown Svo. 4^. 6«^ 

Candlen— HELP TO arithmetic. Designed for the use of 
Schools. By H. Candler, M.A., Mathematical Master of 
Uppingham School. Second Edliion. Extra fcap. Svo. 2x. 6d, 
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Dalton.— RULES and examples in arithmetic. By 

the Rev. T. Dalton, M.A., Assistant-Master in Eton College. 
New Edition, with Answers. i8mo. 2s, 6d, 

Goyen.— HIGHER arithmetic and elementary 

MENSURATION. By P. Goyen, Inspector of Schools, 
Dunedin, New Zealand. Crown 8vo. 55, 

Hall and Knight.— arithmetical exercises and 

EXAMINATION PAPERS. With an Appendix containing 
Questions in Logarithms and Mensuration. By H. S. Hall, 
M.A., formerly Scholar of Christ's College, Cambridge, Master 
of the Military and Engineering Side, Clifton College ; and S. R. 
Knight, B. A., formerly Scholar of Trinity College, Cambridge, 
late Assistant Master at Marlborough College, Authors of 
" Elementary Algebra," ''Algebraical Exercises and Examination 
Papers," and "Higher Algebra," &c. Globe 8vo, 2j. 6d, 

Lock. — Works by Rev. J. B. Lock, M. A., Senior Fellow, Assistant 
Tutor, and Lecturer in Gonville and Caius College, Cambridge, 
formerly Master at Eton. 

ARITHMETIC FOR SCHOOLS. With Answers and 1000 
additional Examples for Exercise. Third Edition, revised. Stereo- 
typed. Globe 8vo. 4*. 6d, Or in Two Parts :— Part I. Up to 
and including Practice. Globe 8vo. 2j. Part II. With 1000 
additional Examples for Exercise. Globe 8vo. 31. 

\* T7u complde book and the Parts can also he obtained without 
answers at the sanie price. But the editions with answers will always 
be supplied unless the others are specially asked for, 

A KEY TO MR. LOCK'S " ARITHMETIC FOR SCHOOLS." 
By the Rev. R. G. Watson, M. A., formerly Head Master of the 
Dorset County School. Crown 8vo. lOf. 6d, 

ARITHMETIC FOR BEGINNERS. A School Class Book of 
Commercial Arithmetic. Globe 8vo. 2f. 6d. 

[A Key is in the press, 

Pedlcy.— EXERCISES IN ARITHMETIC for the Use of 
Sdiools. Containing more than 7,000 original Examples. By 
S. Pbdlby, late of Tamworth Grammar SchoDl. Crown 8vo. 5^. 
Also in Two Parts 2s, 6d, each. 

Smith. — Works by the Rev. Barnard Smith, M.A., late Rector 
of Glaston, Rutland, and Fellow and Senior Bursar of S. Peter's 
College, Cambridge. 
ARITHMETIC AND ALGEBRA, in their Principles and Appli- 
cation; with numerous systematically arranged Examples taken 
from the Cambridge Examination Papers, with especial reference 
to the Ordinary Examination for the B.A. Degree. New Edition, 
carefully Revised. Crown 8vo. ioj. 6d, 

ARITHMETIC FOR SCHOOLS. New Edition. Crown 8vo. 

A^EY TO THE ARITHMETIC FOR SCHOOLS. New 
Edition. Cr^wn 8vo. 8x. 6d, 
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Smith.— EXERCISES IN ARITHMETIC. Crown 8vo. limp* 
cloth, 2i. With Answers, 2s. 6d, Answers separately, 6d. 

SCHOOL CLASS-BOOK OF ARITHMETIC. i8mo, doth, y^ 
Or sold separately, in Three Parts, U. each. ^O 

KEYS TO SCHOOL CLASS-BOOK OF ARITHMETIC 
Parts I., II., and III., 2J-. 6d. each. 

SHILLING BOOK OF ARITHMETIC FOR NATlONAli 
AND ELEMENTARY SCHOOLS. i8mo, cloth. Or separately, 
Part I. 2(i. ; Part II. 3</. ; Part III. ^d» Answers, 6d. 

THE SAME, with Answers complete. iSmo, cloth, is. 6d. 

KEY TO SHILLING BOOK OF ARITHMETIC. i8mo. 4s, 6d. 

EXAMINATION PAPERS IN ARITHMETIC. i8mo. is. 6d. 
The same, with Answers, i8mo, 2s. Answers, 6d. , , 

KEY TO EXAMINATION PAPERS IN ARITHMETIC. 

i8mo. 4^' ^* ^ 

THE METRIC SYSTEM OF ARITHMETIC, ITS PRllTf 

CIPLES AND APPLICATIONS, with numerous Examples, 

written expressly for Standard V. in National Schools. New 

Edition. i8mo, cloth, sewed. 3</. 

A CHART OF THE METRIC SYSTEM, on a Sheet, size 42 in. 

by 34 in. on Roller, mounted and varnished. New Edition. 

Price 3j. 6d. 
Also a Small Chart on a Card, price id, 

EASY LESSONS IN ARITHMETIC, combining Exercises in 
Reading, Writing, Spelling, and Dictation. Part I. for Stan<lar<t 
I. in National Schools. Crown 8vc, gd. 

EXAMINATION CARDS IN ARITHMETIC. (Dedicated to 

Lord Sandon.) With Answers and Hints. 

Standards I. and II. in box, is. Standards III., IV., an,d V., in 

boxes, I J. each. Standani VI. in Two Parts, in boxes, is. eacch. 

A and B papers, of nearly the sam6 difficulty, are given so as 10 

prevent copying, and the colours of the A and B papers differ in each 

Standard, and from those of every other Standard, so that a.maslsC'Ol 

mistress can see at a glance whether the children have the proper l^apers. 

Todhunter. — mensuration for beginners. By l 

ToDHUNTER, M.A., F.R.S., D.Sc, late of St. John*^ CoHege, 
Cambridge. With Examples. New Edition. l8mp. ^. 6<t' . • \P, 
KEY TO MENSURATION FOR BEGINNERS. By the Rev. 
Fr. Lawrence McCarthy, Professor of MlkthematieEi itx St. 
Peter's College, Agra. Crown 8'/o. 7j. 6«/. 



ALGEBRA. 

Dalton.— Rules and examples in algebra, pj die 

Rev. T. Dalton, M.A., Assistant-Master of Eton College. 
Part I. New Edition. i8mo. 2s, Part II4 ito>. ar. ^» 
• * A Key to Pari I. for Teaclkers only^ Js. 6d, 
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Hall and Knight.— works by H. S. Hall, M.A., 

formerly Scholar of Christ's College, Cambridge, Master of the 

.VIQt^ry.ttid Engineering Side» Uifton CoUegd ; and S. K. 

Knight, B.A., formerly Scholar of Trinity College, Cambridge, 

late Assistant-Master at Marlborough College. 

ELEMENTARY ALGEBRA FOR SCHOOLS. Fifth Edition, 

Revised and Corrected. Globe 8v6, bound in maroon coloured 

clbthj 3^', €d. ; with Answers, bound in green coloured cloth, 4?. 6d. 

'ALGEBRAICAL EXERCISES and EXAMINATION PAPERS. 

To accompany ELEMENTARY ALGEBRA. Second Edition, 

revised. Globe 8vo. 2s* dd, 

HIGHER ALGEBRA. A Sequel to "ELEMENTARY AL- 

...GEBRA FOR SCHOOLS." Second Edition. Crown 8vo. ^s,6(i. 

jQJOe$ and Cheyne.— ALGEBRAICAL exercises. Pro- 
gressively Arranged. By the Rev. C. A. Jones, M.A., and C. 
^ Cheynb, M.A., F.R.A.S., Mathematical Masters of West- 
minster School. New Edition. i8mo. 2x. 6d. 
. SOLUTIONS AND HINTS, FOR THE SOLUTION OF SOME 
OF THE EXAMPLES IN THE ALGEBRAICAL EXER- 
CISES OF MESSRS. JONES AND CHEYNE. By Rev. W. 
Pailes, M.A., Mathematical Master at Westminster School, late 
Scholar of Trinity College, Cambridge. Crown 8vo. ^s. 6d. 

Smith (Barnafd) — ARITHMETIC and algebra, in their 
Principles and Application ; with numerous systematically arranged 
Eitamples taken from the Cambridge Examination Papers, with 
especial reference to the Ordinary Examination for the B. A. Degree. 
By the Rev. Barnard Smith, M. A., late Rector of Glaston, Rut- 
' kuid; and Fellow arid Senior Bursar of St. Peter's College, Cam^ 
bpridge. . New Edition, carefully Revised. Crown 8vo. loi. 6d. 
Smith (Charles). — Works by Charles Smith, M.A., Fellow 
and Tutor of Sidney Sussex College, Cambridge. 
ELEMENTARY ALGEBRA. Globe 8vo. ^. Sd. 
In this work the author has endeavoured to explain the principles of Algehra in as 
simple a manner as possible for the benefit of beginners, bestowing gjeat care upon 
the e3eplanation6 and proofs of the fundamental operations and rules. 

A TREATISE ON ALGEBRA. Crown 8vo. 7^. 6d. 
SOLUTIONS OF THE EXAMPLES IN "A TREATISE ON 
ALGEBRA." Crown 8vo. los, td. 

Todhunter. — Works by I. Tobhunter, M.A., F.R.S., D.Sc, 

Ute of St. John's College, Cambridge. 

**Mr. Todhunter is chiefly knorwn to Students of Mathematics as the author of a 

series of admirable mathematical text-books, which possess the rare qualities of being 

dear in style and absolutely free fix)m mistakes, tjrpographical or other. "-^-SaturdavT 

Rkvikw. 

ALGEBRA FOR BEGINNERS. With numerous Examples. 

New Edition. i8mo. 2J. 6d. 
KEY TO ALGEBRA FOR BEGINNERS. Crown 8vo. 6j. 64L 
ALGEBRA. For the Use of Colleges and Schools, New Edition. 

Crown 8vo. 7^* ^» 
KEY TO ALGEBRA FOR THE USE OF COLLEGES AND 
SCHOOLS. Crown 8vo. icw. 6^. 
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EUCLID, & ELEMENTARY GEOMETRY. 

Constable.— GEOMETRICAL EXERCISES FOR BE. 
GINNERS. By Samuel Constable. Crown 8vo. 31. 6d. 

Cuthbertson.— EUCLIDIAN GEOMETRY. By Francis 
CUTHBERTSON, M.A., LUD., Head Mathematical Master of the 
City of London Sch3ol. Extra fcap. 8vo. 4s. 6d, 

DodgSOn. — Works by Charles L. Dodgson, M.A., Student and 
late Mathematical I^ecturer of Christ Church, Oxford. 

EUCLID. BOOKS I. and 1L Sixth Edition, with words sub- 
stituted for the Algebraical Symbols used in the First Edition. 
Crown 8vo. 2/. 

*•* The text of this Edition has been ascertained, hf counting the words, to be 
less than five-teventht of that contained in the ordinary editions. 

EUCLID AND HIS MODERN RIVALS. Second Edition. 
Crown 8vo. dj. 

CURIOSA MATHEMATICA. Part L A New Theory of 
Parallels. Crown 8vo. 25, 

Dupuis.— ELEMENTARY SYNTHETIC GEOMETRY OF 
THE POINT, LINE AND CIRCLE IN THE PLANE. 
ByN. F. Dupuis, M.A., F.R.S.C., Professor of Pure Mathe- 
matics in the University of Queen's College, Kingston, Canada. 
Globe 8vo. 4^. 6^. 

Eagles.— CONSTRUCTIVE GEOMETRY OF PLANE 
CURVES. By T. H. Eagles, M.A., Instructor in Geometrical 
Drawing, and Lecturer in Architecture at the Royal Indian En- 
gineering College, Cooper's Hill. With numerous Examples. 
Crown 8vo. I2J. 

Hall and Stevens. — A text book of EUCLID'S 

ELEMENTS. Including alternative Proofs, together with additional 
Theorems and Exercises, classified and arranged. By H. S. 
Hall, M.A., formerly Scholar of Christ's College, Cambridge, 
and F. H. Stevens, M.A., formerly Scholar of Queen's College, 
Oxford : Masters of the Military and Engineering Side, Clifton 
Collie. Globe 8vo. Books I,— VI. 4J. 6^/. Or in Parts. 
Book I. \s. Books I. and II. Second Edition. 2s. Books 
. L~IV. 2j. 6*/. Books III.— VL 3J. 

Halsted.— THE elements of geometry. By George 
Bruce Halsted, Professor of Pure and Applied Mathematics 
in the University of Texas. 8vo. I2j. 6</. 

Kitchener. — a geometrical NOTE-BOOK, containing 
Easy Problems in Geometrical Drawing preparatory to the Study 
of Geometry. For the Use of Schools. By F. E. Kitchener, 
M. A., Head- Master of the Grammar School, Newcastle, Stafford - 
siiii e. New Edition. 4to. 21. 
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Lock.— EUCLID FOR BEGINNERS. Being an Introduction 
to existing Text-books. By Rev. J. B. Lock. M.A., author 
of "Arithmetic for Schools," "Trigonometry," "Dynamics," 
"Elementary Statics," &c. [In preparation. 

Mault— NATURAL GEOMETRY: an Introduction to the 
Logical Study of Mathematics. For Schools and Technical 
Classes. With Explanatory Models, based upon the Tachy- 
metrical works of Ed. Lagout. By A. Mault. i8mo. u. 
Models to Illustrate the above, in Box, 12s, 6d, 

Millar. — elements of descriptive geometry. By 

J. B. Millar, M.E., Civil Engineer, Lecturer on Engineering in 
the Victoria University, Manchester. Second Edition. Cr. 8vo. 6s, 

Stevens. — Works byF. H. Stevens, M.A., formerly Scholar of 
(Jueen's College, Cambridge, Master of the Military and Engineer- 
ing side, Clifton College. 

EUCLID, book XI. Propositions i— -2i with alternative proofs. 
Exercises, and Additional Theorems and Examples. Globe 8vo. 

[In preparation, 

ELEMENTARY SOLID GEOMETRY AND MENSURATION, 
containing the matter included in the above mentioned volume, 
with a section on Polyhedrons and Solids of Revolution, treated 
geometrically and numerically, with exercises in the mensuration 
of Plane and Solid Figures. Globe 8vo. [In the press. 

Syllabus of Plane Geometry (corresponding to Euclid, 

Books I. — VI.). Prepared by the Ajs-tciation for the Improve- 
ment of Geometrical Teaching. New Edition. Crown 8vo. u, 

[In the press. 

Syllabus of Modem Plane Geometry. — Association 

for the Improvement of Geometrical Teaching. Crown 8vo. 
Sewed, is, 

Todhunter. — the elements of EUCLID. For the Use 
of Colleges and Schools. By I. Todhunter, M.A., F.R.S., D.Sc, 
of St. John's College, Cambridge. New Edition. i8mo. 3J. 6d, 

KEY TO EXERCISES IN EUCLID. Crown 8vo. 6s. 6d, 

Wilson (J. M.).— ELEMENTARY GEOMETRY. BOOKS 
I. — V. Containing the Subjects of Euclid's first Six Books. Fol- 
lowing the Syllabus of the Geometrical Association. By the Rev. 
J. M. Wilson, M.A., Head Master of Clifton College. New 
Edition, Extra fcap. 8vo, 4^. 6d. 

TRIGONOMETRY. 
Beasley. — an elementary treatise on plane 

TRIGONOMETRY. . With Examples. By R. D. Beasley, 
M.A. Ninth Edition, revised and enlarged. Crown 8vo. 3J. 6d. 
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Johnson.— A TREATISE ON TRIGONOMETRY. By W. fi. 
Johnson, M.A., late Scholar and Assistant Lecturer iii Mathe- 
matics of King's College, Cambridge. Crown 8vo. 8j. 6d, 

Lock. — Works by Rev. J. B. Lock, M.A., Senior Fellow, AssisteMt 
Tutor and Lecturer in Gonville and Caxus College, CambridgiS ; 
formerly Master at Eton. 

TRIGONOMETRY FOR BEGINNERS, as far as the Solution of 

Triangles. Globe 8vo. 2s. 6d. 
A KEY TO " TRIGONOMETRY FOR BEGINNERS." Adapted 

from the key to '* Elementary Trigonometry." Crowa €V0. 

6s, 6d, 

ELEMENTARY TRIGONOMETRY. SUth Edition (in this 
edition the chapter on logarithms has been carefully revised*) 
Globe 8vo. 4/. 6d, 

Mr. E. J. RooTH. D.Sc, F.R.S., writes:— '* It is an able treatise. It takes the 
difficukies of the subject one at a time, and so leads the young student easily along." 

A KEY TO "ELEMENTARY TRIGONOMETRY.?' By 

Henry Carr, B.A., of the Grammar Sdwol, La^os, West 

Africa. Crown Svo. 8j. 6d. 
HIGHER TRIGONOMETRY. Fifth Edition. Globe 8to. 4J. ed. 

Both Parts complete in One Volume. Globe 8vo. 'js, 6d. 

(See also under ArithtnetU^ Higher McUhemaiics^ and Euclid,) 

M'Clelland and Preston — a TREATISE ON SPHERICAL 

TRIGONOMETRY. With applications to Spherical Geometry 
and numerous Examples. By William J, M*Clellan&, H. A., 
Principal of the Incorporated Society's School, Santry, Dublin, 
and Thomas Preston, Sch.B.A. In Two Parti Crown Svo. 
Part 1. To the End of Solution of Triangles, 4J. 6d. Part II., 5f. 
Both Parts in one Volume. 8j. dd, . ► . 

Palmer.— TEXT-BOOK OF practical logarithms 

AND trigonometry. By J. H. Palmer, Head School- 
master R.N. , H.M.S. Cambridge, Devonport. Globe Svo. 4^.^. 

Snowball. — the elements of plane and sph^^i- 

CAL TRIGONOMETRY. By J. C. Snowball, M.A. Four- 
teenth Edition. Crown Svo. Is. 6d, 

Todhunter. — Works by I. Todhunter, M.A., F.R.S.; D.Sc, 
late of St. John's College, Cambridge. . ' • 

TRIGONOMETRY FOR BEGINNERS. Witb numerous 
Examples. New Edition. i8mo. 2j. 6d. 

KEY TO TRIGONOMETRY FOR BEGINNERS. Cr.Svo. %s.6d, 

PLANE TRIGONOMETRY. For Schools and Colleges. New 
Edition. Crown Svo. 5^^. 

KEY TO PLANE TRIGONOMETRY. Crown Svo. lOf , 6d. 

A TREATISE ON SPHERICAL TRIGONOMETRY, l^yf 
Edition, enlarged. Crown Svo. ^. 6d. ' •"-- 

(See also under Arithmetic and Mensuration, Algebra, and Highef ' 

Mathematics,) 
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HIGHER MATHEMATICS. 

Airy.— Worksby Sir G. B. Airy, K. C.B., formerly Astronomer- Royal. 
ELEMENTARY TREATISE ON PARTIAL DIFFERENTIAL 
EQUATIONS. Designed for the Use of Students in the Univer- 
sities. With Diagrams. Second Edition. Crown 8vo. ^s. 6d, 

'. ON TliE ALGEBRAICAL AND NUMERICAL THEORY 
OF ERRORS OF OBSERVATIONS AND THE COMBI- 
NATION OF OBSERVATIONS. Second Edition, revised. 
Crown Svo. 6s, 6d» 

;Alexander(T.).— ELEMENTARY applied mechanics. 

Being the simpler and more practical Cases of Stress and Strain 
wrought out individually from first principles by means of Elemen- 
tary Mathematics. By T. Alexander, C.E., Professor of Civil 
Engineering in the Imperial College of Engineering, Tokei, 
japan. Part I. Crown Svo. 4s. 6d, 

Alexander and Thomson.— elementary applied 

mechanics. By Thomas Alexander, C.K, Professor of 
Engineermg in the Imperial College of Engineering, Tokei, Japan ; 
and Arthur Watson Thomson, C.E., B.Sc, Professor of 
Engineering at the Royal College, Cirencester. Part II. Trans- 
verse Stress. Crown Svo. los, 6d. 

Army Preliminary Examination, 1882- 1887, Speci- 

• '' - mens of l*apcrs set at the. With answers to the Mathematical 
Questions. Subjects : Arithmetic, Algebra, Euclid, Geometrical 
Drawing, Geography, French, English Dictation. Cr. Svo. 3^. 6d. 

Ball (W. W. R.).— A SHORT ACCOUNT OF THE HIS- 
TORY OF MATHEMATICS. By W. W. Rouse Ball, 
Fellow and Assistant Tutor of Trinity College, Cambridge, and of 
the Inner Temple, Barrister-at-Law. Crown Svo. 10s. 6d. 

Ball (Sir R. S.).— EXPERIMENTAL MECHANICS. A 
Course of Lectures delivered at the Royal College of Science for 
Ireland. By SiR Robert Stawell Ball, LL.D., F.R.S., 
Astronomer- Royal of Ireland. New Edition. With Illustrations. 
Crown Sva 6s. 

Boole.— THE CALCULUS OF FINITE DIFFERENCES. 
By G. Boole, D.C.L., F.R.S., late Professor of Mathematics in 
the Queen's University, Ireland. Third Edition, revised by 
J. F. Moulton. Crown Svo. lo^. 6J. 

^fcamb^idge iSenate-House Problems and Riders, 

with Solutions: — 
, iS75^--PROBLEMS AND RIDERS. By A. G. Greenhill, 

M.A. Crown Svo. $s. 6d. 
- 1878— SOLUTIONS OF SENATE-HOUSE PROBLEMS. By 

the Mathematical Moderators and Examiners. Edited by J. W. L. 

Glaisher, M.A., Fellow of Trinity College, Cambridge. 12s. 



32 MACMILLAN'S EDUCATIONAL CATALOGUE. 

Carll.— A TREATISE ON THE CALCULUS OF VARIA- 
TIONS. Amused with the purpose of Introduciiig, as well as 
Illustrating, its Principles to Uie Reader by means of Problems, 
and Designed to present in all Important Particulars a Complete 
View of the Present State of the Science. By Lewis Buffett 
Carll, A. M. Demy 8vo. 2ix. 

Cheync— AN ELEMENTARY TREATISE ON THE PLAN- 
ETARY THEORY. By C H. H. Cheyne, M.A., F.R.A.S- 
With a Collection of Problems. Third Edition. Edited by Rcr. 
A. Freeman, M.A., F.R.A.S. Crown 8vo. ^s, 6d. 

Christie.— A COLLECTION OF ELEMENTARY TEST- 
^ QUESTIONS IN PURE AND MIXED MATHEMATICS; 
with Answers and Appendices on Synthetic Division, and on the 
Solution of Numerical Equations by Homer's Method. By James 
R. Chrisiie, F.R.S., Royal Military Academy, Woolwich. 
Crown 8vo. is. 6d, 

Clausius.— MECHANICAL THEORY OF HEAT. By R. 
Clausius. Translated by Walter R. Browne, M.A., Ute 
Fellow of Trinity College, Cambridge. Crown 8vo. loj. 6e/. 

Clifford. — THE ELEMENTS OF DYNAMIC. An Introduction 
to the Study of Motion and Rest in Solid and Fluid Bodies By W. 
K. Clifford, r.R.S., late Professor of Applied Mathematics and 
Mechanics at University College, London. Part I.— KINEMATIC. 
Crown 8vo. Books I— III. jj. 6d, ; Book IV. and Appendix dr. 

Cockshott and Walters. — GEOMETRICAL CONICS. 

An Elementary Treatise. Drawn up in accordance with the 
Syllabus issued by the Society for the Improvement of Geometrical 
Teaching. By A. Cockshott, M.A., formerly Fellow suid 
Assistant- Tutor of Trinity College, Cambridge, and Assistant- 
Master at Eton; and Rev. F. B. Walters, M.A., Fellow of 
Queens' College, Cambridge, and Principal of King William's 
College, Isle of Man. With Diagrams. Crown 8vo. 

CotterilL— APPLIED mechanics ; an Elementary General 
Introduction to the Theory of Structures and Machines. By 
James H. Cotterill, F.R.S., Associate Member of the Council 
of the Institution of Naval Architects, Associate Member of the 
Institution of Civil Engineers, Professor of Applied Mechanics in 
the Royal Naval College, Greenwich. Medium 8vo. i8j. 

ELEMENTARY MANUAL OF APPLIED MECHANICS. 
By the same Author. Crown 8vo. [In preparation. 

Day (R. E.)— ELECTRIC LIGHT ARITHMETIC. By R. E. 
Day, M.A., Evening Lecturer in Experimental Physics at King's 
College, London. Pott 8vo. is. 

Day.— PROPERTIES OF CONIC SECTIONS PROVED 
GEOMETRICALLY. Part I. The Ellipse with an ample 
collection of Problems. By the Rev. H. G, t)AY, M.A., formerly 
Fellow of St. John's College, Cambridge. Crown 8vo. 3^, 6d, 
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DodgSOn.— <:URIOSA MATHEMATICA. Part I. A New 
Theory of Parallels. By Charles L. Dodgson, M.A., Student 
and late Mathematical Lecturer of Christ Church, Oxford, Author 
of "Euclid and his Modem Rivals,'* "Euclid, Books I. andIL," 
&c Crown 8vo. 2s, 

Drew.— <JEOMETRICAL TREATISE ON CONIC SECTIONS. 
Ity W. H. Drew, M.A., St. John's College, Cambridge. New 
Edition, enlarged. Crown 8vo. 5^. 

Dyer.— EXERCISES TN ANALYTICAL GEOMETRY. Com- 
piled and arranged by J. M. Dyer, M.A. With Illustrations. 
Crown 8vo. 45. 6<i, 

Eagles. —CONSTRUCTIVE GEOMETRY OF PLANE 
CURVES. ByT. H. Eagles, M.A., Instructor in Geometrical 
Drawing, and Lecturer in Architecture at the Royal Indian En- 
gineering College, Cooper's Hill. With numerous Examples. 
Crown 8vo. X2i. 

Edgar (J. H.) arid Pritchard (G. S.).— note-book on 

PRACTICAL SOLID OR DESCRIPTIVE GEOMETRY. 
Containing Problems with help for Solutions. By J. H. Edgar, 
M.A., Lecturer on Mechanical Drawing at the Royal School of 
Mines, and G. S. Pritchard. Fourth Edition, revised by 
Arthur Meezs. Globe 8vo. 41. 61/. 

Edwards.— THE differential calculus. With Ap- 
plications and numerous Examples. An Elementary Treatise by 
Joseph Edwards, M.A., formerly Fellow .of Sidney Sussex 
College, Cambridge. Crown 8vo. los. 6d, 

Ferrers. — WodLs by the Rev. N. M. Ferrers, M.A., Master of 
Gonville and Caius College, Cambridge. 

AN ELEMENTARY TREATISE ON TRILINEAR CO- 
ORDINATES, the Method of Reciprocal Polarfi, and the Theory 
of Projectors. New Edition, revised. Crown 8vo. 6s, SJ. 

AN ELEMENTARY TREATISE ON SPHERICAL HAR- 
MONICS, AND SUBJECTS CONNECTED WITH 
THEM. Crown 8vo. 7j. 6i. 

Forsyth.— A treatise on differential equa- 
tions. By Andrew Russell Forsyth, M. A., F. R. S., Fdlow 
and Assistant Tutor of Trinity Collie, Cambridge. 8vo. 14s, 

FrOfl— Work* by Percival Frost, M.A., D.Sc, formerly Fellow 
. of St Tdim's College, Cambridge ; Mathematical Lecturer at 
. King's College. 
AN ELEMENTARY TREATISE ON CURVE TRACING. 

Svo. 12s, 
SOLII> GEOMETRY. Third Edition. Demy 8va i6/t 

HINTS FOR THE SOLUTION OF PROBLEMS in the Third 
Edition of SOLID GEOMETRY. Svo. 8j. 6d. 
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GreaTeS.— A treatise ON ELEMENTARY 8TA*neSv ^ 
John Grsavis, M.A., FdkHT tmd Mathenratical Lectnrtr of 
Chrisf t CoHege, Cambridge. SeooAd Edition. CmwaSvo* 6r. 6d, 

STATICS FOR BEGINNERS. By the Same Author. Globe Svo. 

Grcenhill.— Dlt^f ERENTIAL AND INtEGRAl*, '<3tfc^ 

CULUS. With Applications. By A- G. GREtNHiLt, J&A., 
Professor of Mathematics to the Senior Class of Artillery O^ers, 
WoQl^ch, atid Examiner In Maih/ftnttCdcs to the Umv^i^itgr'^ 
London. Crown 3vo* 7#. 6d, 

Hayward.— THE algebra OF CO-PLA^IAR VECTORS 
AND TRIGONOMETRY. By R B. HaywAub^ I\teS», 
Assistant Master xt Harrow. [In ft^arnHon, 

Hemming.— AN elementary treatise ON the 

DIFFERENTIAL AND INTEGRAL CALCULUS, for the 
Use of Colleges and Schools, py G. >y. HsmmiiNG, M.A., 
Fellow of St. John's College, Ccunbrldge. "Seoodd Ld{)iolk^ tftdS 
Corrections and Additions. ' &ro. Qj. 

IbbetSOn.— THE MATHEMATICAL THEORY OF pkR- 
FECtLV ELASTIC SOLIDS, with a short apcowt of Vbcous 
Fluids. An Elementary Treatise. By WllLiAM J^J'N ^s^QXSON, 
M.A., Fellow of the Royal Astronomical Society, and of the t)am- 
bridge Philosophical Society, Member of th^ London &ftftfMUtt&s3 
Society, late Senior Scholar ^CUre Cottege, Cambridge. 8yo. 2ij. 

Jellett (John H.).— a TREATISE ON THE THEORY OF 
FRICTION. By John H. Jellett, B.D., late Provost oif Trinity 
College, Dttblin; Presided of the Rofol Irisik Aeadeafit;- xA 
Ss,6d. 

Johnson.— Works by WiLtrAM Wdolsey J<iH«W<*c, Thtiks^tDf 
Mathematics «t the U.S. Naval Academy, Aimoipolis, Vltfryland. 

INTEGRAL CALCULUS, an Elementary Treatise Oh <he; 
"Founded on the Meth<^ of Rat^s or FUixi6iiSi Bfettjr ttGL \^* 

CURVE TRACING IN CARTESIAN CO-OJR&mASES. 
Crown 8vo. 4s, 6d, . • '...[' 

jTdnfed.— EXAMPLES IN PHVSiefe, )fy fe. E. JONfe'«."B^.'? 
Letturer m Pl^sics ia Univereity CoH^^ iif WkKa^ Afeiiyil^th. 
ti^p. 8vo. p. €rf. 

Kelland and Tait^— iNTRdDUCTTOK Tt) Qeit?Cl3 

NIONS, -with numerous eacaxn^es. 1^ ^. KkskANd^' M.A., 
F.R.S., and P. G. Tait, M.A., Professors in tkk K)e^«teiE>iAt of 
Mathematics itk tihe UiOveiBt^ ctf ES&b^fi^ . iSJAM^ ' ldi^9P- 
Crown 8vo. 7j. 6d. 

Kcmpe.— HOW TO DRAW A OT^AIOHT LfMi kllMtite 
on LinlBUgesr. Bjr A. B, Kjtuw^ With. lU^trallpB^ 
IS, 6d, (Nature Sitrm,) 
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Kennedy.— THE mechanics of machinery. By a.. 

B. W, K»n;«bdy; F.R»S., M. Inst. C.E., Professor of EngiuKaftring 
aod Mechwcal Tedwologyiin UniverBity College, Londoo. With 
Illu^tn^tioq*, , Crown Svo. .izs.6d, 

Knox.— ••di'fferential calculus for beginners. 

By ALEXANl>Eii Knox. Fcap. Svo. 3^. 6d. 
I/OCk. — Works ty the Revl J. B. Lock, M.A., Author of 
«* Trigonometry," ** Arithmetic for Schools," ^c. 
HIGHER TRIGONOMETRY. Second Edition. Globe «vo. 4>. 6d, 
.«DVNAMrcS FOR BKGINKERlS. Second Edition. (Stwk)'- 
- » • %ped.) Globe Sva. 3j. 6d?'. 
.fil^EMENTARV STATICS. Globe 8vo. 4^. 6rf. 

(See also under Arithmetic^ Euclid, and TrigxfTumtUy^) 

Lu^Oli.— (iHEklCAL ARITHMETIC. With 1,200 Examples. 
By Sydney Lu1e»ton, M.A., F.C.S,, F.I.C, formerly Assistant- 
Master iii Harrow School. Second Edition. Fcap. Svo. 41: 6d. 

lAacfarlane,-"PHYSICAL ARITHMETIC. By Alexander 
^A0PAiRLANE> M, A., D.Sc, F.R.S.E., Examii^QC in MathemAt*t» 
to the Universily of Edinburgh. Crown Svo. ^f 6</.. 

MaCGregor.-^INEMATICS and dynamics. Ad Ele- 
mentary Treatise. By James Gordon Ma^Gkegor, M.A., 
i;).Sb.» JP'dllarw of the IRbyal So^ietiles of Edioliuigh and of Gasad^^ 
MuAr6 Frofes^bQ* <rf Physids in DalhousLe Collie, Halifax, Kova 
; Sootia. With Illustrations, Crown 8vo^ xos. 6d, 

Me^rrimatl.-^ATEXT^^OOK OF THE METHOD OF LEAST 

SQUARES. By Mansfield Merriman, Professor of Civil 

'Engineering at Lehigh University, Member, of the American 

Philosophical Society, American Association for the Advancement 

*of Science, &c. Demy Svo. ' S^. 6</. • • - 

MiHar.— ELEMENTS OF DESCRIPTIVE GEOMETRY By 
J.B. MiLXAR, ,C.E., Assistant Lecturer in Engineering in Owens 

• College, M^nchesteh. Second Edition. ' Crown 8vd. 6s. 

K^ilhe. — Wprk« by the Rev. John j. Milne, M.,A.,' Private Tutor, 
- late .Scholar, of St. John's College, Cambridge, ^c, &c., formerjy 
.. Second.Masterofrfeversham Grammar School.' 
WEEKLY PROBLEM PAPERS. With; Notes intended for the 
' ' 'Use of'kudents preparing for Mathematical Scholai^hips, a^ for the 
Jui^ior Members of the Universities who are reading for Mathematical 
■ ' Htmouxs. Pott Svo. 4s: 6d, 

SOLUTIONS TO WEEKLY PROBLEM PAPERS. Crown 
., Syo^ iQs, 6d^ 

ViOMPA^roN TO «* Weekly problem papers." Crown 

SVo. ioj. 6d, , 
KdUfr.— A TREATISE ON THE THEORY OF DETERMI- 
. N ANXS. With graduated jets of Examines. For use iu Colleges 

* Mid 'Schools. By Thos. Mhir, M.A., F.R.S:e., Matbematical 
■ Master in the High School of Glasgow. Crown Svo. p. 6d. 

d% 
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Palmer.— TEXT BOOK OF PRACTICAL LOGARITHMS 
AND TRIGONOMETRY. By J. H. Palmer, H«ad School- 
master R.N., H.M.S. Cambridge^ DeTonport Globe 8vo. 41, 6d, 

Parkinson.— AN ELEMENTARY TREATISE ON ME- 
CHANICS. F<K- the Use of the Jonior Ckases at the UniTersity 
and the Higher Classes in Schools. By S. Parkinson, D.D., 
F.R.S., Tutor and Prsclector of St. John's College, Cambndfe. 
With a Collection of Examples. Sixth Edition, revised. Crown 
8vo. 91. 6d, 

I.— LESSONS ON RIGID DYNAMICS. By the ReT. G. 
PiRis, M.A., late Fellow and Tutor of Queen's College, Cam- 
bridge ; Professor of Matheaoatios in the University of Aberdeen. 
Crown 8vo. 6f« 

PuCklc— AN ELEMENTARY TREATISE ON CONIC SEC- 
TIONS AND ALGEBRAIC GEOMETRY. With Numerous 
Examples and Hints for their Solution ; especially designed for the 
Use of Beginners. By G. H. Fuckle, M.A. Fifth Edition* 
rerised and enlarged. Crown Syo. is. 6d, 

Reuleaux.— THE kinematics of machinery. Out- 

lines of a Theory of Machines. By Professor F. Reulsaux 
Translated and Edited by Professor A. B. W. Kennedy, F.R.S. 
C.E. With 450 Illustration^ Medium 8vo. 2IJ. 

Rice and Johnson — differential calculus, an 

Elementary Treatise on the ; Founded on the Method of Rates or 
Fluxions. By John Minot Rice, Professor of Mathematics in 
the United States Navy, and William Woolsey Johnson, Pro- 
fessor of Mathematics at the United States Naval Academy. 
Third Edition, Revised and Corrected. Demy 8vo. i%s. 
Abridged Edition, 9ix. 

Robinson.— TREATISE ON MARINE SURVEYING. Pre- 
pared for the use of younger Naval Officers. With Questions for 
Examinations and Exercises principally from the Papers of the 
Royal Naval College. With the results. By Rev. John L. 
Robinson, Chaplain and Instructor in the Royal Naval CoUege^ 
Greenwidi. With Illustrations. Crown 8vo. 71. 6d, 

CONTSNTS. — Symbols used in Charts and Surveyins^— The Construction and Use 
of Scales— Laying off Angles — Fbdng Positions by Angles — Charts and Chart- 
Drawiag—Instminents and Observing — Base Lines— Tiriangulati<» — ^LereUing— 
Tides and Tidal Observations— Soundings— Chronometers--Meridiaa Dist a n o et 
—Method of Plotting a Sunrey— Miscellaneous Exercises — Index. 

Routh. — Works by Edward John Routh, D.Sc, LL.D., 

F.R.S., Fellow of the University of London, Hon. Fellow of St. 

Peter's College, Cambridge. 
A TREATISE ON THE DYNAMICS OF THE SYSTEM OF 

RIGID BODIES. With numerous Examples. Fourth and 

enlai^ed Edition. Two Vols. 8vo. VoL I. — Elementary Parts. 

14J. Vol. II, — ^The Advanced Parts. 14J. 
STABILITY OF A GIVEN STATE OF MOTION, PAR- 

TICULARLY STEADY MOTION. Adams' Priie Essay for 

1877. 8vo. 8x. &/. 
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Sanderson.— HYDROSTATICS for beginners. By 

F. W. Sanderson, M.A., late Fellow of the University of 
Durham, and Scholar of Christ's College, Cambridge ; Assistant 
Master in Dulwich College. Globe 8vo. [In the press. 

Smith (C). — Works by Charles Smith, M.A., Fellow and 
Tutor of Sidney Sussex College, Cambridge. 
CONIC SECTIONS. Seventh Edition. Crown 8vo. ^s 6d 
SOLUTIONS TO CONIC SECTIONS. Crown 8vo. \os' 6d 
AN ELEMENTARY TREATISE ON SOLID GEOMETRY. 
Second Edition. Crown 8vo. gj. 6ii. (See also under Algebra ) 

Tait and Steele.— a treatise on dynamics of a 

PARTICLE. With numerous Examples. By Professor Tait 
and Mr. Steele. Fifth Edition, revised. Crown 8vo. I2j. 
Thomson. — Works by J. J. Thomson, Fellow of Trinity College, 
Cambridge, and Professor of Experimental Physics in the University' 

A TREATISE ON THE MOTION OF VORTEX RINGS. An 
Essay to which the Adams Prize was adjudged in 1882 in the 
University of Cambridge. With Diagrams. 8vo. 6j. 

APPLICATIONS OF DYNAMICS TO PHYSICS AND 
CHEMISTRY. Crown 8vo. 7j. 6^. 

Todhunter. — Works by I. Todhunter, M.A., F.R.S., D.Sc, 
late of St. John's College, Cambridge. 
** Mr. Todhunter is chiefly known to students of Mathematics as the author of a 
series of admirable mathematical text-books, which possess the rare qualities of being 

clear in style and absolutely free from mistakes, typographical and other." 

Saturday Rbvibw. 

MECHANICS FOR BEGINNERS. With numerous Examples. 

New Edition. i8mo. 41. dd, 
KEY TO MECHANICS FOR BEGINNERS. Crown 8vo. (^.^. 
AN ELEMENTARY TREATISE ON THE THEORY OF 

EQUATIONS. New Edition, revised. Crown 8vo. yj. 6^. 
PLANE CO-ORDINATE GEOMETRY, as applied to the Straight 

Line and the Conic Sections. With numerous Examples. New 

Edition, revised and enlarged. Crown 8vo. *js, 6(i. 
KEY TO PLANE CO- ORDINATE GEOMETRY. By C. W. 

Bourne, M.A. Head Master of the College, Inverness. Crown 

8vo. lor. 6d, 
A TREATISE ON THE DIFFERENTIAL CALCULUS. With 

numerous Examples. New Edition. Crown 8vo. - lOf . 6d, 

A KEY TO DIFFERENTIAL CALCULUS. By H. St. J. 
HuNfER, M.A. Crown 8vo. los, 6d, 

A TREATISE ON THE INTEGRAL CALCULUS AND ITS 
APPLICATIONS. With numerous Examples. New Edition, 
revbed and enlarged. Crown 8vo. lOf. 6^. 

EXAMPLES OF ANALYTICAL GEOMETRY OF THREE 
DIMENSIONS. New Edition, revised. Crown 8vo. 41. 

A TREATISE ON ANALYTICAL STATICS. With numerous 
Examples. Fifth Edition. Edited by Professor J. D. EVERETT. 
F.R.S. Crown Svo. los. 6d, 
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Todhuxitcr,^ am/inued. 
A HISTORY OF THE MATHEMATICAL THEORT OF 
PROBABILITY, from the time of Pascal to that of Laplace. 

oVt>. loS, 

A HISTORY OF THE MATHEMATICAL THEORIES OF 
ATTRACTION, AND THE FIGURE OF THE EARTH, 
from the time of Newton to that of Laplace. 2 vols. Svo. 241. 

AN ELEMENTARY TREATISE ON LAPLACE'S, LAME'S, 
AND BESSEL'S FUNCTIONS. Crown 8vo. lof. 6d. 

{Stts}aoxm6i&T ArUhmetic and MeftsuraHoHf Aigebray9Xi'\ Trigonometry^) 

Wilson (J. M.).— SOLID GEOMETRY AND CONIC SEC- 
TIONS. With Appendices on Transversals and Harmonic Division. 
For the Use of Schools. By Rev. JT. M. Wilson, M.A. UtitA 
Master of Clifton College. New Edition. Extra fcap. 8vo. 3x. 6d. 

Woolwich Mathematical Papers, for Admission into 
the Royal Military Academy, Woolwich, 1880 — 1884 inclusive. 
Crown 8vo. 3J. 6d. 

Wolstenholme.— MATHEMATICAL PROBLEMS, on Sub- 
jects included in the First and Second Divisions of the Schedule of 
subjects for the Cambridge Mathematical Tripos ExaimnatiGn. 
Devised and arranged by Joseph Wolstenholme, DlSc,'late 
Fellow of Christ*s College, sometime Fellow of St. John's College, 
and Professor of Mathematics in the Royal Indian Engineering 
College. New Edition, greatly enlarged. 8vo, i8j. 
EXAMPLES FOR PRACTICE IN THE USE OF SEVEN- 
FIGURE LOGARITHMS. For the Use of Colleges and 
Schools. By the same Author. 8vo. $s. 
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(i) Natural Philosophy, (a) Astronomy, (3). 
Chemistry, (4) Biology, (5) Medicine, (6) Anthro- 
pology, (7) Physical Geography and Geology, (8) 
Agriculture, . . ', , 

NATURAL PHILOSOPHY- , 

Airy.— Works by Sir G. B. AiRY, K.C£L> formerly Astrottomer- 
Royal. 

O^ SOUND AND ATMOSPHERIC VIBRATIOl^ With 
the Mathematical Elements of Music Designed for the Use of 
Students in the University. Second ]^ditioh, r^yis^ and enlar|g[ed. 
Crown 8vo. 9J. 

A TREATISE ON MAGNETISM. Designed for. the Us^ of 
Students in the University. Crown 8vo. 9f. 6d, 

GRAVITATION: an Elementary Explanation of the Principal Per- 
turbations in the Solar System. Second Edition. Crown 8vo, 'js, 6d. 
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Alexander (T.).— elementary applied mechanics. 

Being: *io simpler and mot* prjtctical Gases of Strjfess and Strain 
w«j4ight i^ot iiidiTidiiall^f fh>m fitst principles, by nie&ns of Ele- 
mental MiatWixiaHes. ^y T. ALE^tANDER, Q.E.,, Professor of 
Civil Engineering in the Imperial College of Engineering, Tokei, 
Jajjan, Crown Svo. Paf t I. A^.6d, 

Al^^nder -^ Thoicnson. -rr- elementary applied 

MECHANICS. By Thomas Alexander, CiE., Professor of 
Engine€|ring in the Imperial College of Engineering, Tokei. Japan ; 
• and AkTHUH WatsoN THOMSON, C.E., B.Sc.^ Professor of 
En^neerii^ at the Hoyal CQllege, Cirencester. Part IL Trans- 
verse Stress ; tipwards of 150 Diagrams, and 200 Examples 
carefully worked out. Crown 8vo. 10^. 6d. 

Bail (E. 8.).— EKPERtMENTAL MECHANICS. A Course of 

Ldetdfes d^liver^d at the I^yal Coflege of Science for Ireland. 

. Hjr SirR. S. Ball, LL.D., F.R.S;, Astronomer Royal of Ireland. 

Second and Cheaper Edition. With lUastratipns. Crown 

Svbw 6s, 

BottPmlpy,— FOUR-KIGURE MATHEMATICAL TABLES. 
Comtmsiag Logfen-ithmic and Trigonometrical Tables, and Tables 
(pf S^uareS) Square Roots, and Reciprocals. By J. T. Bottomley, 
M.A., F.R.S.E., F.C.S., Lecturer in Natural Philosophy In the 
Univ^r^ity of Glasp;ow. 3vo. zs* Cd* 

Chislipim. — •J'HE SCIENCE OF WEIGHING AND 
MEASURING, AND THE STANDARDS 6F MEASURE 
AN0 WEIGHT. By H.W. Chisholnt, Warden of the Standards. 
With numerous I^ustfiitions. Crown 8vo. 4r. 6d, {/Mature Series), 

Clarke.— A TABLE OF SPECIFIC GRAVITY FOR SOLIDS 
AND X-IQUIDS; (Constants of .Nattre: Pan I,) New 
ftdition* Keviitd and Eiilarged. . By Frank Wigolesworth 
CLAf^CS; Chief Chfeinifet, U.S. Geological Survey. 8vo, la^. 6d, 
Q^itblished for ikk Sobithsdniaii Institution, Wa^i^gten, U.S. of 
America.) 

CUusiuS.— MEpifANiCAL THEORY OF HEAT. By R. 
CLAusitrs. Ttanslated by Walter R. Browne, M.A., late 
Fellow of Trinity College, Cambridge. Crown 8vo, ios, 6d. 

Cotteriii.— APPLIED MECHANICS : an Jijementary General 
Ifltrqd^ptio}^ tft ^e Theqry of Structures and Machines. By 
James H. Cotterill, F.R.S., Associate Member of the Council 

?f the Institution, of NavaJ Architects, Associate Member of. the 
nstttdtfon of Civil Engineers, Pirofessor of Applied Mechanics fei 
the Royal Naval College, Greenwich. Medium 8vo. ifis, 

ITLEMENTART MANUAL OF APPLIED MECHANIC! 
By \he same Author. Ciown 6«o. [In preparation. 

Gumtning.— AN tNTRODUCTJON TO THE THEORY OF 

Electricity. By linn^cus cumming, m.a., one of the 

Mastersof Rugby School. With Illustrations, Crown 8vo. %s,6d* 
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Daniel!.— A TEXT-BOOK OF THE PRINCIPLES OF 
PHYSICS. By Alfred Daniell, M.A., LL.R, D.Sa, 
F.R.S.E., late Lecturer on Phyiics in the School of Medicine, 
Edin)>argh. With Illustration. Second Edition. Revised and 
Enlaiged. Medium 8vo. lis. 

Day.— ELECTRIC LIGHT ARITHMETIC. By R. E. Uky, 
M.A., Evening Lecturer in Experimental Physics at King's 
College, London. Pott 8vo. 2s. 

Everett.— UNITS and physical constants. By J. D. 

Everett, M.A., D.C.L., F.R.S., F.R.S.E., Professor o 
Natural Philosophy, Queen's College, Belfast. Second Edition. 
Extra fcap. 8vo. 5/. 

Gray — ^the theory and practice of absolute 

MEASUREMENTS IN ELECTRICITY AND MAGNET- 
ISM. By Andrew Gray, M. A., F.R.S.E., Professor of Physics 
in the University College of North Wales. Two Vols. Crown 
8vo. Vol. I. I2J. 6d, [Vol. II. /« the press 

Greaves.— ELEMENTARY STATICS. A TREATISE ON. 
By John Greaves, M.A., Fellow and Mathematical Lecturer 
of Christ's College, Cambridge. Second Edition, revised. Crown 
8vo. 6j. 6</. 

STATICS FOR BEGINNERS. By the same. Crown 8vo. y, 6d. 

Grove.— A dictionary of music and musicians. 

(a.d. 1450 — 1889). By Eminent Writers, English and Foreign. 
Edited by Sir George Grove, D.C.L., Director of the Royal 
College of Music, &c. In four volumes. Demy 8vo. 

Vols. L, II., IIL, and IV. Price 21^. each. 

Vol. I. A to IMPROMPTU. Vol. II. IMPROPERIA to 

PLAIN SONG. Vol. IIL PLANCHE to SUMER IS 

ICUMEN IN. Vbl. IV. SUMER IS ICUMEN IN to 

ZURSCHONSPEIL and APPENDIX. Demy 8vo. cloth, with 

Illustrations in Music Type and Woodcut. Also published in Parts. 

Parts I. to XIV., Parts XIX— XXIL, price 3^. 6d, each. Parts 

XV., XVI., price 7J. Parts XVIL, XVIIL, price 7/. Parts 

XXIII.— XXV. (Appendix), ^s. 

*,* The Appendix just published completes the Dictionary. A 

general Index will be published as a separate volume. 

" Dr. Grove's Dictionary will be a boon to every intelligent lover of music"— 
Saturday Review. 

Huxley.— INTRODUCTORY PRIMER OF SCIENCE. By T. 
H. Huxley, F.R.S., &3. i8mo. is, 

Ibbetson. — ^the mathematical theory of per- 
fectly ELASTIC SOLIDS, with a Short Account of Viscous 
Fluids. An Elementary Treatise. By WiLLIAM John iBBXTSon, 
B.A., F.R.A.S., Senior Scholar of Clare College, Cambridge. 8vo. 
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Jones. — Works by D. E. Jones, B.Sc., Lecturer in Physics m 
University College of Wales, Aberystwyth. 

EXAMPLES IN PHYSICS. Fcap. 8vo. 3s. 6(f. 

HEAT AND LIGHT. An Elementary Text-book. With Illus- 
trations. *Fcap. 8vo. [/n/r€/araium. 

KempC— HOW TO DRAW A STRAIGHT LINE ; a Lecture 
on Linkages. By A. B. Ksmps. With Illustrations. Crown 
8yo. IX. 6^. [Nature Series,) 

Kennedy.— THE mechanics of machinery. By a. b. 

W. Kennedy, F.R.S., M.InstC.E., Profef^sor of Engineering and 
Mechanical Technology in University College, London. With 
numerous Illustrations. Crown 8vo. 12s. M, 

Lang.— EXPERIMENTAL PHYSICS. By P. R. Scott Lang, 
M.A., Professor of Mathematics in the University of St. Andrews. 
With nittstrations. Crown 8vo. [/« the press. 

Lock. — Works by Rev. J. B. Lock, M. A., Senior Fellow, Assistant 
Tutor and Lecturer in Gonville and Caius College, . formerly 
Master at Eton, &c. 

DYNAMICS FOR BEGINNERS. Second Edition. Globe 8vo. 

ELEMENTARY STATICS. Globe 8vo. 4*. 6^. 

Lodge.— MODERN VIEWS OF ELECTRICITY. By Oliver 
J. Lodge, F.R.S., Professor of Physics in University College, 
liverpool. Illustrated. Crown 8vo. \In the press, 

LOCWy.— QUESTIONS AND EXAMPLES ON EXPERI- 
MENTAL PHYSICS ! Sound, Light, Heat, Electricity, and 
Magnetism. By B. Loewy, F.R.A.S., Science Master at the 
London International College, and Examiner in Experimental 
Physics to the College of Preceptors. Fcap. 8vo. zs, 

A GRADUATED COURSE OF NATURAL SCIENCE FOR 
ELEMENTARY AND TECHNICAL SCHOOLS AND 
COLLEGES. In Three Parts. Part I. First Year's 
Course. By the Same. Globe 8vo. 2s, 

Lupton.— NUMERICAL TABLES AND CONSTANTS IN 
ELEMENTARY SCIENCE. By Sydney Lupton, M.A,. 
F.C.S., F.I.C., Assistant Master at Harrow School. Extra fcap. 
8vo. 2s. 6d, 

Macfarlane.- PHYSICAL arithmetic. By Alexander 
Macfarlane, D.Sc, Examiner in Mathematics in the University 
ofEdinbiugh. Crown 8vo. js, €d, 

Macgrcgor.— KINEMATICS AND DYNAMICS. An Ele- 
mentary Treatise. By James Gordon Macgregor, M.A., D. So. 
Fellow of the Royal Societies of Edinburgh and of Canada, Mnnro 
Professor of Physics in Dalhousie College, Halifax, Nova Scotia. 
With Illustrations. Crown 8vo. ioj. 6t/. 
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Mayer. — sound : a series of Simple^ Entertaimiig, and Inet- 
pensive Experiments in the Phenomenal of Sound, for the Use of 
Students of every age. By A. M. MaYER, Ttohssae of Physics 
in the Stevens Institute of Tedinolc^^ &c. With niunfioas 
Illustrations. Crown Svo. 2s. 6d. {Nature Serm.\ 

Mayer and Barnard— light : aSeri^sof ^mpie, E^uwtm- 

ing, and Inexpensive Experiments in ttiePnenomena of LiSrt,l[brffie 
Use of Stadents^ol every age. By A. M. MAYER ind Q. Sij^R^JARD. 
With numerous Illustrations. Crown Svo. 2s, 6</. {Nhture Seri^.) 

Newton. — ^PRINGIPIA. Edil^ by Professor Sh- W/ •p»oMsoi« 
and ProfessoF BlackburNE. 4t6, doth. 3ix. Oik 
THE iFIRST THREE SECTIONS OP NEWTON^ IPRIN- 
CIPIA. With NQt<)s and lUuattatioBs. Alst>: a Collection of 
Problems, principally intended as Examples of N^^^toq^ M^^ixB* 
ByPERCivALpROST, if.A'. Third Edition. 8vo^ I2«, ' 

Parkinson.— A treatise OK optics. By S. Parkinson, 
D.D., F.R.S., Tutor and Praelector of St. John's College Cmi- 
hridgc. Fourth Edition, revised and enlarged. Crown Svo. lor. ^. 

Perry. ~ STEAM. AN ELElVfENTARY TREATISE. By 
John Perry, C.E., Whitworth Scholar, t^'ellow gf the Chemical 
Society, Professor of Mechanical Engineering and Applied Mech- 
anics at the Technical College, Finsbury. With numerous Wood- 
cuts and Namerical Ej^mplej? andExefo^es. iSmo. 4x. €d^ 

Rayleigh.-r-THE THEORY OF SO U?JD. By Lord R^^-taui, 
M.A., F.R.S., formerly Fellow of Trinity Coillej^, Qainbridgc, 
Svo. Vol. I. I2J. ed. Vol. H. lis, fyi, [Vof. Ill, ifi.t^Jnress. 

Reuleaux. — the kinematics of i^CHmERy. Oijt- 

lines of a Theory of Machmes. "^ Professor F. Reuleaux. 
Translated and Edited by Professor A; B|. W. KennepV, :^,R.S., 
G.E. With 450 Illustrations. Medium "Syo. 2ti, 

RoSCOe and Schusten— SPEQTRUM ANALYSIS. Lectures 
delivered in 1868 befqr^ ^e ^pcie^y of Apodif^saries ^ London. 
By Sir Henry E. Roscoft LL.I).j F.R.S,, jbrm^ly Profasor of 
Chemistry in the Ow«ns College, Victoria iJ^niyer^itv, if ^midiester. 
Fourth Edition, revised and coigiderably, enlaifflqd bx tjw Author 
and by Arthur ScHuSter. F.K.S.. Ph.D., Pj^fpssor QLAppU^ 
Mafheiiiatfcs in the OweUs *<i)ll^, V ictorrn UnW^rsity. W18? AJ)- 
|)endices, numerous Ittudtrations, and Plfttes: Medium 8to, 211. 

Sanderson.— HYDROSTATICS FOR" BEGINXJERS- By 
F. W. Sanderson, M,A., late Fellow of the . ^f^fgrsJ^- ^ 
Durham, and Scholar of Cwist's College, f2imbndff^ : T^^istant 
Master in DuIwicK College. Globe Svo. \M ^ ^iss, 

Shann.— AN ELEMENTARY TREATISE ON pfkAT, IN 
RELATION TO STEAM AND Tttfi JSTEAJi-^Wft*!. 
By G. Shann, M.A. With Ilhistrlitiojis. Crown 8to. 4^. 6d, 

SpOttiswbode.— POLARISATION OF LIGHT. By tbe late 
W. Spottis WOODS, F.R.S. With many Illustration^ New 
Edition. Crown Svo, 3J. 64. {feature Series,) 
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St^lVart (Balfour). — Works by Balfour Stbwart, F.R.S., 

il^to Limgwordiy Ftofbssor of Physics in the Owens College, 

Victoria University, Manchester. 
PRIMER OF PHYSICS; With numerous Mustrations. New 

Edition, with. <^estions. xSuoo. is. {Science Primers,) 
LESSONS IN ELEMENTARY PHYSICS. With numerous 

ntustrations and ChromoUtho of the Spectra of the Sun,* Stars, 

and Nebulae. New and Enlarged Edition. Fcap. 8vo. 4f. 6d. 
QUESTIONS ON BALFOUR STEWART'S ELEMENTARY 

LESSONS IN PHYSICS. By Prof. Thomas H. Core, Owens 

College, Manchester. Fcap. 8vo, 2s, 

Stewa^ and Gee. — elementary practical PHY- 
SICS, LESSONS IN. By Balfour Stewart, M.A., LL.D, 
Fi.R.S.^ aiL4 W. W. HAtDANE Gee, B.Sc. Crown 8vo. 
' Yol X.— GENERAL PHYSICAL PROCESSES. 6s. 
Vol. IL— ELECTRICITY AND MAGNETISM, y, 6d. 
Vol. III.— OPTICS, HEAT, AND SOUND. [In the pr^, 
PRACTICAL PHYSICS FOR SCHOOLS AND THE JUNIOR 
STUDENTS OF COLLEGES. By the same Authors. Globe 8vo. 
Vol. L— ELECTRICITY AND MAGNETISM. 2s. 6d, 
Stokes. — ON LIGHT. Being the Burnett Lectures, delivered in 
Aberdeen in 1883, 1884, 1885. By George Gabriel Stokes, 
M.A., P.R.S., &C., Fellow of Pembroke College, and Lucasian 
Professor of Mathematics In the University of Cambridge. First 
Course: On the Nature of Light.— Second Course: ON 
I Light as a Means of Investigation. — Third Course : On the 

Beneficial Effects of Light. Complete in one volume. 
Crown 8vo. 7j. 6d, 
*^ The Second and Third CotirSQ6 may be had separately. Cto\«ti 
8vo. 2x. 6^. each. 

Stone.— ^AN ELEMENTARY TREATISlf ON SOUND. Py 
W. H. Stone; M.D. With Illustrations. i8mo. y. 6d, 

Tait — HEAT. By P. G. Tait, M.A., Sec. R.S.E., formerly 
Fellow of St. Peter's College, Cambridge, Professor of Natural 
Philosophy in the University, of EdiabungH. Crown 8vo. dr. 

ThQIPiPSpn.— ELEMENTARY LESSONS IN ELECTRICITY 
A;NI> MAGNETISM. BySiLVANUS P. Thompson, Principal 
and Professor (^Physics in the Tcdinical CoUege, Finsbury. With 
lUustrationsUr New Edition, Revised, Forty-Third Tbous^C 
FcapuSvb. '4^. 6df. 

Thomson, Sir W. — ^Works by Sir WiLWAM Thomson, 
P.CX., LL,P., F.R.S., F.R.St.E., Fellow of St* Jeter's College, 
Cambridge, and Professor of Natural Philosophy in' the University 
of Gksgow. 

ELECTOOSTATICS and magnetism, reprints OF 
PAPERS ON. Second Edition. Medium 8vo. i8x. 

POPULAR LECTURES AND ADDRESSES. 3 vols. With 
Illustrations. Crown 8vo. Vot t. Constitution of Matter. 6x. 
(Nvture Serin,) 
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Thomson, J. J. — Works by J. J. ThoMSOW, Fdlow of Trinity 
Collie, Cavendish Professor of Experimental Physics In the 

University. 

THE MOTION OF VORTEX RINGS, A TREATISE ON. 
An Essay to which the Adams Prixe was adjudged in 1882 in 
the University of Cambridge. With Diagrams. 8vo. dr. 

APPLICATIONS OF DYNAMICS TO PHYSICS AND 
CHEMISTRY. By the same Author. Crown Svo. p. 6d. 

Todhuntcr.— NATURAL PHII.OSOPHY FOR BEGINNERS. 
By I. TODHUNTER, M.A.. F.R.S., D.Sc. 
Part I. The Properties of Solid and Fluid Bodies. iSmo. 3r. 6tL 
Part II. Sound, Light, and Heat i8mo. 3/. 6d. 

Turner.— HEAT AND ELECTRICITY, A COLLECTION OF 
EXAMPLES ON. By H. H. Turner, B.A., Fellow of Trinity 
College, Cambridge. Crown Svo. 2s. 6d, 

Wright (Lewis). — LIGHT ; A COURSE OF EXPERI- 
MENTAL OPTICS, CHIEFLY WITH THE LANTERN. 
By Lewis Wright. With nearly 200 Engravings and Coloured 
Plates. Crown Svo. 7^. 6d, ' 



ASTRONOMY. 

Airy.— POPULAR astronomy, with lUustrations by Sir 
G. B. Airy, K.cB., formerly Astronomer-Royal. New EcUtion. 
i8mo. 4r. 6d. 

Forbes.— TRANSIT of VENUS. By G. Forbes, M. A., 
Professor of Natural Philosophy in the Andersonian University, 
Glasgow. Illustrated. Crown 8vo. 3^. 6d, {^Nature Serief.) 

Godfray. — Woiks by Hugh Godfray, M.A., Mathematical 

Lecturer at Pembroke College, Cambridge. 
A TREATISE ON ASTRONOMY, for the Use of Colleges and 

Schools. Fourth Edition. 8vo. I2x. 6^. 
AN ELEMENTARY TREATISE ON THE LUNAR THEORY, 

with a Brief Sketch of the Problem up to the time of Newton. 

Second Edition, revised. Crown 8vo. 5^. 6d, 

Lockyer. — Works by J. Norman Lockyek, F.R.S. 
PRIMER OF ASTRONOMY. With numerous lllustratiom. 

New Edition. i8mo. is, {Science /timers.) 
ELEMENTARY LESSONS IN ASTRONOMY. With Coloured 

Diagram of the Spectra of the Sun, Stars, and Nebiul^, and 

numerous Illustrations. New Edition, revised. Fcap. 8vo, ^ 6d, 
QUESTIONS ON LOCKYER'S ELEMENTARY LESSONS IN 

ASTRONOMY. For the Use of Schools. By John FofkBBS- 

Robertson. i8mo, cloth limp. is. 6d, 
THE CHEMISTRY OF THE SUN. With Illustrations. Svo. 14^. 
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NeWCOmb. — ^popular astronomy. By S. Newcomb, 
LL.D., Professor U.S. Naval Obpervatory. With 112 Illustrations 
and 5 Maps of the Stars. Second Edition, revised. Svp. i$s,. 
•* It is unlikcf anything else of its kind, and will be of more use in circulating a 

ImoiHedge of Astronomy than irine-tenth&of the books which have appeared on the 

subject of late years."— Saturday Review. 

CHEMISTRY. 
Armstrong.— A manual of inorganic chemistry. 

By Henry Armstrong, Ph.D., F.R.S., Professor of Chemistry 
in the City and Guilds of London Technical Institute. Crown 8vo. 

[In preparation, 
Cohen.— THE OWENS COLLEGE COURSE OF PRAC- 
TICAL ORGANIC CHEMISTRY. By Julius B. Cohen, 
Ph.D., F.C.S., Assistant Ijecturer on Chemistry in the Owens 
College, Manchester. With a Preface by Sir Henry Roscoe, 
F.R.S., and C. Schorlemmer, F.R.S. Fcap. 8vo. 2J. 6d, 

Cooke.— ELEMENTS OF CHEMICAL PHYSICS. By Josiah 
P. Cooke, Junr., Erving Professor of Chemistry and Mineralogy 
in Harvard University. Fourth Edition. Royal 8vo. 215, 

Fleischer.— A system OF volumetric analysis. 

By Emil Fleischer. Translated, with Notes and Additions, 
from the Second German Edition by M. M. Pattison Muir, 
F.R. S.E. With Illustrations. Crown 8vo. 'js. 6d. 

Frankland.— AGRicu LTURAL chemical analysis 

A Handbook of. By Percy Faraday Frankland, Ph.D., 
B.Sc, F.C.S. Associate of the Royal School of Mines, and 
Demonstrator of Practical and Agricultural Chemistry in the 
Normal School of Science and Royal School of Mines, South 
Kensington Museum. Founded upon Leitfadcnfilr die Agriculture 
Chemiche Analyse^ von Dr. F. Krocker. Crown 8vo. 7^. 6^. 

Hartley. — a course of quantitative analysis 

FOR students. By W. Noel Hartley, F.R.S., Professor 
of Chemistry, and of Applied Chemistry, Science and Art Depart- 
ment, Royal College of Science, Dublin. Globe 8vo. 5j. 

Hiorns.^ — Works by Arthur H. Hiorns, Principal of the School 
of Metallurgy, Birmingham and Midland Institute. 

PRACTICAL METALLURGY AND ASSAYING. A Text-Book 
for the use of Teachers, Students, and Assayers. With Illustra- 
tions. Globe 8vo. 6j. 

A TEXT-BOOK OF ELEMENTARY METALLURGY FOR 
THE USE OF STUDENTS. To which is added an Appendix 
of Examination Questions, embracin|; the whole of the Questions 
set in the three stages of the subject by the Science and Art 
Department for the past twenty years. Globe 8vo. 4J. 

IRON AND STEEL MANUFACTURE. Illustrated. Globe 
8vo. [In the press. 



46 MACMILLAN'S EDUCATIONAL CATALOGUE. 

Jones. — Works by Fkamcis Jones, F.R.S.E., F.C.S., Chemical 
Master in the Grammar School, Manchester. 

THE OWENS COLLEGE JUNIOR COURSE OF PRAC- 
TICAL CHEMISTRY. With Preface by Sir HxKRY Rosoos, 
F.R.S.» and Illustrations. New Edition. l8mo. zr. 6d,' 

QUESTIONS ON CHEMISTRY. A Series of Problems and 
Exercises in Inorganic and Organic Chci^istry. Fcap. 8vo. y. 

Landauer. — blowpipe analysis. By j. landauer. 

Authorised English Edition by J. Tayloe and W. £. KJm . ^ 
Owens College, Manchester. [New Ediiifin in ^tparaHon, 

Lupton.— CHEMICAL ARITHMETIC. With i,200 ProWems. 
By Sydney Lupton, M.A., F.C.S., F.I.C, formerly Assistant- 
Master at Harrow. Second Edition, Revised and Abri^^t9d« 
Fcap. 8vo. 4J. 6d, 

Meldola.— THE CHEMISTRY OF PHOTOGRAPHY. By 
Raphael Meldola, F.R.S.y Professor of ChemUtry in the 
Technical College^ Finsbury, City and Guilds of London Insti- 
tute for the Advancement oi Technical Education. Crown 8ve^ 
6 J. {Nature Series,) 

Meyer. — HISTORY OF CHEMISTRY. By Ernst von 
Meyer. Translated by George McGowan. 8vo. {/«/ngA 

Mixten— AN elementary text-book of CHEM- 

ISTRY. By William G. Mixter, Professor of Chemistry in 
the Sheffield Scientific School of Yale Collie. Second and 
Revised Edition. Crown 8vo. *js, 6d. 

Muir.— PRACTICAL CHEMISTRY FOR MEDICAL "STlT' 
DENTS. Specially arranged for the first M.B. Course. By 
M. M. Pattison Muir, F.R.S.E. Fcap. 8vo. u. 6d. 

Muir and Wilson.— THE ELEMENTS OF thermal 

CHEMISTRY, By M. M. Pattison Muir, M.A., F.R.3.E., 
Fellow and Praelector of Chemistry in Gonville and Caius CcHlege. 
Cambridge ; Assisted by David Muir Wilson. 8vo. iftr. ^, 
JRamsay.— EXPERIMENTAL PROOFS OF C^EMtdXL 
THEORY FOR BEGINNERS. By William Ramsay, Ph.D., 
Professor of Chemistry in University Coll., Bristol. Pott Svo. 2>. 6d, 

Remsen. — Works by Ira Remsen, Professor of Chemistrjr in. iff 

Johns Hopkins University. 
COMPOUNDS OF CARBON j or. Organic Chemistry, an Inlro- 

duction to the Study o£ Crown Svo. 6s, 6d, 
AN INTRODUCTION TO THE ST^DY OF CHEMISTRY 

{INORGANIC CHEMISTRY), Crown 8vo. 6s, M. 
THE ELEMENTS OF CHEMISTRY. A Text Bo^tfor 

Beginners. Fcap. Svo. 3j. 6d, 
lE^OSCOe. — Works by Sir Henry E. Roscoe, F.R.S., forgierly 

Professor of Chemistry in the Victoria Univeiwty the Owens Coll^;e, 

Manchester. - .. : 

PRIMER OF CHEMISTRY. With nmnerous Illustrations. New 

Edition. With Questions. iSmo. u, {Science Primers,) 
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LESSONS IN ELEMENTARY CHEMISTRY, INORGANIC 
AND ORGANIC. With nvuBerous lUustrations and Chromolitho 
of the Solar Spectrum, and of the Alkalies and Alkaline Eajrths.. 
IQW £ditfon. Fcap. 8vo. 45.6^. (iV^ ««^^r TkORPE.) 

R<>8Cde and Schorlemtner. — INORGANIC and OR- 
GANIC CHEMISTRY. A Complete Treatise on Inorganic and 

. -Organic Chemistry. By Sir Henry E.RoscoE, F.R.S., and Prof. 

' C.^cAoRlEMMER, F.R.S. With Illustrations. Medium 8vo. 

Vols. I. and II.— INORGANIC CHEMISTRY. 

Vql/ I.^-T^IC ^pn-MwtaHic Elements. Secoixi Edition^ revked.' 
iij, Vol. H. Part I>-MeUls. i8j. Vol. 11. Part IL— Metals. 
Niew and thoroughly Revised Edition. i8j. 

Vol. tlL-^ORGANIC CHEMISTRY. 

JHE CHEMISTRY OF THE HYDROCARBONS and their 
Derivatives, or ORGANIC CHE!^ J STRY, Wjth numerous 
Illustrations. Five Parts. Parts L, IL, and IV. z\s, each. 
Parts HL fend V. i8j. each. 

Thorpe.— A series of chemical problems, prepared 
with Special Reference to Sir H. E. Roscoe*s Lessons in Elemen.- 
tary,CJiemi0tiy» by. T. E. Thorpe, PJkD., F.R.S., Professor <i\ 
Ctaemistiry iu the Normal School of Science^ South Kensington, 
adapte4. for the Preparation of Students for the Government, 
Science, an4 Society of Arts Examiodtions. With a Preface by Sir 
Henry E. RoscoE, F.R.S. New Edition, with Key. i8mo. 2J. 

Thbrpe and Riicker. — a treatise on chemical 

PHYSICS. By T. E. Thorpe, Ph.D., F.R.S. Professor of 
Chemistry in the Normal School of Science, and Professor A. W. 
Rdcker, Ilinsttaled, ,,8vo. \In preparation. 

Wright.— METALS . AND THEIR CHIEF INDUSTRIAL 
APPLICATIONS. By C. Alder Wright, D.Sc, &c., 
Lecturer on Chemistry in St. Mary's Hospital Medical School. 
iEitifti fcap. 8vo. 3J. 6^. 

BIOLOGY^ 

AUe«l.'-K>ll THE COLOUR OF FLOWERS, as Illustrated in 
the' British Flora, by GRANT • ALLIEN. With Illustrations. 
Crown 8vo. y.6d, {Nature Series.) 

BaUimr.-^A treatise on comparative bmbky- 

QLOGY. By F. M. Balfour, M.A., F.R.a, Fellow and 
Xecturer of Trinity College, C"anibn5ge. With Illustrations'. 
• IS^iiond Editicto, rejtfinted without alteration frohi the First 
^qifiqn. In^ivols. '8vo. Vol. I. i8j. Vol. IL 2Ij. 

tfouf ; 'Atid Ward.— A general text book of 

' JOTANY, fey Isaa? "Bayley Balfour* F.R,S,, Professor of 
iptaiwinthe UniveWtybfEdinbuj^, and H. Marshall Ward, 
K^^.,¥mow6( Chirist^s <:blle§e, Cambridge, and Professor of 
^btany in the Royal Indian Engineering CoUege, popper's HiU. 
jvp/ iln preparaHon. 
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Bettany.— FIRST LESSONS IN PRACTICAL BOTANY. 
By G. T. Bettany, M.A., F.L.S., fonnerly Lecturer in Botany 
At Gay's Hospital Medical SchooL iSmo. u. 

Bower.— A COURSE OF practical instruction in 

BOTANY. By F. O. Bower, D.Sc, F.L.S., Regius Professor 
of Botany in the University of Glasgow. Crown 8vo. Part I. 
Second Edition, revised and enlarged. Phanerogamse — Pterido- 
phyta. 6j. 6d, Part II. Bryophyta — ^Thallopbyta. 4s, 6d. Or 
both Parts in one volume, los. bd. 

Darwin (Charles).— memorial NOTICES OF Charles 

DARWIN, F.R.S., &c. By Thomas Henry Huxley, F.R.S., 
G. J. Romanes, F.R.S., Archibald Geikie, F.R.S., and 
W. T. Thiselton Dyer, F.R.S. Reprinted from Nature, 
With a Portrait, engra\'ed by C. H. Jeens. Crown 8vo. 
2s, 6d, {Nature Series.) 

Pearnley.— A MANUAL OF elementary practical 

HISTOLOGY. By William Fearnley. With UlustratioBS. 
^ Crown 8vo. ^s, 6d. 

Flower and Gadow.— an introduction to the 

OSTEOLOGY OF THE MAMMALIA. By William Henry 
Flower, LL.D., F.R.S., Director of the Natural History De- 
partments of the British Museum, late Hunterian Professor of Com- 
parative Anatomy and Physiology in the Royal College of Surgeons 
of England. With numerous Illustrations. Third Edition. .Re- 
vised with the assistance of Hans Gadow, Ph.D., M.A., Lecturer 
on the Advanced Morpholep of Vertebrates and Strickland 
Curator in the University of Cambridge. Crown 8vo. los, 6d. 

Foster. — Works by Michael Foster, M.D., Sec. R.S., Professor 
of Physiology in the University of Cambridge. 

PRIMER OF PHYSIOLOGY. With numerous Illustrations. 
New Edition. i8mo. is, 

A TEXTBOOK OF PHYSIOLOGY. With Illustrations. Fifth 
Edition, lareely revised. In Three Parts. Part L, comprising 
Book I. Blood — The Tissues of Movement, The Vascular 
Mechanism. iQf. 6d, 

Parts IL and III. are in the press preparing ibr early publication. 

Poster and Balfour.— the elements of embry- 

OLOGY. By Michael Foster, M. A., M.D., LL.D., Sec. R.S., 
Professor of Physiology in the University of Cambridge, Fellow 
of Trinity College, Cambridge, and the late FRANCIS M. Balfour, 
M.A., LL.D., F.R.S., Fellow of Trinity College, Cambridge, 
and Professor of Animal Morphology in the University. Second 
Edition, revised. Edited by Adam Sedgwick, M.A., Fellow 
and Assistant Lecturer of Trinity College, Cambridge, and Walter 
Heape, Demonstrator in the Morphological Laboratory of the 
University of Cambridge. With Illustrations. Crown 8vo. los. 6d, 
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Foster and Langley.— a COURSE OF elementary 

PRACTICAL PHYSIOLOGY AND HLSTOLOGY. By Prof. 
MiCHAKL Foster, M.D., F.R.S., &c., and J. N. Langley, M.A., 
F.R.S., Fellow of Trinity College, Cambridge. Sixth Edition. 
Crown 8vo, *js. 6d, 

Gamgee.— A text-book of the physiological 

CHEMISTRY OF THE ANIMAL BODY. Including an 
Account of the Chemical Changes occurring in Disease. By A. 
Gamgee, M.D., F.R.S., formerly Professor of Physiology in the 
Victoria University the Owens College, Manchester. 2 Vols. 8vo. 
With Illustrations. Vol.1. i8j. [Vol, II, in the press. 

Gray.—STRUCTURAL BOTANY, OR ORGANOGRAPHY 
ON THE BASIS OF MORPHOLOGY. To which are added 
the principles of Taxonomy and Phytography, and a Glossary of 
Botanical Terms. By Professor AsA Gray, LL.D. 8vo. los, 6d, 

Hamilton.— A systematic and practical text- 

BOOK OF PATHOLOGY. By D. J. Hamilton, F.R.C.S.E., 
F.R.S.E., Professor of Pathological Anatomy (Sir Erasmus Wilson 
Chair), University of Aberdeen. Copiously Illustrated. 8vo. 
Volume I. 25J. 

Hooker. — Works by Sir J. D. Hooker, K.C.S.I., C.B., M.D., 
F.R.S., D.C.L. 

PRIMER OF BOTANY. With numerous Illustrations. New 
Edition. l8mo. is. {Science Primers.) 

THE STUDENTS FLORA OF THE BRITISH ISLANDS. 
Third Edition, revised. Globe 8vo. I Or. 6d. 

Howes.— AN ATLAS OF PRACTICAL ELEMENTARY 
BIOLOGY. By G. B. Howes, Assistant Professor of Zoology, 
Normal School of Science and Royal School of Mines. With a 
Preface by Thomas Henry Huxley, F.R.S. Royal 4to. 141. 

Huxley. — Works by Thomas Henry Huxley, F.R.S. 
INTRODUCTORY PRIMER OF SCIENCE. i8mo. is. 
{Science Primers.) 

LESSONS IN ELEMENTARY PHYSIOLOGY. With numerous 
Illustrations. New Edition Revised. Fcap. 8vo, 4^. 6d, 

QUESTIONS ON HUXLEY'S PHYSIOLOGY FOR SCHOOLS. 
By T. Alcock, M.D. New Edition. i8mo. is. 6d. 

Huxley and Martin.— a COURSE OF practical in- 

STRUCTION IN ELEMENTARY BIOLOGY. By T. H. 
Huxley, F.R.S. , LL.D., assisted by H. N. Martin, M.A., 
M.B., D.Sc, F.R.S., Fellow of Christ's College, Cambridge. 
New Edition, revised and extended by G. B. Howes, Assistant 
Professor of ^Zoology, Normal School of Science, and Royal School 
of Mines, and D. H. Scott, M.A., Ph.D., Assistant Professor of 
Botany, Normal School of Science, and Royal School of Mines. 
New Edition, tborou^ly revised. With a Preface by T, H. 
Huxley, F.R.S. Crown Svo. los. 6</. 

e 
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Kane.— EUROPEAN BUTTERFLreS. A HANDBOOK OP. 
By W. F. pE ViSMES Kane, M.A., M.R.LA., Member of the 
Entomological Society of London, ie. With Copper Plftte Ilhistra- 
tioDs. Crown 8vo. lOs*, 6k/. 

A LIST OF EUROPEAN RHOPALOCERA WITH THEXR 
VARIETIES AND PRINCIPAL SYNONYMS. Keprifltea 
from the Handbook of European Butterflies. Crown Svo. \s. 

Klein.— MICRO-ORGANISMS AND DISEASE. An Intro- 
duction into the Study of Specific Micro-Oi^anisms. By E. 
Klein, M.D.,F.R.S„ Lecturer on General Anatomy and Hiysio- 
logy in the Medical School of St. Bartholomew's Hospital, London, 
Pn>fi»sor of Bacteriology at the College of State Hedidne. WEh 
121 lUnstrations. Thtid Edition, Revi$ed. Crown 3to. 6r. * 
THE BACTERIA IN ASIATIC CHOLERA. By the Same. 
Crown 8vo. 5/. 

Lankester. — Works by ProfcasOT E. Ray Lankester, F^R^S. 
A TEXT BOOK OF ZOOLOGY. Svo. [In proration, 

DEGENERATION : A CHAPTER IN DARWINISM. Illus- 
trated, Crown Svo. 2x. 6</. (Nature Series,) 

Lubbock. — Works by SiR John Lubbock, M.P., F.R.S., D.C.L. 
THE ORIGIN AND METAMORPHOSES OF INSECTIf. 
With numerous Illustrations. New Edition. Crown Svo. y. 6d, 
(Nature Series,) • 

ON BRITISH WILD FLOWERS CONSIDERED IN RE- 
LATION TO INSECTS. WUh numerous Illustrations. New 
Edition. Crown Svo. 4s. 6d. (Nature Series.) 

FLOWERS, FRUITS, AND LEAVES. With Illustrations. 
Second Edition. Crown Svo. 4^. 6d. (Nature Series.) ^ 

Martin and Moale.—ON THE DISSECTION OF VERTE- 
BRATE ANIMALS. By Professor H. N. Martin and W. A. 
MoALE. Crown Svo. l/n p^eparatUtf. 

Mivart. — Works by ST. George Mivart, F.R.S., Lecturer.on 
Comparative Anatomy at St. Mary's Hospital. ' ' 

LESSONS IN ELEMENTARY ANATOMY. With upwards of 
400 Illustrations. Fcap. Svo. 6s, 6d. 

THE COMMON FROG. Ilhistrated. Cr. Svo. 3^ 6d. (Nature Seri^.) 

MiiHer. — ^THE FERTILISATION OF FLOWERS. By Pro- 
fessor Hermann Muller. Translated and Edited by D'Anx* 
W. Thompson, B.A., Professor of Biology in University Cojl^e, 
Dundee. With a Preface by Charles Darwin, F.R.S. With 
numerous Illustrations. Medium Svo. 21 jr. 

Oliver. — Works by Daniel Olivj^r, F.R.S., &c.. Professor of 
Botany in University College, London, &c 

FIRST BOOK OF INDIAN BOTANY, • Wifli numerous Ulus- 
trations. Extra fcap. 8yo. 6r. 6d, 

LESSONS IN ELEMENTARY BOTANY. With nearly 200 
Illustrations. New Edition. Fcap. Svo. ^.6d, 
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Parkef.— A COURSE of instruction in zootomy 

(VERTEBRATA). By Ti.'JfFFREir Parker, B:Sc. London, 
Professor of Biology 'tn the trniversity of Otago, New Zealand. 
With Illustrations. Crown 8vo. 8j» 6^. 
' ^^??S,^ W E.^EMENtARY BIOLQClJY. By the same Author. 
With Illustrations. 8vo. [In the jl^ess. 

Parker ah4 Bett^ny.— THE morphology OF the 

, SKULL. Bjr Professor W, K, Parker, F.B.J>., and G. T. 
BettAny. Illustrated. Crown 8vo. iqw, (tds 

^^^fPv^?-""^?^ SCIENTIFIC EViPE]KCp:S OF PRGA]S[IC 
|VOLUTIOJ^. . By George J. Romanes, M,A., LL.D., 
T.R.S., Zpolggical Secretary of the Linneaii Society. Crown 
8to. 2j. 6d, (Nature Sei'm.) 

Sedgwick.— A SUPPLEMENT TO F, M. BALFOUR'S 
TREATISE ON EMBRYOLOGY. By Adam Sedgwick, 
M.A., P.R.S., Fellow and Lecturer of Trinity College, Cambridge. 
8vo. Illustrated. ]jn preparation. 

Smith (W. G.).— DISEASES OF FIELD AND GARDE^jT 
CROPS, CHI^IFLY SUCH AS ARE CAUSED BY FUNGL 
% WoRTHiNGTON G. SMITH, F.L.S., M. A.L, Member of the 
Scientific Committee R,H.S. Wlith 143 New Illustrations drawn 
and engraved from Nature by the Author. . Fca|>, 8Vo. 4J. 6d, 

Stewart— Cornr.— A FLORA OF THE NORTH-EAST OF 
IRELAND, including the Phanerogamia, the Cryptogamia 
Vascularia, and the Muscineae. fey Samuel Alexander 
Stewart, Fellow of the Botanical Society of Edinburgh, Curator 
of the Collections in the Belfast Museum, and Honorary Associate 
pf !the BdfdSt Iffftlural HiStbry and iPhilosophical Society ; and t!*e 
late Thomas Hughes Corry, M. A., F.L.S., F.Z.S., M.R.LA., 
FkB.S. £din., I.eetufer on Botany iii Xhe Universit^^ Medical and 
. ScievAee Schools, Cainbridge, Assis^nt Curator of the University 
, HeTb»iumi &k.> i&c. Crown 6vx>. '$s. 6d, 

Wallace.— DARWINISM. An Expositi6n of Ih^ Theory of 
Natural Selection with some of its appKcationd. £y Alfred 




Wkrd.^TlMBER AND SOME OF ITS DISEASES. By H. 
MiUiSHJiiLt WAtto, F.R.$., ProfessoF of Betirny in thfe Rdyil 
Indian Ei^neeiring College, Cooper^s Hill. ' IDiibtratied. Crown 

-.. 8vo. {Nieiure Series.) \In pt^epAtntion. 

Wi6U(ir«h^m (Prof.).— ELEMENTS 'Oi^'- TtlE COM- 
PARXTIVE ANAlrOMY OF ViRTEBH'ATES. Adapted 
frotti the GerhiAri 6f Robert Wiedeush^im, Pi*dfessor of Ana- 
tomy, iatid Director of the Institute of Human and Colmparative 
- Anat6iA5r)iiit*:the UiAir^^tJft of .-Fteift^^^b^Bbdett/ by -W. 
Newton Parker, Professor of Biology in the- Univeisity College 
9^ Soqt)i- .^aler and Manuouth^hiro. With , AdditiolQ \9 the 
Author and Translator. With Two Hu^dred and Seye&ty Wood- 
cuts. Medium 8vo. I2J. 6d, 
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MEDICINE. 

Brunton. — Works by T. Lauder Brunton, M,D.» D.Sc., 
F.R.C.T., F.R.S., Assistant Physician and Lecturer on Materia 
Medica at St. Bartholomew's Hospital ; Examiner in Materia 
Medica in the University of London, in the Victoria University, 
and in the Royal College of Ph3rsicians, London ; late Examiner 
in the University of Edinburgh. 

A TEXT-BOOK OF PHARMACOLOGY, THERAPEUTICS, 
AND MATERIA MEDICA. Adapted to the United States 
Pharmacopoeia, by Francis H. Williams, M.D., Boston, Mass. 
Third Edition. Adapted to the New British Pharmacopoeia, 1885. 
Medium 8vo. 2 if. 

TABLES OF MATERIA MEDICA : A Companion to the Materia 
Medica Museum. With Illustrations. New Edition Enlar((ed. 
Cheaper Issue. 8vo. 5;. 

Griffiths.— LESSONS ON PRESCRIPTIONS AND THE 
ART OF PRESCRIBING. By W. Handsel Griffiths, 
Ph. D., L. R. C. p. E. New Edition. Adapted to the Pharmacopoeia, 
1885. i8mo. 3^. 6^. 

Hamilton.— A text-book of pathology, systema- 
tic AND practical. By D. J. Hamilton, M.B., 
F.R.C.S.E., F.R.S.E., Professor. of Pathological Anatomy, Uni- 
vcrsity of Aberdeen. Copiously Illustrated. Vol, I. 8vo. 25^. 

Klein.— MICRO-ORGANISMS AND DISEASE. An Intro- 
duction into the Study of Specific Micro-Organisms. By E. 
Klein, M.D., F.R.S., Lecturer on General Anatomy and Physio- 
logy in the Medical School of St. Bartholomew's Hospital, London. 
With 121 Illustrations. Third Edition, Revised. Crown 8vo. 6s, 

THE BACTERIA IN ASIATIC CHOLERA. By the Same 
Author. Crown 8vo. 5^. 

White.— A TEXT-BOOK OF TREATMENT BY OTHER 
MEANS THAN DRUGS. By W. Hale White, M.D., 
F. R. C. P. , M. R. C. S. Crown 8 vo. [In th£ press. 

Ziegler-Macalistcr.— TEXT-BOOK OF PATHOLOGICAL 

ANATOMY AND PATHOGENESIS. By Professor Ernst 
ZiSGLER of Tubingen. Translated and Edited for English 
Students by Donald Macalister, M. A., M.D., B^Sc, F.R.C.P., 
Fellow and Medical Lecturer of St. John's Collie, Cambridge, 
Physician to Addenbrooke's Hospital, and Teacher of Medicine in 
the University. With numerous Illustrations. Medium 8vg. 

Part I.— GENERAL PATHOLOGICAL ANATOMY. Second 
Edition. I2j. 6d, 

Pftrt II.— SPECIAL PATHOLOGICAL ANATOMY. Sections 
I.— VIIL Second Edition. i2j.6r/. Sections IX. --XII. t^.6tL 
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ANTHROPOLOGY. 

Flower.— FASHION in deformity, as Illustrated In the 
Castoms of Barbarous and Civilised Races. By Professor 
Flower, F.R.S., F.R.C.S. With Illustrations. Crown 8vo. 
2s. 6J. (Nature Series.) 

Tylor. — ANTHROPOLOGY. An Introduction to the Study of 
Man and Civilisation. By E. B. Tylor, D.C.L., F.R.S. With 
numerous Illustrations. Crown 8vo. 7^. 6J» 



PHYSICAL GEOGRAPHY & GEOLOGY. 

Blanford.— THE rudiments of physical geogra 

PHY FOR THE USE OF INDIAN SCHOOLS ; with a 
Glossary of Technical Terms employed. By H. F. Blanford, 
F.R.S. New Edition, with Illustrations. Crown 8vo. 2j. 6d. 

Geikie. — Works by Archibald Gkikie, LL.D., F.R.S., Directo 
General of the Geological Survey of Great Britain and Ireland, and 
Director of the Museum of Practical Geology, London, formerly 
Murchison Professor of Geology and Mineralogy in the University 
of Edinburgh, &c. 

PRIMER OF PHYSICAL GEOGRAPHY. With numerous 
Illustrations. New Edition. With Questions. iSmo. is. 
(Science Prinurs,) 

ELEMENTARY LESSONS IN PHYSICAL GEOGRAPHY. 
With numerous Illustrations. New Edition. Fcap. Svo. 4/. 6d, 
QUESTIONS ON THE SAME. is. ed. 

PRIMER OF GEOLOGY. With numerous Illustrations. New 
Edition. l8mo. 1j. (Science Printers.) 

CLASS BOOK OF GEOLOGY. With upwards of 200 New 
Illustrations. Crown 8vo. lor. 6d. 

. TEXT-BOOK OF GEOLOGY. With numerous Illustrations. 
Second Edition, Seventh Thousand^ Revised and Enlarged., Svo, 28j. 

OUTLINES OF FIELD GEOLOGY. With Illustrations. New 
Edition. Extra fcap. Svo. y, dd, 

THE SCENERY AND GEOLOGY OF SCOTLAND, 
VIEWED IN CONNEXION WITH ITS PHYSICAL 
GEOLOGY. With numerous Illustrations. Crown Svo. 12s. M, 

(See also under Geography.^ 

Huxley. — physiography. An introduction to the Study 
of Nature. By Thomas Henry Huxley, F.R.S. With 
numerous Illustrations^ and Coloured Plates. New and Cheaper 
Edition. Crown Svo. 6j. 
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Lockyer. — OUTLINES OF PHYSIOGRAPHY— THE MOVE- 
MENTS OF THE EARTH. By J, VK)X^Mi Lockyer, F.R.S., 
Correspondent of the Institute of France, Foreign Member of 
the Academy of the Ljrncei o^ Rome, &45., j&c. ; TrpSon^ ^ 
Astronomical Phjrsics in the Normal School of Science, and 
Examiner in Physic|;raphy for the Science and Art Department. 
With Illustrations. Crown 8vo. Sewed, is, dd, 

Phillips,— A TREATISE ON ORE DEPOSITS. By J. Ai^mw 
Phillips, F.R.S., V.P.G.S., F.C.S., M.Inst.C.E., Ancien TX^^ 
del'ficoledes Mines, Paris ; Author of "A Manual of Metallurgy," 
"The Mining and Metallurgy of Gold and Silver," &c With 
numerous Illustrations. 8vo. 25 j. 

Rosenbusch — Iddings. -— microscopical PHYSIO- 
GRAPHY OF. THE J<OCK.MAKINC!' MIKERALSr ';AN 
AID TO THfi MICROSCOPICAL STUDY OF RbCliS. By 
H. Rosenbusch, Translated and Abri<kred for Use in SchoQJf 
and Colleges. By Joseph P. tM)lNoI. tljustrate^ \t^ m 
Woodcuts and 36 Photomicrographs. 8vo, 245. 

AGRICULTURE. 

t^'rankland.— AGRICULTURAL chemical ANALYSIS, 
.A Handbook of. By Percy Faraday Frankland, Ph.D., 
B.Sc, F.C.S., Associate of the Royal School of Mines^ and 
Demonstrator of Practical and Agricultural Chemistry in the 
[N'ormal School of Science and Royal School of Mines, South 
Kensington Museum. Founded upon Leitfadenfiir die Agriculture 
Chemiche Analyse, von Dr. F. Krocker. Crown 8vo, *]s. 6rf^ 

Smith (wortbington G.).— DISEASES OF field and 

GARDEN CROPS, CHIEFLY SUCH AS AI& CAUSED BY 
FUNGL By Worthington t>. Smith, F.L.S., M.A.L, 
Member of the Scientific Committee of the R.H.S. With 143 
Illustrations, drawn and engrared from Nature by the Author. 
Fcap. 8vo, 41. 6/. 

Tanner. — Works by Hbnrv Tanker, FX.S., M.R.A.C., 

Examiner in thq Principle of Agriculture uiyj^r th^, Goverxujii^t 
Department of Science ; Directoi: of Education m ite t^stifuje" of 
Agriculture, Soutk Kensington, London ; soitietime Professor of 
Agricultural Science, UnlvehitV College, AberyitWith. 
ELEMENTARY LESSONS IN THE SCIENCE OF ACRI- 
. GLTlTURAL PRACTICE* Fcap, 8^!o. jj. 6^ 
FIRST PRINCIPLjES OF AGRICULTURE. iSmou tjv 
THE PRINCIPLES OF AGRICULTUJie. A Se^^ of Beading 
Books for use in Elemental^ Schools. Prepared by Henry 
Tanner, F.C.S., M.R.A.C. Extra fcs^p. Svo. . ,. 

I. The Alphabet of the Principles of Agricultitot. 6A. " 
* ' II. Further Steps in the Principles of Agriculture, ti, 

III. Elementary School Readings on the Principles of AgritHlItare 
for the third stage, u. 
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Ward.T— TIMBER , ANI> SQiME OF: ITS PISEASES. Ify 

H. Marshall Ward, F.R.S.,. Fellow of Christ's College, 

Cambridge, Professor of Botaiiy at the Royal Indian Engineering 

, College, ;Coppef*s9ilJ, With Illustrations. Crown 8vo, (Natuf^ 

Serkf,) . ' \ln the press. 

• * * 

>OtrT;CAL ECONO&JtY. 

B^hm-Baaerk.— CAHTAL AND INTEREST. P Translated 
by William Smart. [/« the press, 

Cairncs.— THE character and logical method 

OF POLITIC AI^ economy. By J. E.. Cairnes, LL.D., 
Emeritus Professor of Political Economy in University College, 
London. New Edition. Crown 8vo. 6j. 

COTSa.— GUIDE TO THE STUDY OF POLITICAL 
ECONOMY. By Dr. LuiGi CossA, Professor in the University 
of Pavia. Translated from the Second Italian Edition. With a 
Preface by W. Stanlby Jevons, F.R.S. Grown Svo* 4^. 6</. 

Pawcett (Mrs.), — Works by Millicent Garrett FawceTt:— 
POLITICAL ECONOMY FOR BEGINNERS, WITH QUES- 
TIONS. Fourth Edition. i8mo. 2J. 6^. 
TALES IN POLITICAL ECONOMY. Crown 8vo. 35. 

Fawcett.-r-A MANUAL of political economic. By 

Right Hon. Henry Fawcett, F.R.S. Sixth Edition, revised, 

widi a chapter oki "State Socialism &ud the Nationalisation 

of the Land/' and an Index. Crown 8vo. I2J. 

AN EXPLANATORY DIGEST of the above. By Cyril A. 

• Waters,. Pi A. Crown 8to. 2s. 6d^ 

GUnton.—- WEALTH AND PROGRESS: A CRITICAL EX- 
AMINATION OF THE WAGES QUESTIOJ^ AND ITS 
ECONOMIC RELATION TO SOCIAL REFORM. By 
George Gunton. . Crown 8vo. 6s, 

Jevons. — ^Worksby W. Stanley Jevons, LL.D. (Edinb.), M.A. 

(Lond.), F.R.S., late Professor of Political Economy in University 

(iollegfe, Londoft, Examiner in Mental and Moral Science in the 

tlniversity of Lo^oh. 
. PRIMER OF POLITICAL ECONOMY. New Edition. i8mo. 

IS. {Science Primers.) 
, .THE THEORY OF POLITICAL ECOJf OMY. Third Editioii; 

Revised. Demy ^vo. loj. 6d. 

'KfeyrieS.— THE ' SCOPte and method of POLITICAL 
ECONOMY. By J. N. Keynes, M. A. [In preparation. 

M^arshall..— THlS ECONOMICS OF INDUSTRY. By A. 
. MAi«sifALl> M.A.. Professor of Political Economy in the Uni- 
versity of Cambridge, an^ Mart P. Marshall, late Lecturer at 
Newi&iam Hall, Cambrid^ Extj» ibap. 8vo. 2s^ 6d, 
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Marshall — economics. Bjr Alfred MARSHAtt, M.A., 
Professor of Political Economy in the University of Cambridge. 
3 vols. 8vo. [/n the prus, 

Palgravc— A dictionary of political economy. 

By various Writers. Edited by R. H. Inglis Palgrave. 

[In preparaHon, 
Sidgwick. — THE PRINCIPLES of POLITICAL ECONOMY. 
Bv Heney Sidgwick, M.A., LL.D., Knightbridge Professor 
of Moral Philosophy in the University of Cambridge, &c.. Author 
of "The Methods of Ethics." Second Edition, revised. 8vo. 
I dr. 

Walker. — Works by Francis A. Walker, M.A., Ph.D., Author 
of "Money," "Money in its Relation to Trade," &c 

POLITICAL ECONOMY. Second Edition, revised and enlarged, 
8vo. I2s.6d, 

A BRIEF TEXT-BOOK OF POLITICAL ECONOMY. 
Crown 8vo. 6s. 6d. 

THE WAGES QUESTION. 8vo. 14J. 

Wicksteed.— ALPHABET OF ECONOMIC SCIENCE. By 
Philip H. Wicksteed, M.A. Part I. Elements of the Theoiy 
of Value or Worth. Globe 8vo, 2j. 6cl. 



MENTAL & MORAL PHILOSOPHY. 

Boole.— THE MATHEMATICAL ANALYSIS OF LOGIC. 
Being an Essay towards a Calculus of Deductive Reasoning. By 
George Boole. 8vo. Sewed. $s. 

Calderwood,— HANDBOOK of moral philosophy. 

By the Rev. Henry Calderwood, LL.D., Professor of Moral 
Philosophy, University of Edinburgh. Fourteenth Edition, largely 
rewritten. Crown 8vo. 6s. 

Clifford.— SEEING AND THINKING. By the late Professor 
W. K. Clifford, F.R.S, With Diagrams. Crown 8vo. 3/. 6d. 
{Nature Series.) 

Jardine.— THE elements of the psychology of 

COGNITION. By the Rev. Robert Jardine, B.D., D.Sc 
(Edin.), Ex-P'rincipsd of the General Assembly's College, Calcutta. 
Third Edition, revised and improved. Crown 8vo* 6s. 6</. 

Jevons. — Works by the late W. Stanley Jevons, LL.D.^ M.A., 

F.R.S. 
PRIMER OF LOGIC. New Edition. i8mo. u. (Science Primirs.) 
ELEMENTARY LESSONS IN LOGIC ; Deductive and Indue- 

tive, with copious Questions and Examples, and a Vocabulary of 

Logical Terms. New Edition. Fcap. 8vo. y. 6d* 
THE PRINCIPLES OF SCIENCE. A Treatise c^n Logic and 

Scientific Method. New and Revised Edition. Crown 8vo. I2x. 6J. 
STUDIES IN DEDUCTIVE LOGIC. Second Edition. Cr. 8vo. f 
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Kant— Max Miiller.— critique of pure reason. 

By Immanuel Kant. In commemoration of the Centenary of 
its first Publication. Translated into English by F. Max Muller. 
With an Historical Introduction by Luowig NoiRii. 2 vols. 
8yo. I dr. each. 
Volume I. HISTORICAL INTRODUCTION, by Ludwig 

Noir6 ; &c., &c 
Volume II. CRITIQUE OF PURE REASON, translated by 
F. Max Muller. 
For the convenience of students these volumes are now sold separately. 

Kant — Mahaffy and Bernard. — kants critical 

PHILOSOPHY FOR ENGLISH READERS. By J. P. 
Mahaffy, D.D., Fellow and Tutor of Trinity College, Dublin, 
Professor of Ancient History in the University of Dublin, and 
John H. Bernard, B.D., Fellow of Trinity College, Dublin, 
Archbishop King's Lecturer in Divinity in the University of 
Dublin. A new and completed Edition in 2 vols. Crown 8vo. 

Vol. I. The Kritik of Pure Reason Explained and 
Defended. 

Vol. II. Translation of the "Prolegomena." \yust ready. 

Keynes.— FORMAL logic, studies and Exercises in. Including 
a Generalisation of Logical Processes in their application to 
Complex Inferences. By John Neville Keynes, M.A., late 
Fellow of Pembroke College, Cambridge. Second Edition, 
Revised and Enlai^ed. Crown 8vo. 10s. 6d. 

McCosh.— PSYCHOLOGY. By James McCosh, D.D., LL.D., 
Litt.D. President of Princeton College, Author of ** Intuitions of 
the Mind," ** Laws of Discursive Thought," &c. Crown 8vo. 
L THE COGNITIVE POWERS. 6s. 6d. 
IL THE MOTIVE POWERS. Crown 8vo. 6x. 6*/. 

FIRST AND FUNDAMENTAL TRUTHS : being a Treatise 
on Metaphysics By the Same« Extra cro^Yn Svo. 9;. 

Ray.— A TEXT-BOOK OF DEDUCTIVE LOGIC FOR THE 

USE OF STUDENTS. By P. K. Ray, D.Sc. (Lon. and Edin.), 

Professor of Logic and Philosophy, Presidency College Calcutta. 

Fourth Edition. Globe Svo. 41. 6d. 

The Schoolmaster says :~"This work ... is deservedly taking a place among 

the reo«.^gnised text-books 00 Logic." 

Sidgwick. — Works by Henry Sidgwick, M.A., LL.D., Knight- 
bridge Professor of Moral Philosophy in the University of 
Cambridge. 

THE METHODS OF ETHICS. Third Edition. Svo. i+r. A 
Supplement to the Second Edition, containing all the important 
Additions and Alterations in the Third Edition. Demy Svo. 6s, 

OUTLINES OF THE HISTORY OF ETHICS, for English 
Readers. Se^nd Edition, revised. Crown Svo. 3^. 6d, 

ELEMENTS OF POLITICS. Demy Svo, \ln the press. 
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Venn. — Works by John Venn, ScD., F.R.S., M.A., Fello«r-toa 
Lecturer in Moral Sciei^ces in Gonville and Caius Cxj^tgfs, Cam- 
bridge. Examiner in Moral Philosophy in the Univeisity of 
London. 

THE LOGIC OF CHANCE. An Essay on the Foundations and 
Province of the Theory of Probability, with special Reference to 
its Logical Bearings and its Application to Moral and Social 
Science, Third Edition, rewritten and greatly enlarged. Crown 
8vo. lOLf. 6d. 

SYMBOLIC LOGIC. Crown Svo. los. 6d. 

THE PRINCIPLES OiF EMPIRICAL OR INBUCSFIVB 
LOGIC. Medium 8vd. i&s. 



GEOGRAPHY. 

Bartholomew.— THE elementary school atlas. 

By John Bartholomew, F.R.G.S. 4to, is. 

This Elementary Atlas is designed to illustrate the principal text- 
books on Elementary Geography. 

Clarke. — class-book of geography. By C. B. Clarke, 
M.A., F.L.S., F.G.S., F.R.S. New Edition, revised 1889, 
with Eighteen Colom-ed Maps. Fcap. Svo, Paper covers, 3JW | 
cloth, 3J. 6d. 

Geikie. — Works by Archibald Oeikie, F.R.S., Direotor-CJeneral 
of the Geological Snrvey/>f the United Kingdom, and Director of 
the Museum of Practical Geology, Jermyn Street, London ; 
formerly Murchison Professor of Geology and Mineralogy in the 
University of Edinburgh. 

THE TEACHING OF GEOGRAPHY. A Practical Handbook 
for the use of Teachers. Crdwn 8va a*. Bein^ Volutne I; of 4 
New Geographical Scries Edited by ARCHIBALD Geikiis, F.K.S. 

*^* The aim of this volume is to advocate the claims of geogrftpliy as 
an educational discipline of a high order, and to show how these 
claims may be practioilly recognised by teachers. 

AN ELEMENTARY GEOGRAPHY OF THE BRITISH 
ISLES. l8mo. is. ' ' :•• « 

Green. — a short geography of the British 

ISLANDS. By John Richard Green and Alice Stopford 
Green. With Maps. Fcap. Svo. p. 6ii. 

Grove.— A primer of geography. By Sir George 
Grove, D.C.L. With Illustrations. iSmo. u. (Science Primers.) 

kiepert.— A MANUAL OF ANCIENT GEOGRAPHY. From 
the German of Dr. H. Kiepert. Crown 3vo. 5J. 



GEOGRAPHY. 59 

Macmillan's Geographical Series. Edited by Archibald 

Geikie, F.R.S., DireotOT >G f np ml of -the Geological Survey of the 
United Kingdom. 

The following List of Volumes is contemplated : — 

THE TEACHING OF GEOGRAPHY, A Practical Handbook 

ioas thj9 iwe of Teachers, % Archibald Geikie, F.R.S., 

Director- General of the Geological Survey of the United Kingdom, 

and Director of the Museum of Practical Geology, Jermyn Street, 

• . LondoQ J jbrmerly Murqhison Professor of Geology and Mineralogy 

in the University of Edinburgh. Crown 8vo. 2s, 
. *^ The aim of this volume is to advocate the claims of geography 
as an educational discipline of a high order, and to show how 
these cUlms ,tnay be practically recognized by teachers. 

AN ELEMENTARY GEOGRAPHY OF THE BRITISH 
ISLES, By Archibald Geikie, F.R.S. i8mo. is, 

THE ELEMENTARY SCHOOL ATLAS. With 24 Maps in 
\ O^ouTB^ specially designed to illustrate all Elementary Text-books 

of Geogriiphy. By John Bartholomews F.R-G.S. 4to. is. 
AH ELEMENTARY GENERAL GEOGRAPHY. By Hugh 
; RoBCtRT MiLt, D.Sc. Edin. With lUusttationi;. Crown 8vo. 

[In the press. 
A GEOGRAPHY OF THE BRITISH COLONIES. By 
QlCQiiG^ M. Dawson and Alexander Sutherland. 
. 1 ,. . [In preparation. 

A GEOGRAPHY OF EUROPE. By JaMES Sime, M.A. With 
Illustration^. [/n the press, 

A GEOGRAPHY OF NORTH AMERICA. By Professor N. S. 
Shaler. [/» preparation, 

A GEOGRAPHY OF ASIA. 

X GEOGRAPHY OF AFRICA. 

A GEOGRAPHY OF THE OCEANS AND OCEANIC 
ISLANDS. 
. ADVAl^CED CLASS-BOOK OF THE GEOGRAPHY OF 
' BRITAIN. 

GEOGRAPHY OF AUSTRALIA AND NEW ZEALAND. 

GEdbRAPHY OF AMERICA. 

GEOGRAPHY OF INDIA. By H. F. Blanford, F.G.S. 

l?EOGkAPHY OF THE UNITED STATES 

ADVANCED CLASS-BOOK OF THE GEOGRAPHY OF 
■'tetTROPfi. 

Miil.— AN ELEMENTARY GENERAL GEOGRAPHY. By 

' . Hugh Robert Mill, D.Sc. Edin. With Illustrations. Crowa 

8vto. [/« the press, 

Sime.— A GEOGRAPHY OF EUROPE. By James Sime, M.A. 
With Illustrations. \In the press, 

Strachey.— LECTURES ON GEOGRAPHY. By General R. 
StRACHXY, R.£.» C.S.I., PresideDt of t]ie Royal Geographical 
Society. Crown 8vo, 4J. ^» 
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HISTORY. 

Arnold (T.).— THE SECOND PUNIC WAR. Being Chapten 
from THE HISTORY OF ROME. By Thomas Arnold, 
D.D. Edited, with Notes, by W. T. Arnold, M.A. With 8 
Maps. Crown Svo. 8.f. 6d, 

Arnold (W. T.).— THE ROMAN SYSTEM ok PROVINCIAL 

ADMINISTRATION TO THE ACCESSION ofCONSTAN- 

TINETHE GREAT. By W.T. Arnold, M.A. Crown 8va 6j. 

"Ought to prove a valuable handbook to the itadciic of Romao histary.**— 

GUAKDIAM. 

Beesly.— STORIES from the history of ROME. 
By Mrs. Beesly. Fcap. Svo. 2f. 6d, 

Bryce.— THE HOLY ROMAN EMPIRE. By James Brycx, 
D.C.L., Fellow of Oriel College, and Regius Proficssor of Civil Law 
in the University of Oxford. Eighth Edition. Crown 8va *is. 6tL 
*«* Also a Library Edition. Demy Svo. 14^. 

Buckley.— A HISTORY OF ENGLAND FOR BEGINNERS. 
By Arabella B. Buckley. Author of "A Short History of 
Natural Science,'' &c. With Coloured Maps, Chronological and 
Genealogical Tables. Globe Svo. 3/. 

Bury.— A HISTORY OF THE LATER ROMAN EMPIRE 
FROM ARCADIUS TO IRENE, a.d. 39S-S00. By John B. 
Bury, Fellow of Trinity Coll., Dublin. 2 vols. Svo. [In the press, 

Eggleston.— THE HOUSEHOLD HISTORY OF THE UNI- 
TED STATES AND ITS PEOPLE. By Edward Eggleston. 
With Illustrations. 4to. 12J. 

English Statesmen, Twelve. — a Series of Short Bio- 
graphies, not designed to be a complete roll of Famous Statesmen, 
but to present in historic order the lives and work of those leading 
actors m our affairs who by their direct influence have left an 
abiding mark on the policy, the institutions, and Uie position of 
Great Britain among States. 

The following list of subjects is the result of careful selection. The 
great movements of national history are made to follow one 
another in a connected course, and the series is intended to form a 
continuous narrative of English freedom, order, and power. The 
volumes as follow, Crown Svo, 2J. td, each, are ready or in 
preparation : — 

William the Conqueror. By Edward A. Freeman, D.C.L., 
LL.D. [Ready, 

Henry II. By Mrs. J. R. Green. [Ready, 

Edward I. By F. York Powell. 

Henry VII. By James Gairdner. 7 [Ready, 

Cardinal Wolsey. By Professor M. Creighton. [Ready, 

Elizabeth. By the Dean of St. Paul's. 

Oliver Cromwell. By Frederic Harrison. ' [Ready, 

William III. By H. D. Traill. {Ready, 
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English Statesmen, TvfeXv^'-'Continued. 
Walpole. By John Morlky. [In the press. 

Chatham. By John Morley. 
Pitt. By John Morley. 
Peel. By J. R. Thursfield. [In ike press. 

Fiske.— THE CRITICAL PERIOD IN AMERICAN HIS- 
TORY, 1783— 1789. By John Fiske, formerly Lecturer on 
Philosophy at Harvard University, author of " Outlines of Cosmic 
Philosophy, based on the Doctrine of Evolution, with Criticisms 
on the Positive Philosophy," "Darwinism, and other Essays," 
"American Political Ideas viewed from the Standpoint of Universal 
History." Extra crown 8vo. loj. 6d, 

Freeman. — works by Edward A. Freeman, D.C.L., LL.D., 
Regius Professor of Modern History in the University of Oxford, &c. 

OLD ENGLISH HISTORY. With Five Coloived Maps. New 
Edition. Extra fcap. 8vo. 6s, 

ASCHOOLHISTORYOFROME. Crown 8vo. [In preparation, 

METHODS OF HISTORICAL STUDY. A Course of Lectures. 
8vo. 10s, €d, 

THE CHIEF PERIODS OF EUROPEAN HISTORY. Six 
Lectures read in the University of Oxford in Trinity Term, 1885. 
With an Essay on Greek Cities under Roman Rule. 8vo. loj. 6/. 

HISTORICAL ESSAYS. First Series. Fourth Edition. 8vo. 
los, td. 

Contents :— The Mythical and Romantic Elements in Early English History-^ 
The Continuity of English History— The Relations between the Crown of 
England and Scotland — St. Thomas of Canterbury and his Biographers, &c. 

HISTORICAL ESSAYS. Second Series. Third Edition, with 
additional Essays. 8vo. icxr. 6(i. 

Contents:— Ancient Greece and Mediaeval Italy-<-Mr. Gladstone's Homer and 
the Homeric Ages — ^The Historians of Athens — The Athenian Democracy — 
Alexander the Great— Greece during the Macedonian Period — Mommsen's 
History of Rome — Lucius Cornelius Sulla — ^The Flavian Caesars, &c., &c. 

HISTORICAL ESSAYS. Third Series. 8vo. 12s, 
Contents : — First Impressions of Rome — The lUyrian Emperors and their Lapd 
—Augusta Treverorum — ^The Goths at Ravenna — Race and Language — ^The 
Bysantine £mpire->-First Impressions of Athens— Mediaeval and Modern 
Greece— The Southern Slaves— ^Sicilian Cycles— The Normans at Palermo. 

THE GROWTH OF THE ENGLISH CONSTITUTION FROM 
THE EARLIEST TIMES. Fourth Edition. Crown 8vo. Sj. 

GENERAL SKETCH OF EUROPEAN HISTORY. New 
Edition. Enlarged, with Maps, &c. i8mo. 3j. dd, (Vol. I. of 
Historical Course for Schools.) 

EUROPE. i8mo. is. {History Primers.) 

Pyffe. — ^A SCHOOL HISTORY OF GREECE. By C. A. Fyffe, 
M.A. Cro-.vn 8vo. {In preparation. 
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Green. — Works by John Richard Orben, M.A., LliDrf 

late Honorary Fellow of Jesus College, Oxford. 

A SHORT HISTORY OF THE ENGLISH PEOPLE. K*w 

and Thoroaehly Revised Edition. With Coloured Maps, Gehk- 

logical Tables, and Chronological Annals. Crown 8vo. • 8t. 6</. 

142nd Thousand. ' - 'A 

Also the same in Four Parts. Parts J. and IL ready ; Pajrti ltl7 

and IV. shortly. With the corresponding portion of Mr. Tail's 

•* Analysis." Crown 8vo. y. each. Part 1. 607 — 1265. Paxt IL 

1204— 1553. Part III. 1540— 1689. Part Iv. 1660^1873. 

HISTORY OF THE ENGLISH PEOPLE. In four vols. 8vo. 

Vol. I.— EARLY ENGLAND, 449— 1071— Foreign Ifings, 

1071-1214— The Charter, 1214-1201— The Parliametit, I307- 

146 1. With eight Coloured Maps. 8vo. i6j. I'l 

Vol. II.— THE MONARCHY, 1461-1540— The Reformation, 

1540-1603. 8vo. i6j. 
Vol. IIL— PURITAN ENGLAND, i663-i66([>-.The Revolu- 
tion, 1660- 1688. With four Maps. 8vo. 16s. 
Vol. IV.— The Revolution, 1 688- 1 76o--Modern [gngland, 1760- 
181 5. With Maps and Index. 8vo. 16s. 
THE MAKING OF ENGLAND. With Maps. 8vo. %6s. 
THE CONQUEST OF ENGLAND. With Maps and Portrait. 

8vo. iSs. 
ANALYSIS OF ENGLISH HISTORY, based on Green's "Short 
History of the English People." By C W. A. Tait, M.A., 
Assistant-Master, Clifton College. Crown ^vo. 3^. 6d. 
READINGS FROM ENGLISH HISTORY. Selected and 
Edited by John Richard Green. Three Parts. Globe 8vo. 
ij. 6d. each. I. Hengist to Cressy. II. Cressy to CromWell. 
III. Cromwell to Balaklava. 

Guest.— LECTURES ON THE HISTORY OF ENGLAND. 
By M. J. Guest. With Maps. Crown 8vo- 6tf. 

Historical Course for Schools — Edited by Et)WARt) A 

Freeman, D.C.L., LL.D., late Fellow of Trinity College, Oxford 

Regius Professor of Modern History in the.Uiuversity of <>cford. 
I.— GENERAL SKETCH OF EUROPEAN HISTORY. . By 

Edward A. Freeman, D.CL. New Edition, revised and 

enlarged, with Chronological Table, Maps, and Index. i8mo. 3^. 6d. 
IL— HISTORY OF ENGLAND. By Edith Thompson. New 

Ed., revised and enlarged, with Coloured Maps. i8mo. if. 6ii. 
III.— HISTORY OF SCOTLAND. By MaRGARBT MACARTHtJR. 

New Edition. i8mo. 2s, 
IV.— HISTORY OF ITALY. By the Rev. W. .IJunt, M;.A. 

New Edition, with Coloured Maps. i8i)ao. 3^. fi/. 
v.— HISTORY OF GERMANY. By J. Smt, M.A. New 

Edition Revised. i8mo. 3J. 
VI.— HISTORY OF AMERICA. By John At DdVLlc. TTith 

Maps. l8mo. 4^. 6d. . 

VII.— EUROPEAN COLONIES. By E. J. Payne, M.A. 'With 

Maps. i8mo. 4^. 6d. 
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Hiatprical Coiirse for Schools— ^r<7«AWw<*^. 

. VIIL— FRANCE. Bjr Charlotte M. Yonge. With Maps. 

x8mo. 3^*. 6(/. 

GREECE. By Edward A. Freeman, D.C.L. [In preparation. 

ROME. By Edward A. Freeman, D.C.L. \ln preparation. 

History Primers— Edited by John Richard Green, M.A.,' 

LL.D., Author of "A Short History of the English People." . 
ROME. By the R«v* M. CrbIghton, M.A., Dixie Professor of 
Ecclesia5tic$i History in the Unifversity of Cambridge. With 
Eleven Maps. i8mo. is. 
. GREECE. By C. A. Fyf^e, M.A., Fellow, and • l^te Tutor <»f 
VAivtcfrsity College, Oxford. With Five Maps. i8mo. is, 
SlilROPEAN HISTORY. By E. A. Freeman, D.C.L., LL.D. 
• Wilh Maps. i8mo. is. 
GREEK ANTIQUITIES. By the Rev. J. P. MaHAFFY, M.A. 

Illu$>trate(l. I&no. is. 
CLASSICAL GEOGRAPHY. By H. F. TozER, M.A. iSmo. is. 
GEOGRAPHY. Bv Sir G. Grove, D.C.L. Maps. i8mo. is, 
ROMAN ANTIQUITIES. By Professor Wilkins, Litt.D., 

LL.D. Illustrated. i8mo, is. 
FRANCE. By Charlotte M. Yonge. i8mo. is. 
Hole.— A GENEALOGICAL STEMMA OF THE KINGS OF 
ENGLAND AND FRANCE. By the Rev. C. Hole- On 
Sheet, is, 

Jennings— CHRONOLOGICAL tables, a synchronistic 
arrangement of the events of Ancient History (with an Index). 
By the Rev. Arthur C. Jennings, Rector of King's Stanley, 
Gloucestershire, Author of **A Commentary on the Psalms," 
.**Ecclesia Anglicana,'' "Manual of Church History," &c. 
8vo. 5f. 

Ls^bberton.— NEW historical atlas and general 

HISTORY. ByR. H. Labberton, Litt.Hum.D. 4to. New 
Edition Revised and Enlarged, i^s, 

Lethbridge. — a short manual of the history of 

INDIA, With an Accaunt of India as it is. The Soil, 
Climate, and Productions ; the People, their Ra<ies, Religions, 
Public Works, and Industries ; the Civil Services, and System of 
Administration. By Sir Roper Lethbridge, M.A., CLE., late 
Scholar of Exeter College, Oxford, formerly Principal of Kishnighur 
College, Bengal, Fellow and sometime Examiner of the Calcutta 
University. With Maps. Crown 8vo. 5^. 
Mahafify*— GREEK . LIFE and thought FROM THE 
AGE OF ALEXANDER TO THE ROMAN CONQUEST. By 
the Rev. J. P. Mahaffy, M.A., D.D., Fellow of Trinity College, 
Dublin, Author of " Social Life in Greece from Homer to Menan- 
d^r,*^ "JRambles and Studies in Greece," &c. Crown 8vo. i2s, 6d, 

Michelet. — ^A SUMMARY OF MODERN HISTORY. Trans- 
lated from the FrQnch of M. Michelbt, and continued to the 
Piesent Time, by M. C. M. Simpson. Globe 8vo. 4J. 6d, 
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NorgatC— ENGLAND UNDER THE ANGEVIN KINGS. 
By Kate Norgate. With Maps and Plans. 2 vols. 8ro. 32/. 

Ottd.— SCANDINAVIAN HISTORY. By E. C. Orrfi. With 
Maps. Globe 8vo. 6s, 

Sccley. — Works by I. R. Seblby, M.A., R<^us Professor of 
Modem History in the University of Cambridge. 
THE EXPANSION OF ENGLAND. Crown 8vo. 4/. 6ii. 

OUR COLONIAL EXPANSION. Extracts from the above. 
Crown Svo Sewed, is, 

Tait.— ANALYSIS OF ENGLISH HISTORY, based on Green's 
"Short History of the English People." By C. W. A. Tait, 
M. A., Assistant-Master, Clifton College. Crown Svo. jx. 6</. 

Wheeler, — ^A SHORT HISTORY OF INDIA AND OF THE 
FRONTIER STATES OF AFGHANISTAN, NEPAUL, 
AND BURMA. By J. Talboys Wheeler. With Maps. 
Crown Svo. 12s. 

COLLEGE HISTORY OF INDIA, ASIATIC AND EURO- 
PEAN By the same. With Maps. Crown Svo. y. 6d, 

Yonge (Charlotte M,). — cameos from ENGLISH 

HISTORY. By Charlotte M. Yonge, Author of " The Heir 
of Redcljrffe." Extra fcap. Svo. New Edition, ^s, each, (i) 
FROM ROLLO TO EDWARD II. (2) THE WARS IN 
FRANCE. (3) THE WARS OF THE ROSES. (4) REFOR- 
MATION TIMES. (5) ENGLAND AND SPAIN. (6) FORTY 
YEARS OF STUART RULE (1603— 1643). (7) THE RE- 
BELLION AND RESTORATION (1642— 167S.) [Shartiy. 

EUROPEAN HISTORY. Narrated in a Series of Historical 
Selections from the Best Authorities. Edited and arranged by 
E. M. Sewell and C. M. Yonge. First Series, 1003— 11 54. 
New Edition. Crown Svo. 6s, Second Series, loSS — 122S. 
New Edition. Crown Svo. dr. 

THE VICTORIAN HALF CENTURY— A JUBILEE BOOK. 
With a New Portrait of the Queen. Crown Svo., paper covers, is. 
Cloth, IS, 6d, 



LAW. 

Anglo-Saxon Law, Essays on.— Contents: Anglo-Saxon 
Law Courts, Land and Family Law, and Legal Procedure. 
Medium Svo. iSj. 

Ball.~THE STUDENTS GUIDE TO THE BAR. By 
Walter W. R. Ball, M.A., of the Inner Temple, Barrister-at- 
I^w ; Fellow and Assistant 'J'utor of Trinity College, Cambridge, 
and Fellow of University College, London. Fourth Edition 
Kevisevi. Crown Svo. a. 6d, 
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Bigelow. — HISTORY OF PROCEDURE IN ENGLAND 
FROM THE NORiMAN CONQUEST. The Norman Period. 
io66»i204. By Melvillb Madison Bigelow, Ph.D., Harvard 
University. Demy 8vo, i6s» 

Bryce. — the American commonwealth. By James 

Bryce, M.P., D.C.L., Regius Professor of Civil Law in the 
University of Oxford, Author of " The Holy Roman Empire." 
In Three Volumes. Demy 8vo. 54JL Part I. THE 
national GOVERNMENT. Part II. THE STATE 
GOVERNMENTS. Part IIL THE PARTY SYSTEM. Part 
IV. PUBLIC OPINION. Part V. ILLUSTRATIONS AND 
REFLECTIONS. Part VI. SOCIAL INSTITUTIONS. 

Buckland.— OUR NATIONAL INSTITUTIONS. A Short 
Sketch for Schools. By Anna Buckland. New Edition. 
With Glossary. i8mo. is. 

Dicey.— LECTURES INTRODUCTORY TO THE STUDY 
OF THE LAW OF THE CONSTITUTION. By A. V. 
Dicey, B.C.L., of the Inner Temple ; Barrister-at-Law ; Vinerian 
Professor of English Law in the University of Oxford ; Fellow of 
All Souls* College; lion. LL.D. Glasgow. Third Edition. 
Demy 8vo. 12s. 6d. [In the press, 

English Citizen, The. — a Series of Short Books on his 
Rights and Responsibilities. Edited by IIenry Craik, C.B., 
M.A. (Oxon.), LL.D. (Glasgow). Crown 8vo. 3j. 6ci. each. 

CENTRAL GOVERNMENT. By H. D. Traill, D.C.L., 
late Fellow of St. John's College, Oxford. 

THE ELECTORATE AND THE LEGISLATURE. By 
Spencer Walpole, Author of **The History of England from 

1815." 
THE POOR LAW. By the Rev. T. W. Fowle, M.A. 
THE NATIONAL BUDGET; THE NATIONAL DEBT; 

TAXES AND RATES. By A. J. Wilson. 
THE STATE IN RELATION TO LABOUR. By W. Stanley 

Tevons, LL.D., F.R.S. 
THE STATE AND THE CHURCH. By the Hon. Arthur 

Elliot, M.P. 
FOREIGN RELATIONS. By Spencer Walpole. 
THE STATE IN ITS RELATION TO TRADE. By Sir 

T. H. Farrer, Bart., Permanent Secretary to the Board of 

Trade. 
LOCAL GOVERNMENT. By M. D. Chalmers, M.A. 
THE STATE IN ITS RELATION TO EDUCATION. By 

Henry Craik, C.B., M.A., LL.D. 
THE LAND LAWS. By Sir F. Pollock, Bart, late Fellow of 

Trinity College, Cambridge, Professor of Jurisprudence in the 

University of Oxford, &c. Second Edition. 
COLONIES AND DEPENDENCIES. Part I. INDIA. By 

J. S. COTTON, M.A. IL THE COLONIES. By E. J. 

Payne, M.A. 
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English Citizen, The—continued. 

JUSTICE AND POLICE. By F. W. Maitland. 

THE PUNISHMENT AND PREVENTION OF CRIME. By 
Colonel Sir Edmund du Cane, K.C.B., R.E., Chairman of 
Commissioners of Prisons, Chairman of Directors of Prisonft, 
Inspector* General of Military Prisons, Surveyor^General of 
Prisons. 

Holmes.— THE common law. By O. W. Holmes, Juxl 
Demy 8vo. 12s. 

Maitland.— PLEAS OF the crown for the county 

OF GLOUCESTER BEFORE THE ABBOT OF READING 
AND HIS FELLOW JUSTICES ITINERANT, IN THE 
FIFTH YEAR OF THE REIGN OF KING HENRY THE 
THIRD, AND THE YEAR OF GRACE 1221. Edited by 
F. W. Maitland. 8vo. ^s, 6d. 

(See also under English Ciiizen Series,) 

Paterson. — works by James Paterson, Barrister-at-Law. 
COMMENTARIES ON THE LIBERTY OF THE SUBJECT, 
AND THE LAWS OF ENGLAND RELATING TO THE 
SECURITY OF THE PERSON. Cheaper Issue. Two Vols. 
Crown 8vo. lis. 
THE LIBERTY OF THE PRESS, SPEECH, AND PUBLIC 
WORSHIP. Being Commentaries on the Liberty of the Subject 
and the Laws of England. Crown 8vo. I2J. 

Phillimore.— PRIVATE LAW AMONG THE ROMANS. 
From the Pandects. By John George Phillimore, Q.C. 
8vo. 16;. 

Pollock.—ESSAYS IN JURISPRUDENCE AND ETHICS. 
By Sir Frederick Pollock, Bart, Barrister-at-Law, M.A., 
Hon. LL.D. Edin. ; Corpus Christi Professor of Jurisprudence in 
the University of Oxford ; late Fellow of Trinity College, 
Cambridge. 8vo. lOJ. dd. 

(See also under English Citizen Series.) 

Richey. — the IRISH land laws. By Alexander G. 
RiCHEY, Q.C, LL.D., Deputy Rqgius Professor of Feudal 
English Law in the University of Dublin. Crown 8vo. 3J. 6d. 

Stephen. — Works by Sir J. Fitzjames Stephen, Q.C, K.CS.I., 
a Judge of the High Court of Justice, Queen's Bench Division. 

A DIGEST OF THE LAW OF EVIDENCE. Fifth Edition, 
revised and enlarged. Crown Svo. 6s, 

A DIGEST OF THE CRIMINAL LAW: CRIMES AND 
PUNISHMENTS. Fourth Edition, revised. 8vo. 16s, 

A DIGEST OF THE LAW OF CRIMINAL PROCEDURE 
IN INDICTABLE OFFENCES. By Sir James F. Stephen, 
K.CS.I., &c., and Herbert Stephen, LL.M., of the Inner 
Temple, Barrister-at-Law. Svo. 12s, 6d. 
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Stephe n. — continued, 

A HISTORY OF THE CRIMINAL LAW OF ENGLAND. 
New and Revised Edition. Three Vols. 8vo. 4&f. 

GENERAL VIEW OF THE CRIMINAL LAW OF ENGLAND. 
Second Edition. 8vo. The first edition of this work was pub- 
lished in 1863. The new edition will be substantially a new 
work, intended as a text-book on the Criminal Law for University 
and other Students, adapted to the present day. [In the press. 



ODERN LANGUAGES AND 
LITERATURE. 

(i) English, (2) French, (3) German, (4) Modem 
Greek, (5) Italian, (6) Spanish. 

ENGLISH. 

Abbott. — A SHAKESPEARIAN GRAMMAR. An attempt to 
illustrate some of the Differences between Elizabethan and Modem 
English. By the Rev. E. A. Abbott, D.D., formerly Head 
Master of the City of London School. New Edition. Extra fcap. 
8yo. dr. 

Bacon. — ESSAYS. Edited by F. G. Selby, M.A., Professor of 
Logic and Moral Philosophy, Deccan College, Poona. Globe Svo. 
3/. 6d, 

Burke.— REFLECTIONS ON THE FRENCH REVOLUTION. 
Edited by F. G. Selby, M.A. Globe 8to. [In preparation, 

Brooke. — PRIMER OF ENGLISH LITERATURE. By the 
Rev. Stopford A. Brooke, M.A. i8mo. is, {Literature Primers,) 

Butler. — HUDIBRAS. Edited, with Irtroduction and Notes, by 
Alfred Milnes, M.A. Lon., late Student of Lincoln College, 
Oxford. Extra fcap Svo. Parti. 3J.6tf. Parts II. and III. 41. &/. 

Campbell. — selections. Edited by Cecil M. Barrow, 
M.A., Principal and Professor of English and Classics, Doveton 
College, Madras. [In preparation, 

Cowper'S TASK: AN EPISTLE TO JOSEPH HILL, ESQ. ; 
TIROCINIUM, or a Review of the Schools; and THE HIS- 
TORY OF JOHN GILPIN. Edited, withNotes, by William Ben- 
ham, B.D. Globe Svo. is, {Globe Readings from Standard Authors,) 
THE TASK. Edited by W. T. Webb, M. A., Professor of English 
Literature, Presidency College, Calcutta. [In preparation, 

Dowden. — SHAKESPEARE. By Professor Dowden. i8mo. 

\s, {LitereOure Primer's,) 
Dry den. — SELECT PROSE WORKS. Edited, with Introduction 

and Notes, by Professor C. D. Yonoe. Fcap. Svo. 2f. (Sm^ 

/a 
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Gladstone. — spelling reform from an educa- 
tional. POINT OP VIEW. By 1. H. Gladstone, Ph.D., 
F.R.S., Member of the School Boanl tor London. New Edition. 
Crown 8vo. I/. 6^. 

Globe Readers. For standards I.— VI. Edited by A. F. 
MURISON. Sometime English Master at the Aberdeen Grammar 
School. With Illustrations. Globe 8vo. 



Primer 1. (48 pp.) 3^. 

Primer II. (48 pp.) 3</. 

Book I. (96 pp.) 6d. 

Book II. (136 pp.) 9</. 



Book III. (232 pp.) IS, 3</. 
Book IV. (328 pp.) I J. gd. 
Book V. (416 pp.) 2J. 
Book VI. (448 pp.) 2J. 6<i. 



" Among the numerous sets of restders before the public the present series is 
lionourabtjr distkif^uished by the marked sapenority of its materials and the 
careful ability with which they have been adapted to the growing capacity of the 
pupils. The plan of the two primers is excellent for fadhtating the child's first 
attempts to read. In the first three followins^ books there is abundance of enter- 
taining; reading. .... Better food for young minds could hardly be found."—- 
Tub ATUKMiepiif • 

*The Shorter Globe Readers.— with lUnstrations, Globe 

8vo. 



Primer I. (48 pp.) 3^. 
Primer II. (48 PP.) 3^- 
Stftndaid I. (92 pp.) 6^- 



Standard IIL (178 PP.) is. 
Standard IV. (182 pp.) is. 
Standard V. (216 pp.) is. yi. 



Standard II. (124 pp.) 9^. Standard VI. (228 pp.) i^. 6d. 

* This Series has been abridfed Irom "The Globe Readers'* to meet the demand 
or smaller reading books. 

Goldsmith. — THE TRAVELLER, or a Prospect of Society ; 
and THE DESERTED VILLAGE. By Oliver Goldsmith. 
With Notes, Philological and Explanatory, by J. W. Hales, M.A. 
Crown 8vo. 6d. 

THE VICAR OF WAKEFIELD. With a Memoir of GoldsBjifh 
by Professor Masson. Globe 8vo. is. {Globe Readings from 
Standard Authors.) 

SELECT ESSAYS. Edited, with Introduction and Notes, by 
Professor C. D. Yonge. Fcap. 8vo. 2s. 6d. 

THE TRAVELLER AND THE DESERTED VILLAGE. 
Edited by Arthur Barrittt, B.A., Professor of English Litera- 
ture, Elphinstone College, Bombay. Globe Svo. is. 6d. 

THE VICAR OF WAKEFIELD. Edited by Harold Little- 
dale, B. A., Professor of History and English Literature, Baroda 
College. Globe 8vo. \Jn preparation, 

GoSS.e. — ^A HISTORY OF EIGHTEENTH CENTURY LIT- 
ERATURE (1660-1780). By EDiiltJND GosSE, Clark Lecturer in 
Englidi Literature at Trinity College, Cambridge. Crown 8vo. 
*js. 6d, 

Gray. — POEMS. By John Bradshaw, LL.D. [In preparation. 

Hales.— LONGER ENGLISH POEMS, with Notes, Philologwal 
and Explanatory, and an Introduction on the Teaching of Eng^Kn, 
Chiefly for Use in Schools. Edited by J. W. Hales, M.A., 
Professor of English Literature at King's College, London. Netw 
Edition. Eltra, fcap. .SiVfiK. 4f.«6^. 
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Helps.— ESSAYS WRITTEN IN * THE INTERVALS - OF 
BUSINESS. Edited by F. J. RowE, M.A., and W. T. WkBB, 
M.A., Professors of Eag^isli Literature, Presidency College, 
Calcutta. Globe 8vo. 2s. 6ci, [In the press, 

Johnson's LIVES OF THE POETS. The Six Chifcf lives 
(Milton, Dryden, Swift, Addison, Pope, Gray), with Macaulay's 
'* Life of Johnson." Edited with Preface and Notes by Matthew 
Arnold. New and cheaper edition. Crown 8vo. 4j. 6</. 

Lamb (Charles).— tales from Shakespeare. Edited, 

with Preface, by the Rev. Canon Ainger, M.A. Globe 8vo. 
25. {Globe Readings from Standard Authors.) 

Literature Primers — F^ited by John Richard Green, 
M. A., LL.D., Author of ** A Short History of the English People." 

ENGLISH COMPOSITION. By Professor NiCHOL. i8mo. \s, 

ENGLISH GRAMMAR. By the Rev. R. Morris, LL.D., some- 
time President of the Philological Society. iSfiio. i#. - 

ENGLISH GRAMMAR EXERCISES. By R. MoitRis, LL.D., 
and H. C. Bowen» M.A. iSnao, u, 

EXERCISES ON. MORRIS'S PRIMER OF ENGLISH 
GRAMMAR. By John Wetherell, of the Middle School, 
Liverpool College. i8mo. \s, 

ENGLISH LITERATURE. By Stopford Brooke, M.A. New 
Edition* iSmo. u. 

SHAKSPERE. By Professor Dowden. i8mo. u. 

THE CHILDREN'S TREASURY OF LYRICAL POETRY.- 
Selected and arranged with Notes by Francis Turner Pal- 
grave. In Two Parts. i8mo. u. each. 

PHILOLOGY. By J. Peile, M.A. i8mo. w. 

A History of English Literature in Four Volume^. 

Crown 8vo. 

EARLY ENGLISH LITERATURE. By Stopford Brooke, 
M.A. . {In prepOftOufn, 

ELIZABETHAN LITERATURE. By George Sainxsdu^v. 
7^. 6d. 

EIGHTEENTH CENTURY LITERATURE. 1660^1780. By 
Edmund Oosse. M.A. 7^. 6d. 

THE MODERN PERIOD. By Professor E. DbWDfiN. llnfrep. 

Macmillan's Reading Books. — Adapted to the English and 

Scotch Codes. Bound in Cloth. 



PRIMER. i8mo. (48 pp.) 2d, 
BOOK I. for Standard I. i8mo. 

(96 Pp-) 4''. 
BOOK II. for Standard II. i8mo. 

(144 PP-) 5^- 
BOOK V. for Standard V. i8mo. 

(380 pp.) IS. 

Book VI. is fitted for higher C 
Engli5;h Literature. 



BOOK HI. for Standard III. 
i8nio. (160 pp.) 6</. 

BOOK IV. for Standard IV 

i8mo. (176 pp.) &/. 
BOOK VI. for Standard VL * ©^ 
8vo. (430 pp.) 2s» 
asses, and as an Introductidli to 
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Macmillan'8 Copy-Books — 

Pablished in two sizes, viz. :— 

1. Large Post 4to. Price 4^. each. 

2. Post Oblong. Price 2d, each. 

I. INITIATORY EXERCISES AND SHORT LETTERS. 

t. WORDS CONSISTING OF SHORT LETTERS. 
•3. LONG LETTERS. With Words containing Long Letters— Figures. 
♦4. WORDS CONTAINING LONG LETTERS. 
4a. PRACTISING AND REVISING COPY-BOOK. ForNos. x to 4. 
*5. CAPITALS AND SHORT HALF-TEXT. Words beginning with a CapitaL 
•6. HALF-TEXT WORDS beginning with Capitals— Figures. 
•7. SMALL-HAND AND HALF-TEXT. With Capitals and Figures. 
•8. SMALL-HAND AND HALF-TEXT. With Capitals and Figures- 
8a. PRACTISING AND REVISING COPY-BOOK. For Nos. % to 8. 
•9. SMALL-HAND SINGLE HEADLIN£S-FigiiT«& 
10. SMALI^HAND SINGLE HEADLINES Figures. 
IX. SMALL-HAND DOUBLE HEADLINES— Figures. 
xa. COMMERCIAL ANU ARITHMETICAL E5ia.MPLES, &c. 
laa. PRACTISING AND REVISING COPY-BOOK. For Nos. 8 to la. 
* These numbers may be kad with Goodmaris Patent Sliding 
Copies, Large Post 4to. Price fid, each. 

Martin. — the poets HOUR: Poetry selected and arranged for 
Children. By Frances Martin. New Edition. iSnio. 2j. 6^. 

SPRING-TIME WITH THE POETS: Poetry selected by 
Frances Martin. New Edition. i8mo. 35 dd, 

Milton. — By Stopford Brooke, M.A. Fcap. 8vo. \t, 6d, 
{Classical Writers Series,) 

Milton.— PARADISE LOST. Books I. and IL Edited, with 
Introduction and Notes, by Michael Macmillan, B.A. Oxon, 
Professor of Logic and Moral Philosophy, Elphinstone College, 
Bombay. Globe 8vo. 2j. 6d. Book I. separately is, 6d, 

L'ALLEGRO, IL PENSEROSO, LYCIDAS, ARCADES, 
•SONNETS, &c. Edited by William Bell, M.A., Prof, of 
Philosophy and Logic, Government College, Lahore. 

[In the press, 
COMUS. By the same Editor. [In preparation, 

SAMSON AGONISTES. By H. M. Percival, M.A., Professor 
of English Literature, Presidency College, Calcutta. 

\In preparation, 

Morley. — on the study of literature. The Annual 
Address to the Students of the London Society for the Extension 
of University Teaching. Delivered at the Mansion House, 
February 26, 1887. By John Morley. Globe 8vo. Cloth, is, 6d. 

• Also a Popular Edition in Pamphlet form for Distribution, price 2d. 
APHORISMS. By the same. Being an Address delivered before 
the Philosophical Society of Edinburgh, November 11, 1887. 
Globe 8vo. is, 6d, 

Morris.— Works by the Rev. R. Morris, LL.D. HISTORICAL 
OUTLINES OF ENGLISH ACCIDENCE, comprising Chapters 
QD the History and Development of the Language, and on Word- 
formation. New Edition. Extra fcap. 8vo. &, 
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Morris — continued. 

ELEMENTARY LESSONS IN HISTORICAL ENGLISH 
GRAMMAR, containing Accidence and Word-formation. Nevr 
Edition. i8mo. 2j. 6</. 

PRIMER OF ENGLISH GRAMMAR. i8mo. \s. (See also 
Literature Primers ») 

Morris and Kellner.—- HISTORICAL OUTLINES OF 

ENGLISH SYNTAX. Being a Companion Volume to the 
above, by Rev. R. Morris and Dr. L. Kellner. \In preparation. 

Oliphant.— THE OLD and middle English, a New 

Edition of **THE SOURCES OF STANDARD ENGLISH," 
revised and greatly enlarged. By T. L. Kington Oliphant. 
Extra fcap. 8vo. 9J. 
THE NEW ENGLISH. By the same Author. 2 vols. Cr. Svo. 21J. 

Palgrave. — ti?e children's treasury of lyrical 

POETRY. Selected and arranged, with Notes, by Francis 
Turner Palgrave. i8mo. 2^. 6<^. Also in Two Parts. \s. each. 

Patmore. — the children's garland from the 

BEST POETS. Selected and arranged by Coventry Patmore. 
Globe Svo. 2S. {filobe Readings from Standard Authors.) 
Plutarch. — Being a Selection from the Lives which Illustrate 
Shakespeare. North's Translation. Edited, ^^ith Introductions, 
Notes, Index of Names, and Glossarial Index, by the Rev. W. 
"W. Skeat, M.A. Crown 8vo. 6j. 

Rylands.— chronological outlines of English 

LITERATURE, by F. RylaNDS. lln preparation. 

Saintsbury. — a history OF Elizabethan litera- 
ture. By George Saintsbury. Cr. Svo. 7J. 6(/. 
Scott's (Sir \A^ alter) lay of the last minstrel, 

and THE LADY OF THE LAKE. Edited, with Introduction 

and Notes, by Francis Turner Palgrave. Globe Svo. u. 

{Globe Readings from Standard Authors.) 
MARMION ; and THE LORD OF THE ISLES. By the same 

Editor. Globe Svo. is. {Globe Readings from Standard A tithors.) 
MARMION. Edited, with Introduction and Notes, by M. Mac- 

MILLAN, B.A. Oxon, Professor of Logic and Moral Philosophy, 

Elphinstone College, Bombay. Globe Svo. 3^. 6d. 
THE LADY OF THE LAKE. Edited by G. H. Stuart, M.A., 

Professor of English Literature, Presidency College, Madras. 

Globe Svo. [In preparation. 

THE LAY OF THE LAST MINSTREL. By the same Editor. 

Globe Svo. [In preparation. 

ROKEBY. By Michael Macmillan, B.A. Globe Svo. y, 6d. 

Shakespeare.— A SHAKESPEARIAN grammar. By Rev. 
E. A. Abbott, D.D., Head Master of the City of London School. 
Globe Svo. 6j. 
A SHAKESPEARE MANUAL. By F. G. Fleay, M.A., late 
Head Master of Skipton Grammar School. Second Edition. 
Extra fcap. Svo. 4r. 6d. 
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S hake speare — continued, 

PRIMER OF SHAKESPEARE. By Professor Dowden. iSmo. 

IS. {Literature Pr imers, ) 
MUCH ADO ABOUT NOTHING. Edited by K. Deighton, 

M. A., late Principal of Agra College. Globe 8yo. 2s, 
HENRY V. By the same Editor. Globe 8vo. 2/. 6d, 
THE WINTER'S TALE. By the same Editor. Globe 8vo. is. 6d. 
CYMBELINE. By the same Editor. Globe 8vo. [In the pr^ss. 
OTHELLO. By the same Editor. Globe 8vo. [/« the press. 

KING JOHN. By the same Editor. [In preparation. 

THE TEMPEST. By the same Editor. [In prtparatim, 

RICHARD IIL Edited by C. H. Tawney, M.A., Principal and 

Professor of English Literature, Elphinstone College, Calcutta. 

Globe 8vo. is. 6d. 
JULIUS CiESAR. By the same Editor. [In preparation. 

Sonnenschein and Meiklejohn. — the ENGLISH 

METHOD OF TEACHING TO READ. By A. Sonnen- 
schein and J. M. D. Meiklejohn, M.A. Fcap. 8vo. 

COMPRISING : 

THE NURSERY BOOK, containing aU the Two-Letter Words 

in the Language, id. (Also in Large Type on Sheets for 

School Walls. 5J.) 
THE FIRST COURSE, consisting of Short Vowels with Single 

Consonants. 6d. 
THE SECOND COURSE, with Combinations and Bridges, 

consisting of Short Vowels with Double Consonants. 6d. 
THE THIRD AND FOURTH COURSES, consisting of Long 

Vowels, and all the Double Vowels in the Language. 6d. 
^ ** These are admirable books, because they are constructed on apriaciple, and that the 
simplest principle on which it is possible to learn to read English." — Sfbctatok. 

Southey.— LIFE OF NELSON. Edited by Michael 
Macmillan, B.A. [In preparation, 

Taylor.— WORDS and places; or, Etymological Illustra- 
tions of History, Ethnology, and Geography. By the Rov. 
Isaac Taylor, M.A., Litt. D., Hon. LL.D., Canon of York. 
Third and Cheaper Edition, revised and compressed. With Maps. 
Globe 8vo. df. 

Tennyson.— The COLLECTED WORKS of LORD TENNY- 
SON, Poet Laureate. An Edition for Schools. In Four Parts. 
Crown 8vo. is. 6d. each. 

SELECTIONS FROM LORD TENNYSON'S POEMS. Edited 
with Notes for the Use of Schools. By the Rev. Alfred 
AiNGER, M.A., LL.D., Canon of Bristol. [In preparation. 

SELECT POEMS OF LORD TENNYSON. With Introduction 
and Notes. By W. T. Webb, M.A., and F. J. Rowe, Professws 
of English Literature, Presidency College, Calcutta. Globe 8vo. 
3f. 6d. 
This selection contains : — " Recollections of the Arabian Nights/' " The Lady of 
Shalott," "Oenone," "The Lo*>s Eaters," "Ulysses," "Tithonus," "Morte 
d' Arthur," " Sir 'Galahad," " Dbra," " Ode on the Death of the Dtike of 
Wellington," and " The Revenge." 
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Thring.— THE ELEMENTS OF GRAMMAR TAUGHT IN 
ENGLISH. By Edward Thring, M.A., late Head Master of 
Uppingham. With Questions. Fourth Edition. i8mo. 2s, 

Vaiighan (CM.). — words from the poets. By 

C. M. Vaughan. New Edition. iSmo, cloth, is. 

Ward.— THE ENGLISH POETS. Selections, with Critical 
Introductions by various Writers and a General Introduction by 
Matthew Arnold. Edited by T. H. Ward, M.A. 4 Vols. 
Vol. I. CHAUCER TO DONNE.— Vol. IL BEN JONSON 
TO DRYDEN.— Vol. III. ADDISON TO BLAKE.--V0I. IV. 
WORDSWORTH to ROSSETTI. Crown 8vo. Each 7^. 6d. 

Wetherell.— EXERCISES ON MORRIS'S PRIMER OF 
ENGLISH GRAMMAR. By John Wetherell, M.A. 
l8mo. Is. {Literature Primers.) 

.Woods.— A FIRST POETRY BOOK. Compiled by M. A. 
Woods, Head Mistress of the Clifton High School for Girls. 
Fcap. 8vo. 2J. 6^/. 

A SECOND POETRY BOOK. Compiled by the same. Fcap. 
8vo. 4r. 6d. 

A THIRD POETRY BOOK, Compiled by the same. Fcap. 
8vo. 4f. 6d, 

^Vo^dsworth.— SELECTIONS. Edited by WitLiAM Words- 
worth, B.A., Principal and Professor of History and Political 
Economy, Elphinstone College, Bombay. \In preparation. 

Yonge (Charlotte M.). — the abridged book of 

GOLDEN DEEDS. A Reading Book for Sdiools and general 
readers. By the Author of " The Heir of Redclyffe." i8mo, 
cloth. !#• Glebe Reading Edition. Globe 8vo. zs* 
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Beaumarchais.— LE barbier de Seville. Edited, 

with Introduction and Notes, by L. P. Bloust, Assistant Master 
in St. Paul's School. Fcap. 8vo. 31. (>d. 

Bowen.— FIRST LESSONS IN FRENCH. By H. COUR- 
THOPE Bo WEN, M.A., Principal of the Finsbnry Training College 
for Higher and Middle Schools. Extra fcap. 8yo. \s. 

Breymann. — Works by Hermann Breymann, Ph.D., Pro- 
fessor of Philology in the University of Munich. 

A FRENCH GRAMMAR BASED ON PHILOLOGICAL 
PRINCIPLES. Second Edition. Extra fcap. 8vo. 4f. (td* 

FIRST FRENCH EXERCISE BOOK. Extra fcap. 8vo. 45. doT. 

SECOND FRENCH EXERCISE BOOK. Extra fcap. 8vo. 2f. 6rf. 
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Pasnacht* — ^Works by G. Eugene Fasnacht, Author of " Mac- 
millan's Progressive French Course," Editor of " Macmiliui's 
Foreign School Classics," &c. 

THE ORGANIC METHOD OF STUDYING LANGUAGES. 
Extra fcap. 8vo. I. French, y. 6d. 

A SYNTHETIC FRENCH GRAMMAR FOR SCHOOLS. 
Crown 8vo. y. 6d, 

GRAMMAR AND GLOSSARY OF THE FRENCH LAN- 
GUAGE OF THE SEVENTEENTH CENTURY. Crown 
8vo. [In preparation. 

Macmillan's Primary Series of French Reading 

Books. — Edited by G. EugknbFasnacht, formerly Assistant- 
Master in Westminster School. With Illustrations. Globe 8vo. 
CORNAZ— NOS ENFANTS ET LEURS AMIS. Par Su- 
zanne CoRNAZ. Edited by Edith Harvey. With Notes, 
Vocabulary, and Exercises. Globe 8vo, is, 6d, 

DE MAISTRE— LA JEUNE SIBl^RIENNE ET LE LMiPREUX 
DE LA CITE D'AOSTE. Edited, with Introduction, Notes, 
and Vocabulary. By Stephane Barlet, B.Sc. Univ. Gall, and 
London ; Assistant-Master at the Mercers' School, Examiner to 
the College of Preceptors, the Royal Naval College, &c. I^. 6d. 

FLORIAN—FABLES. Selected and Edited, with Notes, Vocabu- 
lary, Dialogues, and Exercises, by the Rev. Charles Yeld, M.A., 
Head Master of University School, Nottingham. Illustrated, is, 6d, 

LA FONTAINE— A SELECTION OF FABLES. Edited, with 
Introduction, Notes, and Vocabulary, byL. M. Moriarty, B.A., 
Professor of French in King's Collie, London. 2s, 

MOLESWORTH.— FRENCH LIFE IN LETTERS. By Mrs. 
Molesworth. With Notes, Vocabulary, and Exercises, u. 6d, 

PERRAULT— CONTES DE F£ES. Edited, with Introduction. 
Notes, and Vocabulary, by G. E. Fasnacht. New Edition with 
Exercises, is. 6d, 

(See also German Authors, page 77.) 

Macmillan's Progressive French Course. — By G. 

EuG&NE Fasnacht, formerly Assistant- Master in Westminster 
School. 
I. — First Year, containing Easy Lessons on the Regular 

Accidence. New and thoroughly revised Edition. Extra fcap. 

8vo. is. 
II. — Second Year, containing an Elementary Grammar with 

copious Exercises, Notes, and Vocabularies. A new Edition, 

enlarged and thoroughly revised. Extra fcap. 8vo. 2x. 
III. — Third Year, containing a Systematic Syntax, and Lessons 

in Composition. Extra fcap. 8vo. 2s, 6d. 
THE TEACHER'S COMPANION TO MACMILLAN'S 
PROGRESSIVE FRENCH COURSE. With Copious Notes, 
Hints for Different Renderings, Synonyms, Philological Remarks, 
&c. By G. E, Fasnacht. Globe 8vo. First Year 41. 6iL, 
Second Yearns. 6//., Third Year 4s, 6d. 
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Macmillan's French Composition'. — By G. E. Fas- 

NACHT. Part I. Elementary. Extra Fcap. 8vo. 2j. 6d. [Ready, 
Part IL Advanced. • [Pari II. in the press, 

THE TEACHER'S COMPANION TO MACMILLAN'S 
COURSE OF FRENCH COMPOSITION. By G. Euoene . 
F'asnacht. First Course. Extra fcap. 8vo. 4^. 6d. 

Macmillan's Progressive French " Readers. By 

G. EUGfeNE Fasnacht. 

I. — First Year, containing Tales, Historical Extracts, Letters, 
Dialogues, Ballads, Nursery Songs, &c. , with Two Vocabularies : 
(i) in the order of subjects ; (2) in alphabetical order. A new 
and thoroughly revised Edition, with Imitative Exercises. Extra 
fcap. 8vo. 2s, 6d. 

II. -~ Second Year, containing Fiction in Prose and Verse, 
Historical and Descriptive Extracts, Essays, Letters, Dialogues, 
&c. New Edition, with Imitative Exercises. Extra fcap. 8vo. 
2s, 6d. 

Macmillan's Foreign School Classics. Edited by G. 
EuGi^NE Fasnacht. i8mo. 

FRENCH. 
CORNEILLE— LE CID. Edited by G. E. Fasnacht. 11. 

DUMAS- LES DEMOISELLES DE ST. CYR. Edited by 
Victor Oger, Lecturer in University College, Liverpool, is. 6d. 

LA FONTAINE'S FABLES. Books I.— VI. Edited by L. M. 
Mori ARTY, B. A., Professor of French in King's College, London^ 

[In preparation, 
MOLlfeRE— L'AVARE. By the same Editor. \s. 

MOLlfeRE— LE BOURGEOIS GENTILHOMME. By the same 
Editor, is. 6d, 

MOLlfeRE— LES FEMMES SAV ANTES. By G. E. Fasnacht. 

MOLlfeRE— LE MISANTHROPE. By the same Editor, is. 

MOLlfeRE— LE M^DECIN MALGRE LUI. By the same 

Editor, is. 
RACINE— BRITANNICUS. Edited by EuGfeNE Pellissier, 

Assistant- Master in Clifton CoUege, and Lecturer in University 

College, Bristol. 2s. 
FRENCH READINGS FROM ROMAN HISTORY. Selected 

from Various Authors and Edited by C. CoLBECK, M.A., late 

Fellow of Trinity College, Cambridge; Assistant-Master at 

Harrow a.^ od 
SAND, GEORGE— LA MARE AU DIABLE. Edited by W. E. 

Russell, M.A., Assistant-Master in Haileybury College, is. 

SANDEAU, JULES— MADEMOISELLE DE LA SEIGLIERE. 

Edited by H. C. Steel, Assistant-Master in Winchester College. 

is. 6d. 
THIERS*S HISTORY OF THE EGYPTIAN EXPEDITION. 

Edited by Rev. H. A. Bull, M.A. Assistant-Master in 

Wellington College. [In preparation. 
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MacmiUan'8 Foreign School Classics {continued) — 

VOLTAIRE— CHARLES XIL Edited by G. E. Fasnacht. 3^.6^. 

%* Other volumes to follow. 
(See also German Author s^ page 77.) 

Masson (Gustave).— a COMPENDIOUS dictionary 

OF the FRENCH LANGUAGE (Freach-EngUsh and English- 
French). Adapted from the Dictionaries of Professor Alfred 
Elwall. Followed by a. List of the Principal Diverging 
Derivations, and preceded by Chronological and Historical Tables. 
By Gustave Masson, Assistant-Master and Librarian, Harrow 
School. New Edition. Crown 8yo. 6j. 

Moliere. — LE MALADE IMAGINAIRE. Edited, wHh Intro- 
duction and Notes, by Francis Tarver, M. A., Assistant-Master 
at Eton. Fcap. 8vo. 2j. (id, 

(See also MacmUlan's Foreign School Classics,) 

Pellissier.— FRENCH ROOTS AND THEIR FAMILIES. A 
Synthetic Vocabulary, based upon Derivations, for Schools and 
Candidates for Public Examinations. By EuGENE Pellissier, 
M.A., BtSc, LL. B., Assistant-Master at Clifton College, Lecturer 
at University College, Bristol. Globe 8vo. 6s, 



GERMAN, 
Hubs.— A system of oral instruction in German, 

by means of Progressive Illustrations and Applications of the 
leading Rules of Grammar. By Hermann C. O. Huss, Ph.D. 
Crown 8vo. $5. 

Macmillan's Progressive German Course. By G. 

Eugene Fasnacht. 
Part I. — First Year. Easy Lessons and Rules on the Regular 

Accidence. Extra fcap. 8vo. is. 6d. 
Part II. — Second Year. Conversational Lessons in Systematic 

Accidence and Elementary Syntax. With Philological Illustrations 

and Etymological Vocabulary. New Edition, enlarged and 

thoroughly recast. Extra fcap. 8vo. 3^. 6d, 
Part HI. — Third Year. \In preparaHon, 

TEACHER'S COMPANION TO MACMILLAN'S PROGRES- 
SIVE GERMAN COURSE. With copious Notes, Hints for 
Different Renderings, Synonyms, Philological Remarks, &c. By 
G. E. Fasnacht. Extra Fcap. 8vo. First Year. 4^. 6^ 

Second Year. 4^. dd, 

Macmillan's Progressive German Readers. By 
G. E. Fasnacht. 
I. — First Year, containing an Introduction to the German order 
of Words, with Copious Examples, extracts from German Authors 
in Prose and Poetry ; Notes, and VocabulaJ-ies. Extra Fcap, 8vo. , 
2J. dd. 
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Macnxillan's Primary German Reading Books. 

(See also French Authors^ page 74.) 

GRIMM— KINDER UND HAUSMARCHEN. Selected and 
Edited, with Notes, and Vocabulary, by G. E. Fasnacht. New 
Edition, with Exercises. 2j. 6d, 

HAUFF.— DIE KARAVANE. Edited, with Notes and VocsOju- 
lary, by Herman Hager, Ph.D. Lecturer in the Owens College, 
Manchester. New Edition, with Exercises, arranged by G. E. 
Fasnacht. 3^. 

SCHMIDT, CHR. VON.— H. VON EICHENFELS. Edited, 
with Notes, Vocabulary, and Exercises, by G. E. Fasnacht. 

\In the press, 

Macmillan's Foreign School Classics. Edited by 

G. EuGfeNE Fasnacht, i8mo. 

GERMAN. 

FREYTAG (G.).— DOKTQR LUTHER. Edited by Francis 
Storr, M.A., Head Master of the Modem Side, Merchant Tay- 
lors* School. \In preparation, 

GOETHE— GOTZ VON BERLICHINGEN. Edited by H. A. 
Bull, M. A., Assistant Master at Wellington College. 2j. 

GOETHE— FAUST. Part I., followed by an Appendix on Part 
II. Edited by Jane Lee, Lecturer in German Literature at 
Newnham College, Cambridge. 4J. 6^. 

HEINE— SELECTIONS FROM THE REISEBILDER AND 
OTHER PROSE WORKS. Edited by C. Colreck, M.A., 
Assistant-Master at Harrow, late Fellow of Trinity College, 
Cambridge. 2j. 6^. 

LESSING.— MINNA VON BARNHELM. Edited by James 
SiME, M.A. , [In prepitration. 

SCHILLER— SELECTIONS FROM SCHILLER'S LYRICAL 
POEMS. Edited, with Notes and a Memoir of Schiller, by E. J. 
Turner, B.A., and E. D. A. Morshead, M.A. Assistant- 
Masters in Winchester Collide. 2s, 6d, 

SCHILLER— DIE JUNGFRAU VON ORLEANS. Edited by 

Joseph Gostwick. 2s, 6d, 
SCHILLER— MARIA STUART. Edited by C. Sheldon, M.A., 

D.Lit., of the Royal Academical Xustitution, Belfast. 2s, 6d, 

SCHILLER— WILHELM TELL. Edited by G. E. Fasnacht, 

2s. 6d. 
SCHILLER.— WALLENSTEIN. Part L DAS LAGER. Edited 

by H. B. COTTERILL, M.A. 2S. 

UHLAND— SELECT BALLADS. Adapted as a First Easy Read- 
ing Book for Beginners. With Vocabulary. Edited by O. E. 
Fasnacht. u. 

.%* Other Volumes to follow, 
(See also French Authors^ page 75.) 
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Pylodet. — ^NEW GUIDE TO GERMAN CONVERSATION ; 
containing an Alphabetical List of nearly 800 Familiar Words ; 
followed by Exercises ; Vocabulary of Words in frequent use ; 
Familiar Phrases and Dialogues ; a Sketch of German Literature! 
Idiomatic Expressions, &c. By L. Pylodet. iSmo, cloth limp. 
2s, 6d. 

Whitney. — Works by W. D. Whitney, Professor of Sanskrit 
and Instructor in Modern Languages in Yale College. 
A COMPENDIOUS GERMAN GRAMMAR. Crown 8vo. 4s. 6d. 
A GERMAN READER IN PROSE AND VERSE. With Notes 
and Vocabulary, Crown 8vo. $s, 

Whitney and Edgren.— a compendious German 

AND ENGLISH DICTIONARY, with Notation of Correspon- 
dences and Brief Etymologies. By Professor W. D. Whitney, 
assisted by A. H. Edgren. Crown 8vo. ys. 6d. 
THE GERMAN-ENGLISH PART, separately, Ss. 

MODERN GREEK. 
Vincent and Dickson. — handbook to modern 

GREEK. By Sir Edgar Vincent, K.C.M.G. and T. G. 
Dickson, M.A. Second Edition, revised and enlarged, with 
Appendix on the relation of Modern and Classical Greek by 
Professor Jebb. Crown 8vo. 6s. 

ITALIAN. 

Dante. — the purgatory of DANTE. . Edited, with 
Translation and Notes, by A. J. Butler, M.A., late Fellow of 
Trinity College, Cambridge. Crown 8vo. 12s, 6d, 
THE PARADISO OF DANTE. Edited, with Translation and 
Notes, by the same Author. Crown 8vo. 12s, 6d, 

SPANKH. 

Calderon. — FOUR plays OF CALDERON. Edited, with 
Introduction and Notes, by Norman MacColl, M.A., late 
Fellow of Downing College, Cambridge. Crown 8vo. 14s, 
The four plays here given are £/ Principe Consfantf, La Vida et 

Suene^ El Alcalde de Zalamea^ and El Escondidoy La Tqpcula. 

DOMESTIC ECONOMY. 

Barker.-FiRST lessons in the principles OF 

COOKING. By Lady Barker, New Edition. i8mo. u. 
Bernevs. — FIRST LESSONS ON health. By J. Berners. 

New Edition. i8mo. is, 
Fawcett.— TALES in political economy. By Milli- 

CENT Garrett Fawcett. Globe 8vo. ^, 
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Frederick.— HINTS TO housewives on several 

POINTS, particularly ON THE PREPARATION OF 
ECONOMICAL AND TASTEFUL DISHES. By Mrs. 
Frederick. Crown 8vo. is, 

"This unpretending and useful little volume distinctly supplies a desideratum 
, , . , The author steadily keeps in view the simple aim of ' making every-day 
meals at home, particularly the dinner, attractive/ without adding to the ordinary 
household expenses." — Saturday Rbview. 

Grand'homme. — cutting-out and dressmaking. 

From the French of Mdlle. E. Grand' homme. With Diagrams. 
i8mo. IS. 

Jex-Blake.— THE care OF infants. a Manual for 
Mothers and Nurses. By Sophia Jex-Blake, M.D., Member 
of the Irish College of Physicians ; Lecturer on Hygiene at 
the London School of Medicine for Women. i8mo. is. 

Tegetmeier. — H OUSEHOLD MANAGEMENT AND 
COOKERY. With an Appendix of Recipes used by the 
Teachers of the National School of Cookery. By W. B. 
Tegetmeier. Compiled at the request of the School Board for 
London. i8mo. is. 

Thornton.— FIRST LESSONS IN BOOK-KEEPING. By 
J. Thornton. New Edition. Crown 8vo. 2s, 6d' 

The object of this volume is to make the theory of Book-keeping sufficiently 
plain for even children to understand it. 

A KEY TO THE ABOVE FOR THE USE OF TEACHERS 

AND PRIVATE STUDENTS. Containing all the Exercises 

worked out, with brief Notes. By J. Thornton. Oblong 4to. 

loj. 6d. 
Wright. — HE SCHOOL COOKERY-BOOK. Compiled and 

Edited by C. E. Guthrie Wright, Hon Sec. to the Edinburgh 

School of Cookery. i8mo. is, 
Wright.— THE MIDDLE CLASS COOKERY BOOK. By 

Miss RoMLEY Wright. [In preparation. 
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Anderson.— LINEAR perspective, and model 

DRAWING. A School and Art Class Manual, with Questions 
and Exercises for Examination, and Examples of Examination 
Papers. By Laurence Anderson. With Illustrations. Royal 
8vo. 2J. 

Collier. — a PRIMER OF ART. With Illustrations. By John 
Collier. i8mo. \s. 

Cook.— THE NATIONAL GALLERY : A POPULAR HAND- 
ROOK TO. By Edward T. Cook, with a Preface by John 
RusKiN, LL.D., and Selections from his Writings. Second 
Edition. Crown 8vo. Half Morocco, 14J. 
*#* Also an Edition on large paper, limited to 250 copies. 2 vols. 
8vo. 
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Delamotte.-.A beginner's drawing book. By 

p. H. Delamoti'B, F.S.A. Progressively arranged. New 
Edition improved. Crown 8vo. 5;. 6d, 

Ellis. — SKETCHING FROM NATURE. A Handbook tor 
Students and Amateurs. By Tristram J. Ellis. With a 
Frontispiece and Ten Illustrations, by H. Stacy Marks, 
R.A., and Thirty Sketches by the Author. New Edition, revised 
and enlarged. Crown 8vo. y. 6d, 

Hunt.— TALKS ABOUT ART. By William Hunt. With a 
Letter from Sir J. E. Millais, Bart., R.A. Crown 8vo. y. 6d 

Meldola.— THE chemistry of photography. By 

Raphael Meldola, F.R.S., Professor of Chemistry in the 
Technical College, Finsbury, City and Guilds of London Institute 
for the Advancement of Technical Education. Crown Svo. 6^. 
{^Nature Series, ) 

Taylor.— A primer of pianoforte playing. By 

Franklin Taylor. Edited by Sir George Grove. i8mo. is, 
WORKS ON TEACHING. 

Arnold.— REPORTS ON elementary schools. 1852- 
1882. By Matthew Arnold, D.C.L., LL.D. Edited by the 
Right Hon. Sir Francis Sandford, K.C.,B. Crown Svo, 7^. 6d. 

Ball.- -the students guide to the bar. By Walter 
W. R. Ball, M.A,, of the Inner Temple, Barrister- at-Law ; 
Fellow #md Assistant Tutor of Trinity College, Cambridge, and 
Fellow of University College, London. Fourth Edition Revised. 
Crown Svo. 2s, 6d, 

Blakiston — the teacher. Hints on School Management. 
A Handbook for Managers, Teachers* Assistants, and Pupil 
Teacheres. By J. R. Blakiston, M.A. Crown 8vo. 2s. 6d, 
(Recommended by the London, Birmingham, and Leicester 
School Boards.) 
" Into a comparatively small book he has crowded a great deal of exceediogly Use- 
ful and sound advice. It is a plain, common-sense book, full of hints to the teacher 
on the management of his school and his children." — School Board Chronicle. 

Calderwood.— ON teaching. By Professor Henry Calder- 
WOOD. New Edition. Extra fcap. 8vo. 2J. 6d. 

Carter.— EYESIGHT in schools, a Paper read before the 
Association of Medical Officers of Schools on April 15th, 1885. 
By R. Brudenell Carter, F.R.C.S., Ophthalmic Sui^eon to 
St. George's Hospital. Crown 8vo. Sewed, is, 

Fearon. — SCHOOL INSPECTION. By D. R. Fearon, M.A., 
Assistant Commissioner of Endowed Schools. New Edition. 
Crown 8vo. 2s. 6d. 
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Geikie.— THE teaching of geography, a Practical 
Handbook for the use of Teachers. By Archibald Geikie, 
F.R.S., Director-General of the Geological Survey of the United 
Kingdom, &c. (Being the Introductory Volume to Macmillan's 
Geographical Series. ) Crown 8vo. 2s. 

Gladstone. — object teaching, a Lecture delivered at 
the Pupil-Teacher Centre, William Street Board School, Ham- 
mersmith. By J. H. Gladstone, Ph.D., F.R.S., Member of 
the London School Board. With an Appendix. Crotvo 
8vo. 3</. 
" It is a short but interesting and instrucdve pubLcauon, and our youngei 
teachers will do well to read it carefully and thoroughly. There is much in these 
few pages which they can learn and profit by." — Thb School Guardian. 

Hertel. — OVERPRESSURE IN HIGH SCHOOLS IN DEN- 
MARK. By Dr. Hertel, Municipal Medical Officer, Copen- 
hagen Translated from the Danish by C. Godfrey Sorensen. 
With Introduction by Sir J. Crichton-Browne, M.D., LL.D., 
F.R.S, Crown 8vo. y. 6J, 
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For other Works by these Authors, see Theological 

Catalogue. 

Abbott (Rev. E. A.)— BIBLE LESSONS. By the Rev. 
E. A. Abbott, D.D., Head Master of the City of London 
School. New Edition. Crown 8vo. 4^. 6</. 
"Wise, suggestive, and feally profound initiation into religious thought." 
—Guardian. 

Abbott — Rushbrooke. — the common tradition of 

THE SYNOPTIC GOSPELS, m the Text of the Revised 
Version. By Edwin A. Abbott, D.D., formerly Fellow of St. 
John's College, Cambridge, and W. G. Rushbrooke, M.L., 
formerly Fellow of St. John's College, Cambridge. Cr. 8vo. 3J. 6d. 
The Acts of the Apostles. — Being the Greek Text as 
rerised by Profes ors Westcott and Hort. With Explanatory 
Notes for the Use of Schools, by T. E. Page, M.A., late Fellow 
of St. John's College, Cambridge ; Assistant Mastei at the Charter- 
house. Fcap. 8vo. 45. 6^. 

Arnold. — Works by Matthew Arnold, D.C.L., formerly Pro- 
fessor of Poetry in the University of Oxford, and Fellow of Oriel. 

A BiBLE-RfiADING FOR SCHOOLS.— THE GREAT PRO- 
PHECY OF ISRAEL'S RESTORATION (Isaiah, Chapters 
xl. — ^Ixvi.). Arranged and Edited for Young Learners. New 
Edition. i8mo, cloth, is. 

ISAIAH XL.— LXVI. With the Shorter Prophecies allied to it. 
Arranged and Edited, with Notes. Crown 8vo. $s. 

ISAIAH OF JKRUSALEM, IN THE AUTHORISED ENG* 
LISH VtRSlON. With Introduction, Corrections, and Notes. 
Crown 8vo. 4i. 6J, 
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Bcnham.— A companion to the lectionary. Bcbc 

a Commentary on the Proper Lessons for Sundays and Holy Days 
By Rev. W. Benham, B.D., Rector of S. Edmund with S." 
Nicholas Aeons, &c. New Edition. Crown 8vo. 4^. (id. 

CasseL— manual of Jewish history and litera^ 

TURE ; preceded by a BRIEF SUMMARY OF BIBLE HIS- 
lOkY. By Dk. D. Cassel. Translated by Mrs. Henry Lucas. 
Fcap. 8vo. «j. td, 

Cheetham.— A CHURCH HISTORY OF THE FIRST SIX 
CENTURIES. By the Yen. Archdeacon Cheetham 
Crown 8vo. [/« the press. 

Cross, — BIHLE READINGS SELECTED FROM THE 
PENTATEUCH AND THE BOOK OF JOSHUA. By 
the Rev. John A. Cross. Second Edition enlarged, with Notes. 
Globe 8vo. Zf. (id. 

Curteis.— MANUAL OF THE THIRTY-NINE ARTICLES. 
By G. H. Curteis, M.A., Principal of the Lichfield Theo- 
logical College. \,In preparation, 

Davies.— THE EPISTLES OF ST. PAUL TO THE EPHE- 
SIANS, THE COLOSSIANS, AND PHILEMON; with 
Introductions and Notes, and an Es^ay on the Traces of Foreign 
Elements in the The J' gy ol these Epistles. By the Rev. J. 
Llewllyn Davies, M.A., Rector of Christ Church, St Maiyl 
lebone; late Fellow of Tri ity College^ Cambridge. Second 
Edition. Demy 8vo, Is, dd, 

Drummond.— THE STUDY OF THEOLOGY, INTRO- 
DUCTION TO. By James Drummond^ LL.D., Professor of 
Theology in Manchester New College, London. Cronn 8vo. 51. 

Gaskoin.-^THE CHILDREN'S TREASURY OF BIBLE 
STORIES. By Mrs. Herman Gaskoin. Edited with Preface 
by Rev. G. F. Maclear, D.D. Part L— OLD TESTAMISnt 
HISTORY. i8mo. is. Part II. —NEW TESTAMENT. i8mo. 
ij. Part III.— THE APOSTLES : ST. JAMES THE GREAT. 
ST. PAUI^ AND ST JOHN THE DIVINE. iSmo. ix. 

Golden Treasury Psalter.— students' Edition. Being an 

Edition of "The Psalms Chronologically arranged, by Four 
Friends," with briefer Notes. i8mo. 3^. 6^. 

Greek Testament. — Edited, with Introduction and Appen- 
dicep, by Canon Westcott and Or. F, J. A. HbKT. IVo 
-Vols. Crown 8vo. lOtf. ^, each. 

Vol I. The Text. 

VoL II. Introduction and Appendix. 

Greek Testament. — Edited by. Caaon Westcott ant l/r. 

Hurt. School Edition of Tett. i2mo. doth. 4/. (mL |8mo. 
roan, red edges. $s. 6d, 
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Greek Testament — continued, 

GREEKTESTAMENT, SCHOOL READINGS INTHE. Being 
the outline of the life of our Lord, as given by St. Mark, with 
additions from the Text of the other Evangelists. Arranged and 
Edited, with Notes and Vocabulary, by the Rev. A. Calvert, 
M. A., late Fellow of St. John's College, Cambridge. Fcap, 8vo. 
41. (id. 

THE ACTS OF THE APOSTLES. Being the Greek Text as 
revised by Drs. Westcott and Hort. With Explanatory Notes 
by T. E. Page, M.A., Assistant Master at the Charterhouse. 
Fcap.' 8vo. 4f. dd, 

THE GOSPEL ACCORDING TO St. MATTHEW. Being the 
Greek Text as revised by Drs. Westcott and Hort. With 
Explanatory Notes by Rev. A. Slomav, M.A., Head Master of 
Birkenhead School. [In preparatuin. 

THE GOSPEL ACCORDING to St. MARK. Being the Greek 
Text as revised by Drs. Westcott ani Hort. With Explanatory 
Notes by Rev. J. O. F. Murray, M.A., Lecturer in Emmanuel 
College, Cambridge. Fcap. 8vo. [In preparation. 

THE GOSPEL ACCORDING to St. LUKE. Being the Greek 
Text as revised by Drs. Westcott and Hort. With Explana- 
tory Notes by Rev. John Bond, M.A. [In preparation. 
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